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TEANSLATOB'S NOTICE 



The advances made in the study of the difficult sub- 
ject of Solutions in the last three or four years have 
been both rapid and astonishing. A new theory has been 
started, and has grown to maturity in a very short time. 
This theory professes to account not only for the main 
facts concerning solutions, but also for a host of other facts 
besides. 

The facts amassed about solutions are now so many, 
and the theory is now so fully developed, that a systematic 
arrangement of these facts, and an authoritative statement 
of the theory, are sure to be welcomed by all chemists. 
Such a setting forth of facts and theory is to be found only 
in one book, and that is Professor Ostwald's Lelirhuch dcr 
Allgemeinen Chemie, the second edition of which appeared 
in the end of last year. This book is certainly the text- 
book of general chemistry. 

It was with the greatest pleasure that I agreed to prepare 
a translation of those chapters of the Lelirhuch which deal 
with the subject of solutions. Professor Ostwald has kindly 
allowed use to be made of chapters and portions of chapters 
in other parts of the Lehrbuch, so as to insure that the 
whole subject shall be set fairly before the English reader ; 
for the same purpose he has also modified and added to 
the text here and there. 
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The translation, I think, expresses the sense of the 
original. 

I hope this book will be serviceable in showing clearly 
what is known in the department of natural science with 
which it deals, and that it will incite to the more full 
investigation of the varied phenomena of solutions. 

M. M. PATTISON MUIB. 

Ca-.ibrijdge ; June 1891. 



PREFACE 



This book is a translation of that portion of my Lehrbuch 
der Allgemeinen Chemie which deals with the Laws of Solu- 
tions. 

There are always objections to publishing a portion of 
a book ; but in the present case, the issue of a part of a 
larger book seems to be justified by the consideration that 
a comprehensive survey of the very remarkable advances, 
both theoretical and practical, which have been made in 
the last few years in the subject of solutions must be useful 
to all who are not in a position to make themselves 
acquainted with the many and widely-scattered memoirs on 
this subject. The great rapidity with which the theory of 
solutions, founded by van 't Hoff, has advanced in recent 
years is perhaps the reason why doubt has been cast on 
the solidity of this theory ; for the more rapid is the advance 
of new ideas the more difficult is it for those who stand on 
one side to criticise these ideas. The author hopes that the 
statement of this theory which he lays before the scientific 
public, with its debit and credit sides duly made up, will 
enable them to arrive at just conclusions concerning its 
value. 

It is not to be denied that there are still several points 
in the theory in question which require explanation ; but 
this is true of all theories, even of those which are most 
firmly established. The very many applications which 
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have been made of the theory, and the very various depart- 
ments of investigation which have been elucidated by it, 
show that it already fulfils the essential conditions of a 
good theory, inasmuch as it serves as a guide to advance 
while at the same time it helps in setting forth the know- 
ledge already gained ; and these considerations lead us to 
expect that the theory will do yet more in the future than 
it has done in the past. 

In order to make this book as useful as possible in this 
direction, and at the same time to give it as far as may be 
an individual character, the author has revised the text and 
has made changes and improvements where these seemed 
called for. Additions have also been made from memoirs 
which have appeared since the publication of the German 
edition at the end of the year 1890. 

My best thanks are due to Mr. Pattison Muie for the 
care with which he has prepared the translation into 
English. 

Finally, the author has revised the proofs of the English 
edition in order to insure the accuracy of the translation. 

W. OSTWALD. 
Leipzig : June 1891. 
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EBB AT A AND ADDENDA 



P. 8, line 16 from top, for ' law ' read ' laws ' 

,, 13,',, 7 „ imseri bracket after < in the formula. 

„ 20, figure should be numbered ' 2.' 

„ 82, lines 11 and 12 from bottom, for ' becomes ' read ' became ' 

,, 44, line 18 from top, after p^ rf, insert : 

„ 45, „ 5 „ after "^ insert : 

„ 45, lines 14, 15, and 18 from top, for ' vapour-pressure ' read ' vapour- 
pressures ' 

P. 67, line 5 from bottom, for ' Etard ' read ' Etard ' 
,, 68, „ 6 from top, /or ' equation ' reflwZ ' equations ' 
,, 78, ,, 8 ,, move sign of equality a little lower. 
,, 99, at end of quotation from Pfeffer's memoir add reference as fol- 
lows : — ' A paper is published in Chem. Soc. Journal, June 1891 (trans. 
1891, p. 344) by E. H. Adie, in which a full account is given of the prepara- 
tion of membranes in clay-cells.' 

P. 104, to first foot-note add, ' Quite recently E. H. Adie has carried 
out a series of measurements of the osmotic pressures of many salts in 
solution (Ghcm. Soc. Journal, teans. 1891, p. 344).' 

P. 136, line 13 of table, for ' ammonium ' read ' ammonia ' 
„ 142, „ 18 from top, and also last line, for ' r' : r' read 'r : r' ' 
„ 160, first table, column 1, for ' 660, 100, 1980 ' read ' 60-9, 81-0, 100-6.' 
„ 165, line 4 from bottom, for ' solution ' read ' solutions ' 
„ 237, „ 2 „ reverse the second bracket in the formula. 

„ 256, „ 2 bom iop, for ' (1 -a)' read' (l-b)' 
„ 256, „ 3 „ for 'a' read ' b ' 

„ 297, ,, 20 „ /or 'the actual molecular weights of read 'the 
molecular weights found for ' 

P. 302, line 7 from top (not counting table) for ' regulations ' read ' regu- 
larities ' 

P. 304, line 2 from top, for ' was ' read ' ia ' 
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CHAPTEE I 

SOLUTIONS IN GASES 

1. Generalities. — Solutions are homogeneous mixtures 
which cannot be separated into their constituent parts by- 
mechanical means. The abiUty of substances to form 
such mixtures or solutions varies according to the states of 
aggregation of the substances. In the case of gases the 
ability is universal and unlimited ; two gases can always 
form homogeneous mixtures with one another in all propor- 
tions, provided they do not combine together chemically. 
The conditions under which liquids and solids form solutions 
with one another are much more restricted. Liquids, it is 
true, generally dissolve one in another, but the number of 
pairs of liquids which mutually dissolve in all proportions 
is not great. Solids scarcely dissolve in solids ; although 
isolated facts have long been known, it is only recently that 
the conception of solid solutions has been clearly established.* 

2. Solutions of gases in gases. — The properties of a 
homogeneous mixture, or solution, formed by two gases are 
the sum of the properties of the constituents of the mixture. 
This statement holds good for all gaseous solutions, and 
enables us to draw conclusions regarding properties which 
have not yet been subjected to experimental examination. 

' Van 't Hoff, Zeitschr. f. physikal. Chemie, 5, p. 322 [1890]. 

B 
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The limits within which this statement holds good are 
much the same as those which condition the general 
gaseous laws. As the statement does not hold good for 
liquids, gases show deviations from it the nearer they are 
brought to the liquid condition. 

The earliest known special case of the foregoing general 
statement was that which applies to the pressure of gaseous 
mixtures. Dalton (Gilb. Ann. 12, p. 385) announced in 
1802 that the total pressure of a mixture of gases is the 
sum of the partial pressures exerted by the constituents of 
the mixture in the given space. This simple and perfectly 
correct statement has often been misunderstood. From 
certain expressions used by Dalton, the conclusion has been 
drawn that ' the different gases exert no pressure on one 
another ; ' and then this conclusion has been regarded as 
disproved by the fact that two differently coloured gases, 
placed one over the other, suffer simultaneous and propor- 
tional change of volume when the pressure is changed, and 
therefore ' exert pressure on one another.' Two different 
cases are really under consideration. When two, or more 
than two, gases are in contact, the following equation holds 
good 

Pi^i +P2^i + P3^3 + = Pv; 

where Pj^j . . . and v^v^ . . . are the pressures and volumes of 
the constituent gases, and p and v are the corresponding 
values for the mixture of gases. If the gases are super- 
imposed in layers, all the pressures must be equal; the 
equation takes the form 

P{Vi + v^ + v^+ ...)=vy,oicVi + v^ + r^ + ... =\; 

in this case the volume of the mixed gases is equal to the 
sum of the volumes of the individual gases. But if the 
gases are equally mixed, all the volumes are equal, and 
therefore 

V (j^i + ^2 + i'3 • • • ) = P V, or jj, -I- pj H-pj . . . = P ; 

in this case the pressure of the mixed gases is equal to the 
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sum of the pressures of the individual gases. The second 
case is the more common ; it occurs when a mixture of 
gases, made in any order, is allowed to remain at rest for a 
time. 

It is not only the pressure and volume of a mixture of 
gases which are equal to the sum of the individual pressures 
or volumes ; the statement has been proved true for refrac- 
tion of light,' and also for absorption of light." There can 
be little doubt that the generalisation will apply in all other 
cases. 

3. Deviations. — The cause of the gaseous laws, in their 
simplest form, in which they are independent of the nature of 
this or that special gas, is to be found in the great division of 
the particles of the gases throughout a considerable space ; 
under such conditions the characteristic properties of the 
particles do not come into play, and these particles act only 
by their number. The same cause lies at the root of the law 
of addition of gaseous properties, stated in the preceding 
paragraph. Deviations from this law, as from the general 
gaseous laws, are to be looked for if the conditions already 
expressed differ more from reality than is allowed by the 
necessary experimental errors. 

But little is known concerning such deviations. 
Eegnault ' determined the volume, at different pressures, 
of mixtures of air with carbon dioxide and of hydrogen 
with sulphur dioxide ; he noticed deviations from the 
results calculated from the behaviours of the individual 
gases, but the relations could not be formulated simply. 
The researches of Andrews * on mixtures of air and carbon 
dioxide, and on mixtures of nitrogen and carbon dioxide,* 
go more deeply into the matter, and show that the simple 
law of addition requires modification. Calculations have 
been made, from the results of Andrews, by Margules'^ and 

' Biot and Arago ; Gilb. Arm. 26, p. 345 [18071. 

' Bunsen and Boacoe ; Fogg. 101, p. 248 [1857]. 

» Mim. de I'Acad. 26, p. 256. ■• Phil. Mag. (5) 1, p. 78 [1876]. 

*. Phil. Trans. 1887, p. 45 (published after Andrews' death). 

« Wien. Ahad. Ber. 97, p. 1399 [1888]. 

11 2 
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Galitzine.' The calculations of Margules show that a 

notable expansion occurs when strongly compressed carbon 

dioxide and nitrogen are mixed ; this expansion had been 

noticed by Andrews. For instance, the following increase 

of volume was noticed when three volumes nitrogen were 

mixed with four volumes carbon dioxide at 31-1°: — 

Pressure .... 50 60 70 80 atmospheres 
Expansion .... 9 12 29 39 per cent. 

On the other hand, no marked difference was found 
between the total pressure and the sum of the partial 
pressures; thus 

Total pressure (at 31-1°) . 50 60 70 80 atmospheres 
Sum of the partial pressures 50-7 61 71'4 81-6 atmospheres. 

The results of the calculations of Galitzine are similar 
to these.^ He found the sum of the partial pressures, at 
low temperatures, to be a little greater than the observed 
total pressure ; the deviation acquired a maximum value as 
pressure increased ; after passing the maximum, the value 
decreased until it disappeared at 150 atmospheres, tempera- 
ture being 31° ; at greater pressures than this the deviation 
changed its sign, so that at the highest pressures the total 
pressure was greater than the sum of the partial pressures. 
The deviations were found to be very small at temperatures 
above the critical temperature. 

F. Braun ' has carried out investigations with various 
gases. The gases were placed in two vessels, v, and v^, 
connected by stopcocks : the vessels were in connexion 
with a manometer, the other limb of which, for obtaining 
a constant pressure, was connected with another vessel 
having a capacity equal to v^ + v^; on opening the stop- 
cock the gases mixed, and the manometer showed the 
change of pressure. This change of pressure consisted of 
the change accompanying the expansion of the gases to 
double their volume, and the change consequent upon the 

' Dissertation ; Strassburg, 1890. ' hoc. cit. p. 23 et seq^, 

' Wied. Ann. 34, p. 943 [1888]. 
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mutual reaction of the two gases. The first value could 
be calculated from the known behaviour of the gases, and 
from this the second value was found. The second values 
are given in the following table in mm. of mercury, 
calculated at 0° and an initial pressure of one atmosphere. 



Gases 


Regnault 


Fuchs 


SOj + COj 


-5-28 mm. 


-3-88 mm. 


SO, + H, 


-1-36 mm. 


-0-16 


SOj + Nj 


-2-67 


-1-27 


COj + air 


-0-36 




CO2 + K, 


+ 0-04 




Hj + air 


+ 0-22 




H^ + N, 


+ 0-48 





The minus sign signifies a decrease of pressure. The 
numbers in the two columns are obtained by using obser- 
vations of Eegnault and of Fuchs on the behaviour of 
sulphur dioxide at various pressures. It is evident that 
both increases and decreases of pressure occur. 

4. Solutions of liquids in gases. — The readiness shown 
by liquids to form homogeneous gaseous mixtures with 
gases is connected with the readiness of these liquids to 
evaporate — in other words, to assume the gaseous state. 
Dalton ^ expressed the law, which corresponds with the law 
of addition for solutions of gases : — the vapour-pressure oy 
a liquid in a gas is the same as in a vacumn. 

This law must be regarded as a limiting law. The 
laborious measurements of Eegnault '' on the vapour- 
pressure of ether in air show that this pressure has nearly 
the same value as in an empty space, but that in air the 
pressure is regularly a little less than in vacuo; the difference 
may somewhat exceed 5 per cent, of the pressure. Devia- 
tions were also observed with carbon disulphide and benzene 
in air, but the differences were much smaller than with 
ether in air. 

' Oilb. Ann. 13, p. 393 [1802] ; 15, p. 21 [1803], from Mem. Manchester 
Phil. Soc. 5, p. 550. 

2 Mim. de VAcad. 26, p. 679. 
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It was difficult, if not impossible, to observe quite con- 
stant pressures in these measurements ; irregularities were 
frequently observed, and were attributed by Eegnault to the 
condensing action of the walls of the containing vessel. 
The experiments of Guglielmo and Musina ' have shown that 
Eegnault's explanation is not tenable, or at least is not 
sufficient. It is much more likely that the ether which 
Eegnault used contained traces of impurities which caused 
partial condensation. Eecent measurements of Tamman ^ 
and Beckmann ' have shown how difficult it is to obtain 
ether with a constant vapour-pressure. 

Galitzine '' has recently published an extensive investi- 
gation into the subject now under consideration ; a part of 
the foregoing historical summary is taken from this memoir. 
It is shown that the differences between the vapour-pressures 
of water, ether, and ethylic chloride, in air, and in vacuo, 
are very small ; these differences increase at high tempera- 
tures, but, as a rule, do not amount to 1 per cent. The 
differences become considerably greater ; they are, however, 
irregular, when the experiments are conducted- in narrow 
tube-shaped vessels. The cause is to be sought for in the 
slow diffusion, and consequent coming into play of the 
action of the walls of the vessel. 

Two causes are to be regarded as operative in the 
phenomena we are considering : the mutual actions between 
the molecules of the vapour and the gas must be considered ; 
and the lowering of the vapour-pressure of the Hquid, due 
to the solution in the liquid of some of the gas, must not 
be overlooked. In the case of such a gas as air, which 
dissolves very slightly in liquids, the second cause cannot 
exert much influence; but this cause becomes operative 
when a gas of greater solubility, such as carbon dioxide, is 
used. Observations of such cases were made by Eegnault ; 



' Biv. Scient. Firenze, 19, p. 185 [1887]. 

' Wied. Ann. 32, p. 683 [1887]. 

" Zeitschr. f. physikal. Chemie, 4, p. 536 [1889]. 

♦ Dissertation; Strassburg, 1890. 
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these have been referred to already. No more recent 
investigation is known to me. 

A theory of the behaviour of mixed gases has been 
given by van der Waals ; ' it is based on the general theory 
of gases put forward by the same author.^ Certain changes 
are made in the equation for a single gas, ijv = b'i; where 
R is a constant, and t = absolute temperature. In the 
first place, Boyle's law is not applied to the total space, 
but only to that part which is not occupied by the molecules 
of the substance ; the volume of the molecules, b, is sub- 
tracted from the total volume, v. Further, the pressure 
consists not only of the kinetic portion, which is referred by 
the theory to the bombardment of the molecules, but also of a 
portion which is dependent on the mutual actions of the mole- 
cules, and which is proportional, according to van der Waals, 
to the square of the density, or is inversely proportional to 
the square of the volume. The equation given above then 

assumes the form p + -- (v — b) = ni, where a = the con- 

stant of the mutual molecular actions. That this equation 
expresses the behaviour of gases in changing to "the liquid 
state, has been shown by van der Waals in the memoir 

referred to. The equation may be written p= 



V — b v^' 

In dealing with mixed gases, a corresponding equation is 
used, in which the constants a and b are replaced by 
functions of the constants, a^ 6„ and a^ b^, belonging to 
both parts of the mixture. In a twofold mixture, con- 
sisting of the parts 1 — x, and x, a is replaced by 
a^ = a, (1 — a;) ^ -I- 2 a^^ x {1 — x) + a^x"; where a^ and a^ 
are the constants of the molecular attraction of the single 
substances, and a,2 is the corresponding constant for the 
reaction of the different molecules. The constant b cannot 
be replaced by the expression h^ =1^ {1 — x) + b^x, but, 

' Zeiischr. f. physikal. Chemie, 5, p. 133 [1890]. 

' Die Contiwmtat des gasformigen imd flilssigen Zustandes : Leipzig, 
1881. 
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according to Lorenz,' the expression to be used is h^ = 
5, (1 — a;) ^ + 5,2 X {1 — x)\x % where 6,2 is a new constant. 

The further development of the theory leads to some- 
what complicated calculations. Van der Waals has shown 
that the theory enables several phenomena to be repre- 
sented qualitatively ; but the measurements hitherto made 
do not lead to such an exact quantitative knowledge as is 
required for the accurate determination of the new constants. 
Galitzine^ has put forward a theory similar in principle 
to that of van der Waals. This theory is founded on the 
equation given by Clausius.* 

5. Solutions of solids in gases. — Inasmuch as certain 
solids can be evaporated without going through the liquid 
condition, it is correct to speak of the solution of such 
solids in gases. We have no experimentally-gained ac- 
quaintance with the law of these phenomena ; nevertheless, 
considering that the vapour-pressure of volatile solids is a 
function only of the temperature, as is the case also with 
liquids, we may conclude that Dalton's law will hold good 
for solutions of solids in gases. Because of the circumstance 
that gases do not dissolve, or dissolve only to a very slight 
degree, in solids, the deviations from Dalton's law which 
are noticed for some liquids will not occur for solutions of 
solids in gases. 

The specific mutual action between the molecules of the 
solvent and those of the dissolved substance appears some- 
times to act so that the volatility of the dissolved substance 
is increased. Hannay and Hogarth ^ found that gaseous 
alcohol, above its critical temperature, dissolves potassium 
iodide ; this salt had therefore becomes gaseous at a tem- 
perature whereat it ordinarily shows no marked volatility. 
It is certain that actions of this kind can take place only 
in gases which assume a small volume at very great pressure, 
as otherwise the mutual action of the molecules cannot 
attain a considerable value. 

' Wied. Ann. 12, p. 134 [1881]. 2 Loc. cit. 

' Wied. Ann. 9, p. 348 [1880]. - Proc. B. S. 30, pp. 178, 484 [1880]. 



CHAPTEE II 

SOLUTIONS OF GASES IN LIQUIDS 

1. The fundamental law. — It may be asserted that every 
liquid is capable of taking up every gas, and combining 
therewith to form a homogeneous liquid or solution. This 
capability, however, differs very much, and is dependent, 
in complicated ways, on the nature of both the substances. 

Two classes of these gas-solutions are to be distin- 
guished. To the first class, the ordinary solutions, belong 
those from which the dissolved gas is entirely removed by 
raising temperature or diminishing pressure ; to the second 
class belong those from which the dissolved gas is not 
thus entirely removed. In cases belonging to the second 
class, e.g. in a solution of hydrogen chloride in water, we 
have sufficient grounds to assert that chemical change 
occurs. 

The law of Henry,' verified by Bunsen,^ holds good for 
solutions from which the dissolved gas is wholly removed 
by lowering pressure or raising temperature : the quantity 
of a gas dissolved by a specified quantity of a liquid is pro- 
portional to the presswe of the gas. As the volume of a gas 
is inversely proportional to the pressure, the law may be 
put thus : a specified quantity of a liquid dissolves the same 
volume of a gas at all pressures. There is no question 
about the proportions of gas and liquid so long as the 
quantity of gas is not smaller than that which can be 
absorbed by the liquid under the experimental conditions. 

' Phil. Trans. 1803. « Annalen, 93, p. 1 [1855]. 



10 SOLUTIiONS 

This cannot occur when the gas and liquid together occupy 
a space which is kept constant ; for in this case the gaseous 
pressure falls, when absorption occurs, until the quantity 
of gas which corresponds to the decreased pressure is 
absorbed. 

Another form is obtained for Henry's law by bringing 
in the notion of concentration. Taking concentration to 
mean the quantity of substance divided by the space which 
it occupies (whether other substances be also present in 
this space or not), the law may be expressed by saying 
that the gas is absorbed by the dissolving liquid in such 
quantity that the concentration of the gas in the space occupied 
by it is proportional to that in the liquid. The absolute 
value of the concentration has no effect on the proportion 
of the two concentrations ; this depends only on the nature 
of the substances, and on the temperature. 

2. Gas-mixtiures. — In 1807 Dalton ' showed that Henry's 
law holds good when a mixture of gases is absorbed by a 
liquid. The liquid absorbs each constituent of the mixture, 
as if that one only were present and exerted a pressure 
corresponding to its quantity. In dissolving, and also in 
the solutions produced, mixtures of gases obey the law of 
addition, which law has been found already to express all 
their other properties. 

8. Measurement of the quantities absorbed. — Absorption 
begins as soon as a gas is brought into contact with a 
liquid. The surface-layer of the liquid takes up as much 
of the gas as is possible under the conditions ; the gas 
absorbed then passes to the interior of the liquid by diffu- 
sion, and the surface-layer dissolves more. This process is 
repeated till the liquid is saturated ; but as diffusion occurs 
slowly, a long time elapses before the maximum absorption 
is attained. By intimately mixing the gas with the liquid, 
and constantly agitating the liquid, saturation is more 
quickly reached. When large quantities of a gas are 
available, saturation may be effected most easily by slowly 

• Mem. Manchester Phil. Soc. 1 [1808]. 
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passing a stream of the gas into the liquid, kept at a 
constant temperature for some time. In other cases, the 
apparatus of Bunsen, or some similar apparatus, may be 
used. Bunsen 1 places the gas in a graduated tube over 
mercury, adds a measured volume of the liquid, which has 
been boiled to expel air, fixes the open end of the tube 
tightly against a caoutchouc-plate, immerses in a cylinder 
of water (to maintain a constant temperature), and shakes 
violently for some time. By repeatedly opening the tube 
under mercury, allowing the mercury to enter, and again 
shaking, a condition of equilibrium is attained ; the volume 
of gas absorbed by the liquid is determined by measuring 
the diminution in the volume of the gas, the increase in 
the volume of the liquid, and the pressure. 

Many other pieces of apparatus are in use besides that 
of Bunsen. One was described by G. Wiedemann,^ and was 
improved by Hiifner. The absorption-vessel consists of 
two chambers, connected by a two-way stopcock, and also 
connected with a manometer which is quite filled with 
mercury. One of the chambers is filled with the gas, and 
the other with the air-free liquid ; the manometer is dis- 
connected, the stopcock connecting gas and liquid is opened, 
the whole is shaken, the manometer is connected, and the 
mercury corresponding to the diminished pressure is allowed 
to flow out, and these operations are repeated as often as 
is necessary. The quantity of gas absorbed is found from 
the weight of mercury which has flowed from the mano- 
meter. Heidenhain and Meyer, and afterwards Setschenoff, 
connected the absorption-vessel, by means of a flexible 
capillary tube, with a large manometer filled with the gas, 
and determined the quantity of gas absorbed by measuring 
the change of pressure in the manometer. Hiifner ^ pumps 
the gas out of the liquid in which it has been dissolved, by 
means of a Sprengel mercury-pump, and determines the 

• Annalen, 93, p. 10 [1855]. 

^ J.fiirprakt. Chemie, 22, p. 268 [1880]. 

' Wied. Ann. 1, p. 629 [1877]. 
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amount of gas eudiometrically. In many cases the quantity 
of gas absorbed may be determined by one of the ordinary 
analytical methods. The gain ia weight of the absorption- 
apparatus gives a direct measurement of the quantity of 
gas dissolved ; this method is frequently applicable. 

The following absorptiometer, constructed after that of 
Heidenhain and Meyer, has been found convenient and 
accurate in my own laboratory. The tube a is for measuring 
the gas (fig. 1) ; this tube is divided into cubic centimetres 
starting from a point chosen arbitrarily; it is connected, by 
caoutchouc tubing, with a tube of 
equal diameter, b ; this tube, b, is 
movable, and by means of it the 
position can be adjusted of the 
liquid (mercury or water) which 
shuts off the gas in the measuring- 
tube. The gas measuring-tube is 
connected with the absorption- 
vessel, c, by a flexible capillary 
tube of lead (silver or platinum is 
required in a few cases). The stop- 
cocks a and h are three-way cocks ; 
c is a simple stopcock. The vessel 
c is filled with the air-free liquid, 
and A with the gas (the three-way 
cock enables this to be done easily) ; 
pressure having been equalised, the position of the gas in 
A is read off ; a is brought into connexion with c, and by 
raising b and opening the stopcock c a determinate volume 
of the liquid is made to flow into a measuring flask ; an 
equal volume of the gas passes into c, and then absorption 
proceeds, c being shaken constantly. To keep the tempera- 
ture constant, a and c are surrounded by water, or by 
vapours of known boiling-points. 

4. Absorption-coefficients. — Bunsen applied the term ' ab- 
sorption-coefficient ' to the volume of gas, reduced to 0° and 
normal pressure, absorbed by unit-volume of a specified 




Fig. 1 
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liquid at normal temperature. Let v = volume of liquid, 
V = volume of gas absorbed at pressure p and temperature t, 
then the volume of gas reduced to 0° and 760 mm, v'^, is 

v'g = nf-n,-, — 1:> where a = -00367 (the coefficient of ex- 
pansion of the gas). According to Henry's law, — -fold the 
quantity of gas would be dissolved at 760 mm. pressure ; 

the reduced volume then becomes Vn = -— — — ^ , = 

" 760 (1 + a t) p 

. The coefficient of absorption, /3, is found by divid - 

i.-\- at 

ing by the volume of liquid, v : 



y {1 + at) 

Bunsen's coefficient of absorption expresses the ratio between 
the volume of gas, reduced to 0°, absorbed at the pressure 
of the experiment, and the volume of liquid which effects 
the absorption. It seems advisable to choose a simpler ex- 
pression than this, and to do away with the reduction to 0°, 
inasmuch as this is hardly justified by the nature of the 
process. I use the expression solubility of a gas, \, to signify 
the ratio of the volume of gas absorbed to the volume of 
the absorbing liquid, at any specified temperature and 
pressure : 

V 

The relation between the solubUity of a gas and Bunsen's 
absorption-coefficient is'X = yS (1 + a t). 

The absorption-coefficient, and also the solubility, of a 
gas is independent of the pressure, and is dependent on 
the nature of the gas and the temperature. According to 
Bunsen and Carius, the absorption-coefficient of hydrogen 
in water, and of oxygen and carbon monoxide in alcohol, are 
independent of temperature. But recent measurements in 
my laboratory have shown that these statements are based 
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on experimental errors, and that the coefficients in question 
vary somewhat with temperature. 

Dalton supposed that the influence of temperature on 
the absorption-coefficients of various gases dissolving in the 
same liquid is proportional to the influence on each gas 
separately, so that the composition of the gas dissolved by 
a specified liquid acting on a mixture of gases is inde- 
pendent of the temperature. Dalton's statement is not 
strictly accurate ; nevertheless it is applicable in a general 
way.' The following tables contain absorption-coefficients 
of several gases, iu water, and in alcohol of S.Gr. -792 at 
20°; the measurements were made by Bunsen and his 
pupils : — 



Temp. 


Nitrogen 


Hydrogen 


Oxygen 




W. A. 


W. A. 


W. A. 


0° 


002035 0-1263 


0-01930 0-06925 


0-04114 0-2840 


5 


001794 0-1244 


001930 0-06853 


0-03628 0-2840 


10 


0-01607 0-1228 


001930 006786 


0-03250 0-2840 


15 


001478 01214 


001930 0-06725 


0-02989 0-2840 


20 


0-01403 0-1204 


0-01930 0-06668 


0-02838 0-2840 



Temp. 


Carbon dioxide 


Carbon monoxide 


Nitrous oxide 




W. 


A. 


W. A. 


W. A. 


0° 


1-7967 


4-3295 


0-03287 0-2044 


1-3052 4-178 


5 


1-4497 


3-8908 


0-02920 0-2044 


1-0934 3-844 


10 


1-1847 


3-5140 


0-02635 0-2044 


0-9196 3-541 


15 


1-0020 


31993 


0-02432 0-2044 


0-7778 3-268 


20 


0-9014 


2-9465 


0-02312 0-2044 


0-6700 3-025 



Temp. 


Methane 


Ethyl 


ene 


Sulphuretted hydrogen 




W. A. 


W. 


A. 


W. 


A. 


0° 


0-05449 0-5226 


0-2563 


3-595 


4-371 


17-89 


5 


004885 0-5086 


0-2163 


3-323 


3-965 


14-78 


10 


0-04372 0-4954 


0-1837 


3-086 


3-586 


11-99 


15 


003909 0-4828 


01615 


2-883 


3-238 


9-54 


20 


003499 0-4710 


0-1488 


2-713 


2-905 


7-42 



p. 4. 



Vide E. Wiedemann, Ladenburg's HandwOrterbuch d. Chemie, 1. 
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Temp. 


Nitric oxide 


Butane 


Ethane 




A. 


W. 


W. 


0° 


0-3161 


0-03147 


0-0871 


5 


0-2999 


0-02689 


0-0720 


10 


0-2861 


0-02355 


0-0599 


15 


0-2748 


0-02147 


0-0508 


20 


0-2659 


0-02065 


0-0447 



The above numbers comprise almost all the absorption- 
coefficients of gases in single liquids which have been 
determined. The numbers cannot be regarded as finally 
correct. Besides the number given for ethane, CjHg, 
Bunsen's results • contain a series of numbers for dthyl- 
wasserstoff, CjHg ; the numbers differ from eight to ten per 
cent, from those for ethane (or methyl as it is called in the 
original memoir) ; but we know now that there is but one 
compound having the formula Cj Hg. 

Many chemists have thrown doubt on the accuracy of 
the values given by Bunsen for the absorption-coefficients of 
oxygen, and have shown that the true values are probably 
greater than Bunsen's. L. W. Winkler recently gave the 
foUowing numbers: 0°=-0489, 5°=-0429, 10°=-038, 15° 
= -0342, 20° = -031 , 25° = -0284, 30° = -0262. These results 
were obtained by combioing the oxygen with MnO and 
decomposing the MnOj formed by KI and hydrochloric 
acid.^ Pettersson and Sonden obtained nearly identical 
results by a volumetric method of analysis.^ 

The remarkable observation that the absorption-coeffi- 
cients of hydrogen ia water and oxygen in alcohol are not 
affected by changes of temperature has not been confirmed. 
A very careful series of measurements carried out by 
W. Timofejeff,"* with the apparatus described on p. 12, has 
shown that the coefficients in question decrease with increase 
of temperature. The numbers are : — 



' For references vide Berichte, 22, p. 1439 [1889]. 

" Berichte, 22, p. 1489 [1889]. » Ibid. 22. p. 1764. 

* Zeitschr. f. physikal. Chemie, 6, p. 141 [1890]. 
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Temp. 


Hydrogen in Water 


Oxygen in Alcohol 


0° 


•0215 


■2337 


5 


•0206 


•2300 


10 


•0198 


•2266 


15 


■0190 


■2282 


20 


■0184 


■2201 


25 


■0178 


•2170 



The values for oxygen in alcohol differ considerably from 
those given by Bunsen. 

5. Absorption in other liquids. — There seems no doubt 
that Henry's law holds good for all liquids, and is not 
to be restricted to water and alcohol, the liquids which 
have been generally used in experiments on absorption- 
coefficients. Investigations have been made by Woukou- 
loff,i with carbon disulphide and chloroform ; the results 
show agreement with Henry's law within the limits 
of the applicability of the general gaseous laws. No 
simple relations have been traced, as yet, between the 
nature of the solvent and the solubility of a gas. The 
absorption-coefficients of a gas in different solvents are not 
proportional to one another ; this was shown by Bunsen for 
water and alcohol, and confirmed for petroleum by 
Gniewosz and Walfisz.'^ 

6. Testing Henry's law. — Henry himself tested his law, 
and confirmed its accuracy by examining five different gases 
at pressures varying from one to three atmospheres. Henry 
contented himself with a somewhat rough approximation ; 
the experiments could not at that time be very accurate. 
At a later time, Bunsen and his pupils conducted ex- 
periments which confirmed the law. The pressure in 
Bunsen' s absorptiometer could be changed only to a small 
extent, so that the limits of the experiments were some- 
what narrowed ; on the other hand the limits of pressure 
could be extended considerably by using mixtures of gases. 
In such a case, let there be, in unit-volume of the.mixture 

' Compt. rend. 108, p. 674 ; 109, p. 61 [1889]. 
2 Zeitsckr. f. physikal. Chemie, 1, p. 70 [1887]. 
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(li> Q2> ^3 • • • • volumes of the different gases ; then the 
partial pressure of each gas is q^p, q^p, q^p, if p be the 
total pressure. Then, putting /3,, /Sj, /Sj . . . . as the 
absorption-coefficients of the different gases, the quantities 
of the gases absorbed ,91, g^, g^ are, for the 

unit-volume of the liquid, </, = ;8, q^ ^, g^ = /B^ q^ ^, 

^3 = ^3 ii r^ .... It is evident that by decreasing 

the quantity of a constituent of the mixture, and therefore 
decreasing the partial pressure, it becomes possible to test 
the law for pressures between and one atmosphere. As 
an example, I give experiments made by Bunsen on a mixture 
containing, by analysis, 'TSIQ hydrogen and '2681 carbon 
dioxide. The composition of the gases absorbed was calcu- 
lated from the observations by using the absorption- 
coefficients of pure hydrogen and carbon dioxide.' 
Three experiments gave : — 





1 


2 


3 


Meaa 


By Analy 


Hydrogen . . , 


. -7343 


•7372 


•7285 


•7338 


•7319 


Carbon dioxide . 


•2657 


•2628 


•2715 


•2667 


•2681 



These numbers indicate the accuracy of the law ; but 
they contain no systematic examination of the sphere 
within which it is applicable. Bunsen expressed the opinion 
that there are limits within which the law holds good ; but 
he did not undertake the determination of these limits. 

Khanikoff and Luginin ^ carried out measurements to 
fill up the gap left by Bunsen. These investigators modified 
Bunsen's absorptiometer, by making it possible to detach the 
manometer completely when the vessel was being shaken to 
ensure thorough absorption of the gas ; the shaking was 
done under water by means of a rotating cylinder. The 
gas used was carbon dioxide ; deviations from the gaseous 
laws were taken into account in reducing to normal 
temperature and pressure. The results are presented in 

' Qasometrisehe Methoden, p. 245. 

2 Ann. Chim. Phys. (4) 11, p. 412 [1867\ 
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the following table ; ' P = pressure at the end of the 
experiment, 5f= volume of gas absorbed, fe= volume of 
water used for absorption, and a = quantity of gas absorbed 
at pressure P by unit-volume of water : 



p 


s 


h 


a 


a:P 


69-8 


3466 


3671 


0-9441 


0-01352 


80-9 


5268 


4534 


1-1619 


0-01436 


128-9 


6979 


3743 


1-8647 


0-01447 


147-0 


10030 


4633 


2-1623 


0-01471 


200-2 


10854 


3733 


2-9076 


0-01451 


218-9 


14757 


4646 


3-1764 


0-01452 


236-9 


13440 


3856 


3-4857 


0-01472 


255-4 


17490 


4708 


3-7152 


0-01455 


273-8 


15135 


3781 


4-0031 


0-01463 


311-0 


20899 


4644 


4-5006 


0-01447 



The authors take the first observation as a basis, and 
then compare the ratios aj : a,, 03 : a„ a^ : a, . . . with 
the ratios P2 '• Pi' P3 '• Pv Pi '• Pi • • • • The two series of 
ratios are not alike ; the first series is greater throughout, 
and shows increasingly greater values than the second ; 
this result is not that required by the law of Henry. The 
authors conclude that the law is therefore incorrect. But 
if no special weight is given to one observation more than to 

another— i.e. if the ratios a^ : ^j, a^ : p^, a,^ : P3 are 

calculated as is done in the last column of the foregoing 
table — it is evident that all the experiments, except the first, 
give accordant results ; the deviations are quite irregular, 
and are evidently due to experimental errors. These ex- 
periments, therefore, fully confirm the law of Henry. This 
result of the experiments has been pointed out by Naccari 
and Pagliani,^ and, at an earlier date, also by Setschenoff. 
The law of Henry has not been tested of late years by 
experiments covering so wide a ground as those just referred 
to. Some experiments by Setschenoff will be referred to 
again. There is also an investigation by Naccari and 
Paghani which is not accessible) to me ; from the abstract, =" 

' Without the unwarranted number of decimal places of the original. 
' Nmv. Cim. (3), 7, p. 71 [1880]. • BeibUtter, 4, p. 510. 
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I infer that the results confirm the law of Henry, although 
within narrower limits of pressure than those used by 
Khanikoff and Luginin. All these measurements were 
made with carbon dioxide. 

7. Exceptions to Heme's law. — Very soluble gases 
show deviations from the law of absorption. Carius ' 
felt certain that the law held good for ammonia, from the 
results of his experiments on mixtures of this gas with 
hydrogen ; but Eoscoe and Dittmar ^ showed that the 
absorption-coefficients determined by Carius were inaccu- 
rate, and that the proportions of ammonia absorbed were 
much more complicated than was supposed by him. The 
curve in fig. 2 shows the relations between quantity of gas 
absorbed and pressure ; the straight line, required by the 
law of Henry, is set down for comparison. The opera- 
tions were made at 0°. Measurements were made by 
Sims,* somewhat later, at different temperatures ; the curve 
becomes simpler at 20°, and the two changes of curvature 
have disappeared ; at 40° the deviations are less marked, 
and at 100° the absorption of ammonia obeys the law 
of Henry. Completely similar results were obtained by 
Watts,^ by leading mixtures of air and ammonia through 
a small quantity of water, at a constant temperature, 
until the water was saturated. The quantity of ammonia 
absorbed agreed with that calculated from the partial 
pressure, using the tables of Eoscoe and Sims, and showed 
deviations from Henry's law : the air behaved as if the 
ammonia were absent. 

The results of very accurate measurements with sulphur 
dioxide agree with those obtained with ammonia. From 
experiments on the absorption of mixed gases, Schonfeld * 
concluded that sulphur dioxide obeyed the law of Henry ; 
but Sims showed that the law is obeyed only above 40°, 
and that at temperatures below this the deviations are 

' Armalen, 93, p. 33 [1855]. « Ibid. 112, p. 349 [1859]. 

" Ibid. 118, p. 345 [1861]. * Ibid. Supplbd. 3, p. 227 [1865]. 

= Annalen, 96, p. 1 [1854]. 

c 2 
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extremely like those shown by ammonia. The observa- 
tions of Watts show that it does not matter whether the 
decrease of pressure be accomplished directly, or by 
admixture of another gas. Even a very absorbable gas, 
such as carbon dioxide, exerts no specific effect. This is a 
confirmation, within very wide limits, of Dalton's law of 
the superposition of absorptions; the law was confirmed 
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by the measurements of Bunsen on mixtures, given above 
(p. 17), but not in so far-reaching a way as by the present 
experiments. 

Hydrogen chloride shows greater deviations from 
Henry's law than either ammonia or sulphur dioxide ; but 
this is to be expected, as water and hydrogen chloride react 
chemically. A marked difference is shown by the fact that 



SOI.UTIONS OF GASES IN LIQUIDS 21 

in the curve for hydrogen chloride, when^=0, g does not 
become =0, but retains a positive value ; i.e. the whole of 
the gas is not removed from the solution by diminishing 
the pressure, but some remains, independently of the pres- 
sure, and the composition of this residue varies with the 
temperature. An aqueous solution of hydrogen chloride 
cannot, therefore, be freed from the gas by boiling, but 
a liquid distils over of approximately constant composi- 
tion. 

8. Theory of gas-absorption. — Dalton regarded the phe- 
nomena of absorption as altogether mechanical, inasmuch 
as they depended on pressure, whereas chemical processes 
were independent of pressure. He ascribed absorption to 
the penetration of the particles of gas between the mole- 
cules of the liquid ; but he could not thus explain why 
different gases were absorbed in different quantities by the 
liquid. 

Dalton's main argument is not now decisive, as to-day 
ffe recognise the influence of pressure on the formation 
of chemical compounds. The supposition of a simple 
penetration of the gas-particles between the molecules of 
the liquid is opposed to the fact — unknown to Dalton 
— that absorption decreases as temperature increases, 
although as the total volume of hquid increases the inter- 
molecular spaces must increase also. 

Conceptions are arrived at from the molecular theory of 
liquids ' which are applicable to the phenomena of gas- 
absorption. It is certainly to be assumed that attracting 
forces exist between the molecules of the absorbed gas and 
those of the liquid ; these forces hold fast a definite 
number of the gas-molecules, which bombard the surface 
of the liquid, until equihbrium is established between the 
molecules entering the liquid and those which, by virtue 
of their energy of motion, again leave the liquid. Under 
these conditions, the quantity of gas remaining in the 

' The development of the molecular theory to liquids is discussed by the 
author in an earlier part of his book.— Translator. 
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liquid must be proportional to the number of molecules 
passing out of the liquid — that is, proportional to the 
density, as is required by the law of Henry. If tempera- 
ture is increased, the gas being maintained under the same 
pressure, so that the total energy of the molecular impacts 
on the surface of the liquid remains unchanged, the number 
of molecules leaving the liquid is reduced in proportion as 
the energy is increased, i.e. the number of molecules 
leaving the liquid decreases inversely to the absolute 
temperature. This explains the decrease in the absorption- 
coefficients with rise of temperature to some extent, but not 
fully, as the decrease is found to be much larger than this 
explanation predicts. 

There is undoubtedly a decrease of the attraction of 
the liquid, and this soon shows itself in the vapour of 
the liquid, inasmuch as the pressure of the vapour in- 
creases much more rapidly than in proportion to the 
absolute temperature. At all events, it is evident that 
the influence of the liquid is much greater than that of the 
gas on the change in the absorption-coefficient, which is 
connected with change of temperature, and that, thus, there 
is an approximate proportionality between the quantity of 
gas absorbed and the temperature-coefficient. 

The question as to the state of aggregation of the 
absorbed gas belongs to those questions which are made 
more difficult to answer by reason of the vagueness of their 
meaning. Inasmuch as a gas-solution is a physically 
homogeneous liquid, the gas contained therein must be said 
to be in the liquid state ; but, inasmuch as the critical 
temperatures of many gases lie more or less below the tem- 
perature at which absorption is carried out, it cannot be 
supposed that such gases are so attracted by the liquid that 
they are first hquefied and then dissolved, as Graham sup- 
posed. The absorbed gaseous particles form a part of the 
liquid just as truly as the molecules of the liquid itself ; but 
the absorbed gas is not a liquid within the solvent. In the 
cases of gases whose critical temperatures are above that of 
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the experiment, mutual reactions between the absorbed 
molecules come into play, especially when much gas is 
dissolved. This is the case, e.g., with ammonia; one must 
suppose that the molecules of ammonia are in a condition 
similar to that which occurs when ammonia is liquefied by 
pressure. The deviations of such gas-solutions from 
Henry's law are explained by this assumption; and the 
assumption also indicates that increase of temperature 
ought to decrease the deviations, both by decreasing the 
quantity of gas absorbed and also by bringing the gas 
nearer its critical point. Unfortunately, there are not suffi- 
cient data concerning the effect of temperature on the 
absorption of gases to verify this hypothesis numerically. 

Wroblewski's experiments on the process of gas-absorp- 
tion must be mentioned here. Wroblewski was concerned 
for the most part with the diffusion of dissolved gases 
through the solvent, but he also made use of his experiments 
to gain an insight into the nature of the process of solution.' 
He found that the diffusion of the absorbed gas through 
the solvent follows the same law as the diffusion of other 
dissolved bodies ; the quantity diffused through a specified 
cross-section is proportional to the difference of concentra- 
tion of the adjacent layers, and is dependent on the nature 
both of the gas and of the solvent. The character of the 
law was found to be the same whether water, a saline solu- 
tion, viscid jelly, or caoutchouc, was used. The rate of 
progression of the dissolved gas in the medium was found 
by Wroblewski to be nearly inversely proportional to the 
square root of the specific gravity of the gas ; in other words 
the rate of progression was nearly proportional to the 
rate of movement of the molecules. From these results 
Wroblewski concludes that gases retain their state of aggre- 
gation when they are absorbed by liquids. This conclusion 
appears to me to be erroneous. To conclude, from the 
experiments in question, that a dissolved gas is not liquefied, 
it is necessary to assume that the rate of movement of the 

' Wied. Ann. 8, p. 29 [1880]. 
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molecules of the liquid is not inversely proportional to the 
square root of the molecular weight ; but the opposite of 
this is probably true, i.e. it is probable that the propor- 
tionality in question holds good for liquids. 

9. Absorption of gases by saline solutions.— The investi- 
gation of the behaviour of gases towards solutions of salts 
was begun in order to answer certain physiological questions, 
especially those concerning the absorption of carbon dioxide 
by blood-serum. 

Overlooking an observation made by Pagenstecher,' to 
the effect that a solution of sodium phosphate absorbs more 
carbon dioxide than water, and holds the absorbed gas more 
firmly, Marchand^ and Liebig' took up the inquiry, but 
they failed to gain a basis of experimental facts sufficiently 
wide to solve the physiological questions at issue. Liebig 
found that, especially in the case of ordinary sodium phos- 
phate solution, a part of the carbon dioxide reacts chemically 
with the dissolved salt, while another part is dissolved as in 
water ; the latter portion follows the law of Dalton, the first 
portion does not obey this law. 

The subject was taken up by Fernet,'' in the year 1858, 
in an extended series of experiments having primary refer- 
ence to physiological inquiries ; a year earlier L. Meyer '^ had 
investigated the absorbent action of the liquids of the 
blood. From his measurements, Fernet concluded that the 
absorption is conditioned by the nature both of the gas and 
the dissolved salt ; and that this conditioning influence is 
exerted in two directions. Henry's law holds good in the 
cases of gases which exert no chemical action on the dis- 
solved salt : for instance, in the absorption of carbon dioxide, 
oxygen, or nitrogen, by a solution of common salt, the absorp- 
tion-coefficients are only somewhat smaller than if pure 
water is used. On the other hand, if the gas exerts a 
chemical action on the dissolved salt, as carbon dioxide does 

' Bmhner'a Bepert.Z2, p. 318 [1840]. 

' J.fUrprakt. Chemie, 37, p. 321 [1846]. » Annalen, 79, p. 112 [1851]. 

' Compt. rend. 46, p. 620. = Pogg. 102, p. 299 [1857]. 



SOLUTIONS OF GASES IN LIQUIDS 25 

on disodium phosphate or on normal sodium carbonate, 
then, besides the quantity of gas dissolved in accordance 
with the usual law of absorption, another quantity of gas is 
taken up by the solution ; this second quantity is independ- 
ent of the pressure, and is proportional to the quantity of 
salt in solution ; according to Fernet, it bears a simple 
molecular proportion to the salt present in solution. 

Some of Fernet's results were called in question by 
Heidenhain and L. Meyer.' These experimenters asserted 
that the behaviour of ordinary sodium phosphate is much 
more complex than Fernet's results indicated. It is true, 
said Heidenhain and Meyer, that the total quantity of carbon 
dioxide, a, absorbed by volume h of the solution can be ex- 
pressed by the equation A.=h (k + ap), where k=the por- 
tion that reacts chemically and a = the portion which 
follows Dalton's law ; but the values of k and a vary con- 
siderably both with concentration and temperature, in the 
direction that both decrease as temperature increases, and 
both increase as concentration increases. The results are 
rightly attributed by Heidenhain and Meyer to the chemical 
action between carbon dioxide and disodium phosphate.^ 
The sharp criticism to which Fernet's work is subjected is 
noticeable. Fernet's results differed considerably from 
those of Heidenhain and Meyer, and also from the older 
measurements ; ' this,' say the authors in question, ' is the 
more remarkable, as Fernet's numbers show an agreement 
between calculation and observation to less than ^ mm. in 
pressure and y^ cc. in volume. This agreement extends 
even to cases where, from an oversight, an entirely erroneous 
value has been taken as the basis of the calculation. Con- 
sidering all things, we cannot accept Fernet's work as an 
unvarnished record of results obtained by actual experi- 
ments.' 

The problems remained untouched for ten years, and 

' AnnaUn, Supplbd. 2, p. 157 [1863], 

^ This action is discussed by the author in that part of his book which 
deals with chemical affinity. — Translator. 
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were then taken up by isolated experimenters, whose re- 
searches are noticed in chronological order in the following 
paragraph. 

10. More recent work. — The absorption of ammonia by 
salt solution was examined by Eaoult ' in 1873. The 
following results are selected from his memoir. Eaoult 
began with experiments on the absorption of ammonia by 
pure water ; the conclusions confirmed those of Koscoe and 
Dittmar, which differed from the results obtained by Carius. 
Experiments were then made with potash solution ; several 
flasks with different solutions were placed in the same 
water-bath, and a stream of ammonia was passed into 
them for two hours. The results showed that solubility 
decreased as the potash increased, and decreased in propor- 
tion to the quantity of potash present. The table shows 
some of the results ; the numbers in the last column are 
calculated from those in the second and third columns, 
assuming the proportionality between quantity of potash 
and quantity of gas absorbed : — 



Temp. 


Water 


Solution with 
11-26 per cent. K,0 


Solution with 
25-25 per cent. K,0 


0° 

8 
16 
24 


90-0 
72-75 
59-75 
49-5 


72-0 
57-0 
46-0 
37-25 


49-5 49-68 
37-5 37-47 
28-5 28-95 
21-75 22-06 



Further experiments gave similar results; the agree- 
ment between the quantities of gas absorbed and potash 
present was maintained up to 30 per cent, potash 
(KOH -I- THjO) ; after that point more gas was absorbed 
than the proportionality demanded. Experiments with 
soda gave quite similar results : potash and soda solutions of 
equal concentrations absorbed equal quantities of ammonia. 
Solutions of ammonium chloride absorbed slightly less 
ammonia than equal volumes of water ; these solutions 
followed the law of proportionality until they were saturated. 

' Ann. Chivt. Phys. (5), 1, p. 262. 
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Solutions of sodium nitrate and ammonium nitrate absorbed 
exactly the same quantities of ammonia as equal volumes 
of water. At 13° and 760 mm. the following results were 
obtained : — 

100 cc. water absorbed 64-5 grams ammonia 

100 ec. 74-1 p. ct. ammonium nitrate solution absorbed 63-76 „ „ 

100 cc. 52-4 p. ct. sodium nitrate solution absorbed . 64-25 „ „ 

On the other hand, solutions of calcium nitrate absorbed 
more ammonia than water ; in this case the law of pro- 
portionality was followed : — 



Temp. 


Water 


Solution of 28-38 p. ct. 


Solution of 69-03 p. ct. 


Observed 


Calculated 


0° 
8 
16 


90-0 

72-75 

59-5 


96-25 

78-5 
65-0 


104-5 
84-75 
70-5 


103-0 
84-65 
70-88 

1 



Eaoult mentions that these noticeable results may be 
explained by supposing that the ammonia seizes on a portion 
of the acid, but he thinks this supposition is refuted by the 
fact that the residue obtained by evaporation was free from 
ammonia. But this is really no evidence against the exist- 
ence of ammonium nitrate, along with lime, in the solution ; 
inasmuch as ammonia and calcium nitrate would be formed 
again on evaporation. 

Using an improvised mercury-calorimeter, Eaoult found 
that the quantities of heat produced during absorption 
were nearly independent of the nature of the absorbing 
liquid. Thus 1 gram ammonia dissolving in the following 
liquids produced the quantities of heat ' noted : — 

Units of heat 

Water 492 

Calcium nitrate solution (S. G. 1-208) .... 487 
Ammonium nitrate solution (S. G. 1-275) . . . 483 
Potash solution (S. G. 1-261) 479 

' The unit of heat adopted by Ostwald is the quantity of heat given out 
when 1 gram oi water cools from 100° to 0°. — Translator. 
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These results are of great interest ; further measure- 
ments were promised by Eaoult, but none have yet been 
pubhshed. 

11. Salt-solutions. — Investigations similar to those made 
by Eaoult were published, a few years later, by Setschenoff,' 
and also by Mackenzie.^ Mackenzie confined himself to 
establishing certain empirical relations. Setschenoff went 
much more deeply into the nature of the phenomena. He 
recognised the existence of two classes of salts : those 
which absorb a part of the carbon dioxide independently of 
Henry's law, e.g. sodium carbonate, disodium phosphate, 
borax, &c. ; and those which exert no definite chemical 
action on the carbon dioxide, e.g. nitrates, chlorides, and 
sulphates. If the absorption-coefficients are regarded as 
functions of the concentration, and these coefficients are 
represented as the ordinates of a curve, the abscissae of 
which are formed by the concentrations, then salts of the 
first kind show a rise of absorption-coefiicient with rise of 
quantity of salt, following on the combination of carbon 
dioxide in proportion to the quantity of salt, whereas salts 
of the second kind show a fall in the curve, inasmuch as 
more concentrated salt solutions absorb less carbon dioxide 
than those of less concentration. The two classes of salts 
cannot be very decidedly marked off from one another. 
The order for salts of sodium is given by Setschenoff 
thus : — 



Sodium carbonate . . Na.^ CO3 

Borax Naj B^ 0, 

Disodium phosphate . Na^ H P 0, 
Sodium acetate . . . Na C^ H, O^ 
Sodium citrate . . . Nas C^ H5 0, 



Sodium oxalate . 
Sodium lactate . 
Sodium nitrate 
Sodium chloride . 
Sodium sulphate . 



. Na, C, 0^ 
. NaCsH,03 
. NaNO, 
. NaCl 
. Na,SO, 



The division of the classes occurs at sodium oxalate. 
There is another difference to be noted : in the first group 
the quantity of carbon dioxide chemically held, not in 
obedience to the law of Henry, is equivalent to the quantity 
of salt (this was noticed by Fernet) ; in the other salts there 



Mem. Akad. Petersb. 22, No. 6 [1875]. ^ Wied. Ann. 1, p. 438 [1876]. 
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is no proportionality of this kind, the amount of carbon 
dioxide held chemically is smaller, and increases in propor- 
tion to the quantity of salt, if the solution is dilute. The 
phenomenon is certainly conditioned by the chemical 
afi&nity between carbonic acid and sodium, and is modified 
by the greater or less stability of the salts. The further 
discussion of the matter does not belong to the present 
subject ; it is only necessary to remark here that the mag- 
nitudes of the absorptions by salts of the first kind appear 
as the sums of two actions, one of which is chemical and 
one is simple absorption. In the second class of salts, 
chemical absorption disappears, and the dissolved carbon 
dioxide follows the law of Henry. Traces of chemical 
absorption occur in the salts placed at the top of the list 
of this class. The absorption-coef&cients decrease with in- 
creasing concentration. Setschenoff found that solutions 
of equivalent quantities of similar salts of the same acid 
absorbed equal quantities of carbon dioxide, and were 
therefore ' absorptiometrically equivalent.' For instance, 
different solutions of magnesium sulphate and zinc sulphate 
showed the following absorption-coefi&cients : — 

Magnesium sulphate . . . 'TIS -587 -523 
Zinc sulphate .... -715 -593 -522 

The following values were also obtained : — 



Barium nitrate . . . '922 

Calcium nitrate . . . -923 

Strontium nitrate . . . '916 

Barium chloride . . . "894 



Strontium chloride . . -892 
Sodium sulphate . . . '670 
Copper sulphate . . . '672 



Setschenoff thinks that the effect exerted by these salts, 
and salts like these, on the absorption of carbon dioxide, 
is to be traced to the decomposition of the salts by the 
water ; but if this is so, no answer is found to the question 
why the amount of absorption is smaller than corresponds 
with the.water present in the absorbing volume of the solu- 
tion. It is to be wished that experiments were made with 
a gas which would exert no chemical action on the salt in 
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solution ; nitric oxide might be used, as the quantities of 
the gas absorbed are nearly the same as those of carbon 
dioxide. More recently, Setschenoff' has considerably 
widened his investigations, and has brought them to a 
conclusion for the time. It is shown that the absorption - 
coefficients of salt-solutions are smaller than those of water, 
and that the absorption follows Dalton's law. The con- 
nexion between the quantity of salt, x, and the absorption - 
coefficient, y, is thus expressed by Setschenoff — 

k 

where a = absorption-coefficient for water, e = basis of the 
natural logarithms. A; = a constant dependent on the nature 
of the dissolved salt. 

This formula does not represent the absorption-co- 
efficients quite accurately : there are small deviations, 
which Setschenoff refers to secondary influences. Con- 
clusions may be drawn from these phenomena regarding 
the nature of salt-solutions ; but this is not the place to 
discuss these conclusions. One empirical result is note- 
worthy, viz. that solutions containing equivalent quantities 
of similar salts have nearly equal absorption-coefficients. 
This statement cannot be applied at present to all salts. 
The statement that if salts of the same metal with different 
acids are arranged in order of the absorption-coefficients of 
their equivalent solutions, this order is the same whatever 
be the metal, holds good in all cases ; so also, all salts of 
the same acid, with different metals, follow the same order, 
whatever be the acid. The influence of the salt on the 
absorption is, thus, truly an additive property.^ Some other 

' Nowv. Miin. de la Soc. des Natural. Moscou, 16, Livr. 6 [1889] ; abstract 
in Zeitschr. f. physikal. Chemie, 4, p. 117 [1889], 

' The author distinguishes additive, constitutive, and coUigative, properties. 
Additive properties are those which are the sums of the properties of the 
constituents ; these properties are not affected by the chemical combination 
of the constituents of a substance. The mass of a compound, for instance 
is a purely additive property. Few properties are entirely additive. 
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investigations have been made into the absorption of gases 
by salt-solutions, but no results of general applicability 
have been obtained. Buchanan ' measured the solubility 
of carbon dioxide in solutions of calcium and magnesium 
sulphates; varying results were found according as the 
solutions were freshly prepared or were allowed to remain 
saturated with the gas for some days. The investigations 
of Kumpf^ and of Goodwin' have not led to any far- 
reaching conclusions. The whole problem will approach 
solution when the behaviour towards salt-solutions of gases 
which exert no chemical action on the solutions is studied 
carefully and exhaustively. 

12. Solutions in mixed liquids. — From a series of ex- 
periments on the absorption of carbon dioxide in sulphuric 
acid, Setschenoff ■• drew the noteworthy conclusion that the 
absorption-coefficient of pure sulphuric acid is the same as 
that of water, and that the coefficient of the acid rapidly 
decreases on adding water, A minimum value is found for 
the acid approximately of the composition H2SO4, Sfi ; the 
absorption then increases on addition of water. The values 
were as follow : — 



H,SO, 


+ ^^0 


+ JH,0 


+ 11^0 


+ 2H,0 


+ 58a,0 


•923 


•852 


■719 


•666 


•705 


•857 



Setschenoff seeks for an explanation in the fact that the 
absorption of the carbon dioxide and the hydration of the 

Properties which are dependent on the arrangement ot the constituents of a 
substance, or on its constitution, are called constitutive ; the boiling-point 
of a chemical compound is partly an additive, partly a constitutive, 
property ; the optical activity of a compound is a constitutive property. 
A third group of properties, the connexion of which with the nature of this 
or that substance is neither of an additive nor a constitutive character, are 
called coUigative : these properties have equal values for chemically com- 
parable quantities of the most different substances. The volume occupied 
by a homogeneous substance in the gaseous state is a coUigative property ; 
chemically comparable quantities of the most different gaseous substances 
have equal volumes. — Translator. 

> Proe. B. S. 22, pp. 192, 483 [1874]. 

' ZHssertaticm, Graz, 1881 ; abstract in Beiblatter for 1882, p. 276. 

' Berichte, IS, p. 8039 [1882]. 

• M6m. Akad. Pitersh. 22, p. 102 [1876]. 
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sulphuric acid proceed equally. 0. Miiller ' made very 
similar observations with mixtures of water and alcohol. 
The addition of alcohol to water causes a decrease in the 
absorptive power of the liquid, although alcohol has a much 
larger absorption-coefficient than water ; a minimum is 
reached on adding more alcohol, and the absorption then 
increases until it reaches the value for pure alcohol. The 
minimum is situated at about 30 per cent, alcohol by 
weight ; the experiments were not accurate enough to fix 
the minimum with certainty. 0. Lubarsch ^ found very 
similar results in studying the absorption of oxygen, hydro- 
gen, and carbon monoxide, by aqueous alcohol ; at about 
30 per cent, each absorption-coefficient reached a minimum. 
These facts show in a marked way the great influence which 
is exerted on the value of an absorption-coefficient by the 
nature of the liquid. 

13. Volume-changes of the liquid during the absorption of 
gases. — The earliest accurate measurements of the changes 
of volume and specific gravity which liquids undergo, when 
they absorb gases, were made in the last quarter of the 
eighteenth century by Bergmann.^ In the early years of 
the present century, Thomson found that 1 volume water, 
on saturation with ammonia, becomel 1"666 vols., and be- 
comes 1-5 vols, on saturation with hydrochloric acid, 1'04 
vols, with sulphur dioxide, and 1'002 vols, with chloriae. 
Nothing more was done until 1863, when Deicke * examined 
the change of volume which accompanies the absorption 
of hydrochloric acid by water. Deicke's memoir has no 
general interest ; the numbers he found were smaller than 
those of Thomson ; the volume-change accompanying 
saturation was 48*7 per cent, of the water employedat 0°, and 
42'3 per cent, at 23°. Mackenzie and Nichols ^ conducted 
experiments on the changes of volume which water under- 
goes when it absorbs a gas, such as carbon dioxide, which 

• Wied. Ann-SI, p. 24 [1889]. ^ Ibid. 37, p. 524 [1889]. 

' Ojnisc. 1, p. 9. * Fogg. 119, p. 156 [1863]. 

» Wied. Ann. 3, p. 134 [1878]. 
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is only slightly soluble. The apparatus consisted of a flask 
completely filled with water, and having a smaller flask at- 
tached by a tube fitted with a stopcock. The smaller flask 
■was weighed before the absorption began, and again at the 
close of the experiment ; the increase in weight gave the 
increase in volume of the water (the smaller flask was fur- 
nished with a calcium chloride tube, to prevent loss of water- 
vapour). It appeared that the expansion of the water, 
consequent on saturation with carbon dioxide, was propor- 
, tional to the absorption-coefficient — in other words, was pro- 
portional to the quantity of gas ; the expansion amounted 
to -002144 of the total volume at 2°, and to -00101 at 32° ; 
the expansion diminished (like the absorption-coefficient) 
as temperature increased. The absorption-coefficient was 
1-002 at 1 5°, the expansion was -001378. If this is calculated 
as entirely due to the carbon dioxide, the specific gravity of 
this compound becomes about 1-437 (as 1-002 litres C Oj = 
1-987 millgm.) ; this number is more probably too large than 
too small. 

K. Angstrom extended the measurements to a greater 
number of gases.' He used a large dilatometer connected 
with the lower part of the vessel in which the absorption 
proceeded, and bent so as to be parallel with this vessel. 
The dilatometer was filled with water and mercury ; by 
warming and cooling, a measured quantity of gas was 
brought into the vessel ; after absorption and establishment 
of the original temperature (0°), the increase in volume was 
read off directly on the dilatometer-tube. The results 
obtained showed that the increase in volume attending suc- 
cessive additions of gas was proportional to the quantity of 
the gas ,- the same result had been arrived at previously by 
Nichols and Mackenzie for carbon dioxide, and by Nichols 
and Wheeler " for ammonia. The gases examined by Ang- 
strom were air, oxygen, hydrogen, carbon monoxide and 
dioxide. The smallness of the differences between the 
increases in a specified volume of water, when it absorbs 

' Wied. Ann. 15, p. 297 [1882]. ^ Phil. Mag. (5), 11, p. 113 [1881]. 
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different gases, is noteworthy. The following numbers are 
given by Angstrom ; they represent the relative increments 
of volume following the absorption by the liquid of a 
volume of gas equal to its own volume : — 



Nitrogen .... -00145 

Air -00140 

Carbon monoxide . . -00127 



Oxygen .... -00115 
Hydrogen .... -00106 
Carbon dioxide . . . -00125 



The corresponding values for a very soluble gas approach 
these numbers, but all of them are somewhat smaller. 
From these results it would follow that the specific gravity 
of the absorbed gas is nearly proportional to its specific 
gravity in the free state. 

Angstrom traces a connexion between the compressi- 
bility of the gas and the increase in volume of the solvent ; 
the less compressible gases produce greater volume-incre- 
ments. As the pressures which correspond with the 
decrease in volume of the gases consequent on absorption 
amount to from 2,000 to 3,000 atmospheres, only a portion 
of Natterer's measurements are available in these cases. 
The relation in question can be shown at present only 
approximately. The examination of the relation of these 
results to the molecular volume of the gas (b in the equa- 
tion of van der Waals, see p. 7) is of great interest. A 
comparison with the value calculated by the formula of 
van der Waals (p. 7), or a corresponding formula given 
by Clausius, shows certain analogies and also differences. 
I give the values : B = expansion on absorption : — 

s b 

Oxygen .... -00115 -00089 
Nitrogen . . . -00145 -001359 
Hydrogen . . . -00106 -000887 
Carbon dioxide . . -00125 -000866 
o 

At a later time Angstrom examined the absorption 
by liquids other than water.' The following table gives 
the results in the same form as was used in stating the 
results for water {see above) : — 

' Wwd. Ann. 33, p. 223 [1888]. 
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Carbon dioxide 


Air 


Hydrogen 


Chloroform . 


■00188 


•00205 


•00160 


Nitrobenzene 






•00168 





— 


Water . 






•00130 


•00143 


•00106 


Benzene 






■00200 


•00216 


•00170 


Methyl alcohol 






•00184 


•00201 


•00157 


Ethyl alcohol 






•00185 


•00203 


•00152 


Ether . 






•00200 


•00240 


•00182 



The numbers in the three columns are nearly propor- 
tional, so that the volume-increments caused by the three 
gases in the different liquids are in the same ratio, and 
this is independent of the nature of the liquids. In these 
cases also, as in that of water, the smaUness of the differ- 
ences for the same liquid are noteworthy. 

It is well known that aqueous solutions of the easily 
absorbed gas, hydrogen chloride, bromide, iodide, &c., 
show contraction of volume on dilution with water ; in 
these cases the expansion attendant on absorption cannot 
be proportional to the quantity of gas absorbed, but must 
increase more slowly than the latter. 
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CHAPTEE III 

SOLUTIONS OF LIQUIDS IN LIQUIDS 

1. Generalities. — In contradistinction to gases, each of 
■which can mix with every other to form an externally 
homogeneous whole, liquids show remarkable differences 
in their behaviour to one another, and these differences are 
dependent upon the nature of the liquids. Pairs of liquids 
may be divided into three classes. Those in the first class 
behave in the same way as gases ; the solubility of one in 
the other is unlimited, and the liquids form homogeneous 
mixtures in all proportions : water and alcohol, chloroform 
and carbon disulphide, are examples of such liquids. 
Those in the second class dissolve one another, but not in 
all proportions. For instance, ether dissolves in water ; 
but when more than one part ether is added to ten parts 
water> the excess of ether remains separate from, and 
insoluble in, the aqueous liquid. Similarly, ether dissolves 
about 3 per cent, of water ; there is a limit which cannot 
be passed by adding larger quantities of water. A solution 
of a little ether m water behaves towards other liquids like 
water ; a solution of water in ether shows the general 
properties of ether. Those pairs of liquids which are 
placed in the third class exert no mutual solvent action. 
There are very few combinations of liquids which belong 
strictly to this category. All those liquids must be excepted 
which show an appreciable vapour-pressure at the temper- 
ature of experiment. For, inasmuch as, speaking generally, 
all gases are soluble in liquids, a similar behaviour must 
be predicated of all vapours, from which follows the power 
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of one liquid to dissolve the vapour of another liquid. 
But a solution of the vapour is not to be distinguished 
from a solution of the liquid itself. The fact that water, 
which does not mix with volatile oils, acquires the smell of 
these oils when shaken with them, shows that the water 
dissolves some part, although it may be a very small part, 
of the oil. The division between the second and third 
classes varies, and is dependent to some extent on the 
fineness of the methods of analysis. In the same way, 
the division between the first and second classes is not 
fixed, but is dependent on the temperature. Liquids which 
are partially soluble at a specified temperature are some- 
times wholly miscible at other temperatures. 

2. Solutions of the first kind, — The properties of a mix- 
ture of hquids, speaking generally, are not those which the 
mixture would possess, did each constituent exert an influ- 
ence proportional to its quantity.*' For instance, the volume 
of a mixture of liquids is not the sum of the volumes of 
the constituents, but is generally smaller than the sum ; 
similarly with the optical, thermal, and other properties. 
To illustrate these points, I append a series of numbers, 
determined by Dupre, for a mixture of methyl alcohol 
and water ' : — 



Percentage 


Spec, heat. 


Capillarity. 


Sp. gravity at 10°. 


Compressibility. 


ot Alcohol 


DifE. 


DifE. 


Difl. 


Difl. 


10 


+ -0275 


-•254 


+ •0087 


-•0000113 


20 


•0425 


■294 


•0186 


194 


30 


■0516 


■296 


•0265 


276 


40 


■0589 


•271 


•0312 


298 


50 


•0548 


•235 


•0326 


B50 


60 


■0518 


■178 


•0313 


349 


70 


■0467 


■133 


•0275 


342 


80 


•0334 


•087 


•0208 


267 


90 


•0129 


•043 


•0114 


141 



The numbers under Diff. represent the differences 
between the observed values and those calculated on the 
assumption that each constituent influences the properties 

' Proc. R. S. 20, p. 336 [1872]. 
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in proportion to its quantity. The values for pure water 
are taken as unity, except in the last column, where the 
ordinary compression-coefficients are used. No regularity 
has yet been discovered in the deviations. Certain combi- 
nations of liquids, especially those of alcohol and water, 
have been examined very carefully without the discovery 
of any law expressing the influence of the quantity of either 
constituent on the properties of the mixture. The phe- 
nomena are extremely complicated; in some cases the 
direction of the deviations from the calculated mean is 
dependent in a marked way on the temperature. 

Instructive examples of the behaviour of these mutual 
solutions of liquids are to be found in the researches of 
Bussy and Buignet.' Water, alcohol, ether, acetic acid, 
carbon disulphide, chloroform, and turpentine were ex- 
amined ; no pair of these liquids mixed without change of 
temperature. The temperature-changes were sometimes 
positive, sometimes negative ; even with the same pair of 
liquids the change of temperature in some cases changed its 
sign. The numbers given in the memoir represent differences 
of temperature only, hence comparisons cannot be made 
between the quantities of heat produced; but it may be 
noted that the greatest lowering of temperature (5*6°) 
occurred on mixing equal volumes of alcohol and carbon 
disulphide, and the greatest rise (14"4°) occurred with ether 
and chloroform, while ether and turpentine mixed with 
scarcely appreciable change of temperature. Six equivalents 
of chloroform mixed with one equivalent of alcohol with a 
fall of temperature =2-5°; when the proportions were 
1^ : 1 equiv. no change of temperature occmrred ; and the 
mixture of 1 equiv. chloroform with 4 equivs. alcohol was 
attended with a rise of temperature=4-65°. 

Changes of volume occur along with changes of tem- 
perature; these are sometimes positive and sometimes 
negative, i.e. the substances sometimes expand and some- 
times contract. The volume of the mixture is generally 

' Ann. Chim. Phys. (4), 4, p. 5 [1865]. 
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smaller than the sum of the volumes of the constituents ; 
in a few cases there is an increase of volume, e.g. in mixing 
alcohol with carbon disulphide, or chloroform with carbon 
disulphide. It cannot be affirmed that there is an ascer- 
tainable connexion between the thermal change and the 
change of volume, inasmuch as there are mixtures which 
contract and produce heat, and there are also mixtures 
which contract and at the same time become colder. F. 
Guthrie ' examined many cases ; no generalisation could be 
deduced. 

One can only guess as to the causes of these phenomena, 
and as to the ways in which the molecules of liquids act on 
one another when solution occurs. It is evidently a condi- 
tion of miscibihty that the work required to break through 
the common separating surface should be less than the 
mean kinetic energy of the molecules of the liquids ; when 
this is so, the separating surface must disappear. There 
appear to be forces of attraction between the heterogeneous 
molecules ; but of the nature and magnitude of these forces 
nothing is known. 

3. Solutions of the second kind. — The number of those 
liquids which are miscible only within definite limits is 
much greater than that of those which mix in all propor- 
tions. The process is always reciprocal : a liquid which 
can dissolve another partially, is also always taken up, 
more or less, by this other liquid. For instance, a mixture, 
in arbitrary proportions, of water and ether is separated, 
by shaking, into two layers, the lower of which (the aqueous 
solution) contains 10 per cent, ether, while the upper (the 
ethereal solution) contains 3 per cent, water; it is only when 
one of the constituents falls below these limits that a single 
layer is formed. The number of memoirs concerning such 
liquids is not great. Abascheff ^ seems to have been the 
first to carry out researches of a general kind in this direc- 
tion. 

' Phil. Mag. (5), 18, p. 495 [1884]. 

' Becherch. sur. la Dissol. mut. des Liqmdes : Moscow, 1857. 
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As this memoir is inaccessible to me, I can state only 
what is to be found in the abstract.^ According to this 
author, liquids which are only partially miscible at low 
temperatures are sometimes completely miscible at higher 
temperatures. The numerical data do not seem to be very 
accurate (e.g. ether is said not to dissolve any water) ; I 
append a few, which are given for the ordinary tempera- 
ture : — 

100 vols, water dissolve 9'5 vols, ether 

water dissolve 9-0 vols, ethyl acetate 

alcohol ('829) dissolve 40 vols, turpentine 

alcohol (-829) dissolve 40 vols, carbon disulphide 

ether dissolve vols, water 

ethyl acetate dissolve 5 vols, water 

turpentine dissolve 8 vols, alcohol 

carbon disulphide dissolve 7 vols, alcohol. 

Abascheff found that solution was attended now with 
rise, and now with fall, of temperature. 

Another Eussian investigator, W. Alexejefif,^ has pub- 
lished further experiments. He finds very complicated 
relations : for instance, the solubility of amyl alcohol in 
water decreases as temperature rises, but the solubility of 
water in this alcohol increases with increase of temperature : 
the solubility of butyl alcohol in ethyl acetate decreases as 
temperature increases ; but there is a minimum, after which 
the mutual solubihty increases. Phenol becomes more 
soluble in water as temperature is increased ; at 80° the 
liquids mix in all proportions. Complete miscibility is 
reached in many cases at high temperatures; ^ water 
and isobutyl alcohol mix in all proportions at 116°-123°, 
water and cresol at 118-^19°, water and aniline at 114°. 
This last result is to be found in a more recent contribu- 
tion,'' where it is said that the statement holds good for all 
liquids which dissolve one another ; bromine and ether in 

' Jah/resber. 1858, p. 52. 

' Berichte, 8, p. 265 ; 9, pp. 1442, 1810 ; 12, p. 2172 : collected together 
in Wied. Ann. 28, p. 305 [1886]. 

' Cfrnn. Centralblatt, 1882, p. 763. ' Ibid. 1882, p. 328. 
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■water are exceptions, because these liquids vaporise before 
complete miscibility is reached. 

It is to be noted here that van der Waals deduced the 
complete miscibility of all Uquids, under certain conditions, 
one of which was a sufficiently great pressure : according to 
Alexejeff, however, pressure exerts no special effect. The 
whole phenomena remain, as yet, in the first stage of their 
elucidation. 

It may be urged on behalf of the conclusion arrived at 
by Alexejeff that the miscibility of gases is independent of 
the nature of the gases ; and that this property seems to 
be retained at the critical points. Hence it may be sup- 
posed that when liquids approach the gaseous state by being 
heated they will also approach the condition of complete 
miscibility. The views of van der Waals are not really in 
opposition to those of Alexejeff. 

The observations which Alexejeff made with salicylic 
acid are especially interesting.' This acid melts at 151° ; 
when placed under boiling water it becomes liquid and 
combines with the water ; and when this liquid is heated 
with water in a sealed tube a few degrees above 106°, it 
becomes miscible with the water in all proportions ; on 
cooling, liquid hydrated acid separates from the water, and 
on standing, this acid crystallises. From all the solutions 
formed by heating above 100°, when sufficiently saturated, 
the liquid acid separates ; but the crystalline acid separates 
from solutions made at the ordinary temperature ; the 
solubility of the liquid acid is therefore much greater than 
that of the crystalline acid. 

The curves of fig. 3 give a picture of the behaviour of 
partially miscible liquids. The abscissas represent tem- 
perature ; the ordinates, percentages of the dissolved sub- 
stances in 100 parts of the solution. Solution of water 
and phenol = a ; water and salicylic acid = b ; water and 
benzoic acid = c ; water and aniline phenolate = d ; water 
aiid aniline = e. It is seen that there are always two 

' Chem. Centralblatt, 1882, pp. 677, 763. 
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definite proportions of the substances corresponding with 
a state of equilibrium at low temperatures ; the solution 
with smaller ordinates is the solution of the substance in 
water, that with larger ordinates is the solution of water 
in the molten substance. 

The two solutions become more alike as temperature 
increases, until they are identical; from that point the 
liquids are completely miscible. The two branches of the 
curves may have different positions ; it is especially notice- 
able that, in some instances, the lower branch at first falls 
till it reaches a minimum, after which it rises. 



f=e=^ 












1 








I — ] 


i— 




1 — 1 




— — 


-^ 


—A 






' 




c - 


^ 








=^ 


^ 


■- 








^ a 


a. 
















■~^ 


\ 


-^ 


\ 






V 


\ 










'^^ 




^ 


*^ 








\ 




\ 






\ 


'-' „ 














N, 




\ 






\ 




X 




1 
















\ 






\ 




v 




\ 






















Cb 




J 




























J 






/ 




/ 




y 




J 














^ 


/ 




y 




y 




^ 






/ 










' 




A- 


i— 




H- 




— 


_J 


& 









JO 30 M W 



90 100 JIO 120 ao iiO ISO 169 J70 
FlQ. 3 



The method by which Alexejeff determined the mutual 
solubilities of liquids is very convenient. In place of pre- 
paring a saturated solution at a specified temperature, and 
analysing this, he placed weighed quantities of the liquids 
in a sealed tube, and, by repeatedly heating and cooling, he 
determined the temperature at which the contents of the 
tube became homogeneous. The general form of the curve 
of solubility can be ascertained by the performance of a few 
rough experiments, and then it is easy to choose proportions 
such that accurate estimations can be obtained. 

4. Evaporation of mixtures of lic[uids. — The three kinde 
of pairs of liquids which have been considered in reference 
to their mutual solubilities, differ also in reference to their 
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vaporisation. Liquids which do not mix do not influence 
one another in their evaporation. As shown by Magnus 
and Eegnault, the vapour-pressure in these cases is equal 
to the sum of the vapour-pressures of the individual liquids 
at the temperature of experiment. The saturated vapours 
of such liquids follow Dalton's law of partial pressures : 
neither liquid exerts any effect on the vapour of the 
other. 

The following table, from Eegnault's measurements,' 
shows the limits within which the law is applicable : — 

Mixtures of Caebon Disulphidb and Water 
Vapour Pressures 



Temp. 



8°85 
12°07 
18°85 
26°87 



8-48 mm, 
10-51 
16-20 
26-32 



Carbon disulphide 



189-2 mm. 
216-7 
285-2 
388-7 



Sum 



197-7 mm, 
227-2 
301-4 
415-0 



196-8 mm. 
225-9 
299-5 
412-3 



Diff. 

0-9 mm 
1-3 
1-9 
2-7 







Water and 


Benzene 






Temp. 

10°10 
15°26 
19°88 
22°53 


Water 


Benzene 


Sum 


Mixture 


DUE. 


9-23 
12-91 
17-26 
20-30 


47-0 
60-5 
75-7 
86-0 


56-2 

73-4 

930 

106-3 


54-9 

72-3 

91-5 

104-3 


1-3 mm. 
1-1 
1-6 
1-5 



The sums of the separate vapour-preasures agree to 
about 1 mm. with the vapour-pressures of the mixtur es ; 
the latter are always a httle smaller ; this agrees with the 
fact, noticed by Eegnault, that deviations of the same order 
of magnitude as these occur in the vapour-pressures of 
single Hquids when vaporised in gases. 

By reason of the applicability of Dalton's law of partial 
pressures, the behaviour of non-miscible liquids on boiling 
and distilling is perfectly definite. The temperature of the 
boiling mixture is that at which the sum of the vapour- 



Pogg. 93, p. 570 [1854]. 
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pressures of both parts is equal to the outside pressure ; 
this temperature is therefore necessarily lower than that 
at which the more volatile liquid boils. The last-mentioned 
fact does not generally become apparent by simply heating 
the mixture, because it is readily prevented from boiling, 
and it bumps vigorously; also, should the more volatile 
layer be lighter than the other, it is this layer only which 
boils. On the other hand, perfectly regular results are 
obtained by following Kundt's method of leading the vapour 
of one of the boiling liquids into the other ; ^ it does not 
matter which is used as vapour and which as Hquid. The 
proportion between the quantities of the two substances in 
the vapours is conditioned by the ratio of the two vapour- 
pressures at the temperature. 

If ^1 and ^2 are the vapour-pressures, then the volumes 
of the two substances in the vapour are in the proportion 
p^ : j>2, and the quantities by weight are in the ratio 
jp, di ; p^ d,, where di and d^ are the vapour-densities of the 
two substances ; the portions which distil over, q^ and q^, 
follow the law, ^i : q2=Pidi '• Pi^r ^^i^ relation was 
pointed out for the first time by Gay-Lussac ; ^ it was 
established by Wanklyn,^ but not for the case to which it is 
strictly applicable, but for a special instance of the distilla- 
tion of miscible liquids. Soon afterwards, Berthelot * stated 
the same relation ; he also applied the statement to miscible 
liquids, but at the same time he noted that these liquids 
did not quite obey the law. Both series of experiments show 
that the more volatUe liquid does not distil over first, under 
all circumstances ; if the vapour-density of the less volatile 
liquid is considerably greater, the quantity by weight of 
this liquid which distils over may be greater than that of 
the more volatile liquid, although the volume of the more 
volatile liquid in the vapour is greater. 

After Pierre and Puchot (see next paragraph) had esta- 
blished the constancy of the proportion of the liquids 

' Pogg. 140, p. 489 [1870]. ^ Ann. Chim. Ph/ys. (2) 49, p. 396 [1832]. 

' Proc. B. S. 12, p. 534 [1863]. ' Compt. rend. 67, p. 430 [1863]. 
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distilling over from two partially miscible liquids, A. 
Naumann ^ applied this result to immiscible liquids ; he also 
pointed out how the process might be used for finding 
vapour-densities. When the vapour-pressures are known, 

the relation is d. : ci = ii ±^. The vapour-pressure can 

Fi Pi 
be calculated from the difference between the boiling-point 

of the mixture and that of one constituent, if the vapour- 
pressure of this constituent (e.g. water) is known at both 
temperatures. For instance, Naumann got the following 
results : 

t, I. n. III. 

Nitrobenzene . . .99° 21 19-8 19-4 

Ethyl benzoate . . . 99-1 — 15-2 15-9 

Naphthalene . . . 98-8 (20) 22 18-7 

Column I. contains the vapour-pressure determined 
directly ; column n. contains the vapour-pressure, calculated 
from the difference between the boiling-points, with the aid 
of the vapour-pressure of water ; column iii. contains the 

•^ vapour -pressure calculated by the equation d. : d„ = ^ : 'b. 

•^5 A p^ p^ 

The values are not very accurate ; this is to be expected, as 
neither does the sum of the vapour-pressures exactly equal 
the actual vapour-pressure, nor is the assumption of the 
normal value for the density of water-vapour strictly 
allowable under these conditions. 

5 . Distillation of partially miscible liquids. — The laws which 
express the behaviour, on boiling, of liquids which are not 
miscible one with the other, hold good in part for liquids 
which are partially miscible. The constituents of the 
vapours coming from boiling partially miscible liquids bear 
a constant proportion to one another, and this propor- 
tion is independent of the proportion in the liquid, gene- 
rally speaking as long as two separate layers are maintained. 
As long as this condition is fulfilled, distillation proceeds at 
a constant temperature ; but, differently from what occurs 

' Berichte, 10, pp. 1421, 1819, 2014, 2099; 11, p. 33 [1877-78]. 
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with immiscible liquids, this temperature is higher than it 
would be were it dependent only on the sum of the vapour- 
pressures of the two liquids ; in other words, the actual 
vapour-pressures of such mixtures are smaller than the sums 
of the vapour-pressures of their constituents at the same 
temperature. Again, whereas the common boiling-tempera- 
ture of a mixture of two immiscible liquids is always lower 
than the boiling-point of the more volatile liquid, the 
boihng-temperature of two partially miscible liquids may be 
higher than, or the same as, or lower than, that of the 
more volatile constituent ; the last case is the most common. 
The occurrence of one or other of the possible cases depends 
upon the difference between the boiling-points of the con- 
stituents of the mixture, and also on the diminution of 
vapour-pressure caused by the reaction of these constituents. 
The greater the mutual solubility of the two liquids, the 
greater may be expected to be the diminution of the 
common vapour-pressure from the sum of the vapour- 
pressures of the constituent liquids. Por the specific 
vapour-pressure of a hquid is always decreased by dissolving 
a foreign substance in the liquid. The magnitude of the 
decrease depends on the molecular weight of the dissolved 
substance (this part of the subject will be considered later) . 
The foregoing relations were observed and fully de- 
scribed by J. Pierre and E. Puchot,' in 1872. Experiments 
were made with mixtures of water with amyl alcohol, butyl 
alcohol, amyl valerate, butyl iodide, ethyl iodide, butyl 
butyrate, and propyl propionate. The boiling-point was 
generally below 100° ; in the case of water + amyl valerate 
the boiling-point was 100° to 100-1°. Constant quantities of 
the two liquids always distilled over, and neither the propor- 
tion nor the temperature changed so long as bothliquids were 
present in the retort. I do not give the authors' actual 
numbers ; they are only approximately correct, and they 
are not brought into connexion with other properties of the 
mixtures of liquids. 

' Ann. Chim. Phys. (4), 26, p. 145. 
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Experiments conducted byD. Konowaloff' have thrown 
more light on the subject of the distillation of partially 
miscible liquids. It may be asked how the under liquid of 
the two can exert an influence on the vapour-pressure, 
as it is hermetically cut off, by the upper layer, from the 
space containing vapour. Konowaloff has shown that a 
solution of liquid b saturated with liquid a. at a specified 
temperature exerts the same vapour^ressure at this temperature 
as a solution of a saturated ivith b. It is therefore im- 
material which liquid is the upper and which the under. 
Konowaloff has given a proof of the foregoing statement 
which is both theoretical and practical. Some of his ex- 
perimental results are given here : — 

Ether with Water Water with Ether 

Saturated Saturated 

Temp., 19-8° vapour pressure = 432'2 vapour-pressure = 430-1 

Ether, Methyl alcohol, and Water 

Ethereal solution Aqueous solution 

Temp., 15-6° vapour-pressure = 359-1 vapour-pressure = 358-5 

Ethyl alcohol, Water, and Potash 

Alcoholic solution Aqueous solution 

Temp., 16-7° vapour-pressure = 32-35 vapour-pressure = 32-5 

The necessity of such a law as that given by Konowaloff 
can be deduced from first principles. Let fig. 4 represent a 
ring-shaped hoUow space, contain- 
ing a saturated solution of water in 
ether at a, and a saturated solu- 
tion of ether in water at h, and let 
c contain the vapour of these 
liquids ; then, if the vapour over 
a exerted a different pressure, or 
were of a different composition, 
from that over h, distillation or 
diffusion would take place from ^^'^'^ 

one side to the other, and this would proceed without 
cessation, inasmuch as the hquids would continuously 

' Wied. Ann. 14, p. 219 [1881]. 
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compensate one another by diffusion. We should have a 
case of perpetual motion, which is impossible. 

As regards the distillation of solutions which have be- 
come homogeneous by a large preponderance of one consti- 
tuent, it is to be noted that the vapours of such solutions 
at first contain both constituents nearly in the same pro- 
portion as in the vapour from heterogeneous mixtures ; but 
as distillation proceeds the proportion of the liquid present 
in smaller quantity in the solution rapidly falls off, and 
before long the other liquid remains more or less pure. It 
matters not whether the liquid present in large quantity is 
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Fig. 5. — Water and isobutyl alcohol 

lighter or heavier than the other. The proportions in ques- 
tion are best set forth by representing, as Konowaloff has 
done, the vapour-pressure at a specified temperature as a 
function of the proportional quantity, and doing this by 
means of a curve the abscissae of which are percentage 
quantities and the ordinates are pressures. Such curves 
are given in fig. 5 for mixtures of water and isobutyl alcohol. 
As the quantity of alcohol increases, the curve quickly rises 
to a maximum, whereat it remains constant until about 90 
per cent, alcohol is present, when it falls to the pressure of 
pure alcohol. From 10 to 90 per cent, alcohol, the condi- 
tion of the vapour is independent of that of the liquid ; from 
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this follows, immediately, the constancy of the composition 
of the distillate, as observed by Pierre and Fuchot. 

There is a conclusion to be drawn from the results of 
Konowaloff which he did not himself directly state. The 
proportional quantities of the two liquids present when one 
liquid is saturated with the other must be the same as those 
present when the curve of vapour-pressures changes from 
a straight to a curved line. The proof of this is found in 
the equality of the vapour of both saturated solutions, as 
has been pointed out already. 

6. Distillation of lic[uids wMeh are misoible in all propor- 
tions. — This operation is of common occurrence in practical 
chemistry ; it is the generally employed method for separa- 
ting liquids of different boiling-points, the various distillates 
which come over at different temperatures being collected 
separately. This separation by ' fractional distillation ' 
depends on the fact that the composition of the vapour 
coming from a homogeneous mixture of liquids differs from 
that of the residual liquid in the sense that the vapour 
contains more of the more volatile than of the less volatile 
liquid. The more volatile portion of the mixture is con- 
centrated in the distillate by condensing the vapour ; and a 
nearly complete separation of the two constituents may be 
effected by repeating the operation. 

The common vapour-pressure of liquids which are 
mutually soluble in all proportions does not follow the 
simple law which holds good for other mixtures, but shows 
very varying relations which depend upon the reactions of 
the liquids on one another and on the vapour. The fact 
may be emphasised at once that no noticeable action occurs 
betiveen the vapours themselves. Bineau ' found, many years 
ago, that the vapour-density of aqueous hydrochloric acid, 
containing 22 per cent, of the acid, which solution distils 
unchanged, shows that no contraction has occurred between 
the water-vapour and that of the hydrochloric acid ; the two 
gases mix like indifferent substances without combining. 

■ Ann. Chitn. Phys. (2) 68, p. 422 [1838]. 
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By expressing (as was done before) the vapour-pressures 
as functions of the percentage composition in the form of 
curves, the change from the typical incompletely miscible 
liquids (fig. 5) to those that are miscible in aU proportions 
is made evident. 

The common vapour-pressure is never equal to the sum 
of the individual pressures ; nor need it lie between this 
sum and the higher or lower single pressure, although this 
case occurs frequently, but it may fall considerably beneath 
the value of the lower single pressure. I give the charac- 
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Fig. 6. — Water and propyl alcohol 



Fig. 7. — Water and ethyl alcohol 



teristic curves, from KonowalofPs measurements.' The form 
of the curve for water and propyl alcohol is still similar to 
that for water and isobutyl alcohol (fig. 5). The two 
constituents dissolve in one another in all proportions ; 
there cannot, then, be a horizontal part of the curve 
where the vapour-pressure is independent of the composi- 
tion, but the common vapour-pressure reaches a maximum 
between 70 and 80 percent, of alcohol (fig. 6). No maxi- 
mum is reached in the case of ethyl alcohol (fig. 7) ; this 
property of reaching a maximum disappears also in the case 



Wied. Ann. 14, p. 34 [1881]. 
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of methyl alcohol (fig. 8) ; and with formic acid the opposite 
extreme is reached, the curve changes its convexity, and 
reaches a minimum at about 70 per cent, of formic acid, i.e. 
the pressure of the mixture remains lower under all cir- 
cumstances than that of each constituent, and reaches 
the smallest value at a certain proportion of the consti- 
tuents. 

Conclusions regarding the behaviour of mixtures on dis- 
tillation may be drawn from the foregoing considerations. 
Mixtures belonging to the type of propyl alcohol-water— i.e. 
those the vapour-pressures of which attain a maximum — will 
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Fig. 8. — Water and methyl alcohol 



Fia. 9.- —Water and formic acid 



give off vapour at the beginning of the distillation which 
contains the constituents nearly in the proportion corre- 
sponding with the maximum vapour-pressure, while the 
composition of the residue will differ from this. By repeated 
distillation, the final state of affairs will be that a low-boil- 
ing distillate with the highest vapour-pressure will be 
obtained, while that liquid remains which was in excess 
with respect to the mixture boiling with maximum vapour- 
pressure. For instance, if a mixture of 50 per cent, propyl 
alcohol and 50 per cent, water is distilled, a distillate 
richer in propyl alcohol is obtained, and, after repeated 

e2 
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operations, a low but constant. boiling mixture witb 75 per 
cent, alcohol, while water remains. Propyl alcohol of 90 
per cent, gives a distillate containing 75 per cent, alcohol, 
and leaves pure propyl alcohol in the retort. The condi- 
tions which prevail may be made plain by keeping before 
one the fact that every mixture of propyl alcohol and water 
boils at a lower temperature than either constituent alone, 
and the mixture with 75 per cent, alcohol has the lowest 
boiling-point and greatest vapour-pressure ; this mixture 
must be isolated on fractionating. 

Mixtures belonging to the ethyl or methyl alcohol- water 
type suffer, generally speaking, a complete separation when 
fractionally distilled, because the boiling-points of all possible 
mixtures lie between those of the constituents. It is, how- 
ever, much easier to free water from alcohol by distillation 
than to free alcohol from water, because — and this is 
indicated by the form of the curve — a small quantity of 
alcohol in water exerts a much greater effect on the vapour- 
pressure, and, therefore, on the boiling-point, than a small 
quantity of water in alcohol. 

Finally, formic acid is a case wherein is shown the 
greatest mutual influence of the constituents ; the vapour- 
pressures of the mixture are all under, and the boiling- 
points are all above, those of the constituents, and naturally, 
therefore, a mixture results with the lowest vapour-pressure 
and the highest boiling-point. On distUlation there will 
always be a tendency for this mixture to remain in the 
retort, while either water with a little formic acid (in the 
case of dilute solutions), or nearly pure formic acid, will 
distil over. In this case, a mixture in the proportion cor- 
responding to the maximum boiling-temperature cannot be 
separated by distillation; jUst as in the case of propyl 
alcohol, a mixture with the minimum boiling-point could not 
be separated by this means. 

7. Aqueous solutions of acids with constant boiling-points. 
— The fact that mixtures of certain liquids cannot be 
separated by distillation has been known for long ; a careful 
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investigation of some cases was conducted by Eoscoe.^ 
Certain aqueous solutions of acids had been regarded as 
definite hydrates,— HCl. SH^O, HNO3. ^H^O, &c. ; butEoscoe 
showed that neither were the proportions of water and 
acid those required by any simple atomic formula, nor did 
the composition remain the same when pressure varied. In 
the case of nitric acid, the same residue was always 
obtained, with the maximum boiling-point, whether a more 
or a less concentrated acid was distilled ; but this residue 
contained 66-7 per cent. HNO3 if the boiling was conducted at 
75 mm. pressure, 68 per cent. HNO3 at760mm.,and68"6 per 
cent.HNOg at 1,200 mm. pressure. Similar numbers were 
obtained when a dry stream of air was passed through the 
acid at 60° and 100° ; such a process is equivalent to boiling 
at the same temperature, inasmuch as the partial pressure 
of the liquid evaporating into the air is equal to the total 
pressure under which boiling takes place at the tempera- 
ture in question. 

The same kind of phenomenon occurs with hydrochloric 
acid; ^ only in this case the quantity of acid in the residue 
decreases, as temperature and pressure increase, from 23"2 
per cent, at 50 mm., to 20-24 per cent, at 760 mm., and 
18 per cent, at 1,800 mm. pressure. Hydrobromic and 
hydriodic acids behave similarly. Hydrofluoric acid, on 
the other hand, like nitric acid, gives a residue which is 
richer in acid at high than at low temperatures. 

These cases agree in all respects with that of formic 
acid measured by Konowaloff ; the aqueous acids with con- 
stant boiling-points are mixtures, the vapour-pressure of 
each of which is at a minimum, and the boiling-point is 
at a maximum. This relation is shifted in the direction of 
greater concentration, as pressure increases in the cases of 
nitric and hydrofluoric acid ; in the cases of hydrochloric; 
hydrobromic, and hydriodic acids it is shifted in the 
opposite direction. It is possible to suppose the existence 

' Annalen, 116, p. 203 [I860]. 

'' Eoacoe and Dittmar : Annalen, 112, p. 327 [1859]. 
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of combinations of liquids in which the minimum vapour- 
pressure should always occur, independently of the magni- 
tude of the pressure, at the same percentage composition ; 
such combinations would show no differences in the compo- 
sition of the residues formed at different pressures and 
different temperatures. 
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CHAPTEE IV 

SOLUTIONS OF SOLIDS IN LIQUIDS* 

1. Generalities. — Many solid bodies react with liquids so 
that both combine to form a homogeneous liquid ; in these 
cases the solid is said to dissolve in the liquid. The quan- 
tity of solid dissolved may vary from nothing to a certain 
limit, after which the solution has no further effect on the 
solid ; when this limit is attained the solution is said to be 
saturated. The limit depends on temperature ; when tem- 
perature is changed, either some of the dissolved solid 
separates out, or the liquid dissolves more of the solid. 
Decreasing temperature is generally accompanied by sepa- 
ration of some of the dissolved body ; raising temperature 
generally produces solution of more solid ; there are, how- 
ever, several exceptions to these rules. 

Solutions which are saturated at a specified temperature 
are obtained, either by agitating the liquid, at this temper- 
ature, in contact with the solid, until the latter ceases to be 
dissolved, or by dissolving more of the solid at another tem- 
perature, and then allowing the solution to remain at the 
specified temperature until separation of the solid ceases. 
As many substances dissolve so slowly that a long time must 
elapse before saturation is attained, the first method tends 
to give results which are too low. On the other hand, in- 
asmuch as solutions may contain more solid, at a given 

' This chapter is, for the most part, a translation of Chap. VIII. of Book 
v., entitled Solubility of Solids, of Ostwald's Lelvrhuch. Prof. Ostwald has 
requested that that chapter should be made use of in the present transla- 
tion. — Translator. 
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temperature, than they would do under normal conditions, 
the second method tends to give results which are too high. 
Solutions which contain more than the normal quantity of 
soHd are called supersaturated solutions. When a solid 
particle of the substance which is held in solution is 
brought into a supersaturated solution, separation of the 
dissolved solid proceeds until the normal state of saturation 
is reached. (See next paragraph.) Eegarding solutions 
with the object of finding the determinate part played by 
the solid substance, we find the fundamental law to be 
similar to that which holds good for vapour-pressures. 
Equilibrium is attained, under definite conditions of 
temperature and pressure, when the concentration, or 
specific density, of the solution which is in contact with 
the solid has attained a certain value ; equilibrium does 
not depend on the relative quantities of the solid and the 
solution. 

The great analogy between solution and evaporation has 
directed the attention of many investigators to this subject. 
Before the development of van 't Hoff's theory, one had to 
be content with the general analogy, without following this 
up any farther. Since, however, the theory in question has 
familiarised us with the notion of connecting a definite pres- 
sure, viz. the osmotic pressure (see next Chapter), with a 
dissolved substance, just as a definite pressure accompanies 
every substance in the state of vapour, the comparison of 
the two phenomena has become complete, and the accurate 
application of the general formula for vapour-pressures to 
solutions has been made possible. The development of the 
theory of van 't Hoff in this direction is due, in great 
measure, to W. Nernst,' who ascribes to a substance in 
solution a certain solution-pressure, in all respects analogous 
with vapour-pressure. 

I" The molecular conception which we are able to form of 

i the process of solution, and of the existence of a solution- 

I pressure, is connected on one side with the theory of the 

' Zeitschr. fur physikal. Ohemie, 4, p. 150 [1889]. 
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mutual solubility of liquids, and on the other side with that 
of the processes of melting. By reason of their thermal 
energy, the molecules of a solid tend to separate from one 
another ; this tendency is counteracted by the internal pres- 
sure, which acts, normal to the surface, towards the interior, 
and is existent in solids as well as in liquids. /When a solid 
is brought into contact with a liquid which exerts an action 
on the molecules situated on the surface of the solid the 
internal pressure is diminished, and a number of molecules 
of the solid are removed from the surface and find themselves 
in the interior of the liquid. This j)roc.ess- continues, untit 
_Jt]ia-a«mfeer-&f-md:©etiles passlng^from the liquid to the soUd, 
and remaining there, is equal to the number of molecules 
leaving the surface of the solid. As the stationary equili- 
brium thus attained is conditioned, solely, by the processes 
which occur at the surfaces in contact, it is independent of 
the relative quantities of the two components. ' 

2. Supersaturated solutions. — When the concentration 
of a homogeneous solution of a solid is brought near to the 
saturation-point, by evaporation or change of temperature, 
without the presence of any solid matter, there is, generally 
speaking, no reason why solid should separate, even if the 
quantity in solution should exceed that corresponding with 
saturation. For the establishment of saturation is related, 
solely, to the equilibrium between solid and dissolved sub- 
stance; and if the soHd is not present, the cause of the 
production of this definite equilibrium is absent. It is, 
therefore, possible to prepare a solution of any soluble 
substance which shall contain more of the solid than corre- 
sponds with the conditions of equilibrium when there is no 
solid matter in contact with the solution. When such a solu- 
tion comes into contact with a minute particle of the solid, 
equilibrium is upset, and solid separates, until the quantity 
in solution corresponds with the specific solution-pressure of 
the solid. Solutions of this kind are said to be supersatu- 
rated ; their behaviour is analogous in all respects with that 
of supercooled liquids. The conditions for the production 
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of supersaturated solutions were well known in the eigh- 
teenth century ; they were laid down by Lowitz.' The older 
memoirs are gathered together in the fifth edition of 
Gmelin's Handbook (i. 8). The more recent investigators 
are Loewel,^ Terreil,^ Violette/ Gernez/ de Boisbaudran,^ 
Coppet/ Jeannel,* Dubrunfaut,^ van Menschbrugge/" 
Eeischauer," Baumhauer,'^ Tscherbatscheff," Liversidge," 
Tomlinson,'' and others. 

The general result of the investigations of these authors 
is that the only certain cause determining the cessation of 
the supersaturation of a solution is contact with a crystal 
of the dissolved substance. 

Facts which are of importance as regards the theory of 
solutions have been noticed during these investigations. 
Faraday and Ziz found that a supersaturated solution of 
Glauber's salt Na2S04. lOHjO, deposited crystals at a low 
temperature containing less than 10 molecules of water ; 
Loewel showed the crystals to be Naj SO^. THjO. The 
quantity of crystals increased on further lowering the tem- 
perature, and decreased if temperature were raised ; but 
the solution always remained supersaturated with respect to 

' Not}. Comm. Petropol. xi. 271 [1794] ; cited by Frankenheim in Pogg. 
lU, p. 3 [I860]. 

' Compt. rend. 30, p. 163 ; 32, p. 907 ; 34, p. 642 ; 35, p. 219 ; 40, pp. 481, 
1169 [1850-55] ; Ann. Chim. Phys. (3) 29, p. 62. 

" Compt. rend. 61, p. 504 [I860]. 

* Ibid. 60, pp. 831, 973 [1865] ; 76, p. 171 [1873]. 

' Ibid. 69, pp, 71. 298, 847 ; 60, pp. 883, 1027 ; 63, p. 843 ; 66, p. 853 ; 78 
p. 1705 ; 76, p. 566 ; 79, pp. 912, 1332 [1864-74]. 

« Ibid. 64, p. 1249 ; 66, p. Ill ; 66, p. 497 ; 68, p. 1329 ; 78, p. 450 ; 
79, pp. 802, 1074, 1491 [1867-74] ; also Ann. Chim. Phys. (4) 9, p. 183 ; 18, 
p. 246. 

' Comp. rend. 74, p. 328 ; 76, p. 434 [1872-73] ; also Ann. Chim. Phys. 
(4) 26, p. 539. 

» Compt. rend. 63, p. 606 ; 76, p. 486 [1866-73] ; also Ann. Chim. Phys. 
(4) 6, p. 160. 

» Compt. rend. 68, pp. 916, 1218 [1869]. •» Ibid. 76, pp. 45, 874 [1873]. 

" Annalen, 116, p. 116 [I860]. 

" J.farprakt. Chemie, 104, p. 449 [1868]. 

" Beiblatter, 1873. p. 1459. " Proc. R. S. 20, p. 497 [1872]. 

■» Phil. Mag. (4) 40, p. 295 [1870]; 44, p. 223 [1872]; also Proc. R. S. 
20, p. 41 [1871]. 
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Glauber's salt, and solidified on addition of the smallest 
fragment of this salt. This is a good example of the fact 
that the degree of saturation of a solution is dependent on 
the solid substance with which it is in contact ; the solu- 
tion in question is saturated with regard to NajSO^. 7HjO, 
but supersaturated with regard to NajSO^. lOHjO. Loewel 
gave a table showing the two orders of saturation. 

Crystals isomorphous with the dissolved substance destroy 
the condition of supersaturation. For instance, different 
hydrates of nickel sulphate, with different crystalline forms, 
separate from a supersaturated solution of this salt on 
addition of different salts of the composition MSO^. xHjO. 
Gernez ' made use of facts of this kind to separate dextro- 
rotatory or Isevorotatory tartrate, at pleasure, from a solu- 
tion of sodium-ammonium racemate. 

These facts all show that the state of supersaturation 
should not be regarded as abnormal. The properties of 
supersaturated solutions are by no means sharply separated 
from those of solutions which are not supersaturated. 

One of the earliest experiments on the continuity of the 
two conditions, which calls for notice, is the observation 
made by de Coppet,^ that the influence exerted on the 
freezing-point of the solvent by the dissolved salt in a super- 
saturated solution is of the same kind as that exerted by the 
salt in an unsaturated solution. We are now able to 
interpret this fact in the sense that no sudden change of the 
molecular magnitude occurs in the liquid in passing through 
the point of saturation. That the electrical conductivity 
suffers no irregular change when the point of saturation is 
passed has been shown by C. Heim,* following measurements 
made by Beetz ^ for zinc sulphate, and by F. Kohlrausch ^ 
for sodium sulphate. A similar result was obtained by 
K. Bindel," who determined the specific gravities, specific 

' Compt. rend. 63, p. 843 [1867]. 

' Ann. CMm. Phys. (4) 23, p. 366 [1871]. 

> Wied. Ann. 27, p. 643 [1886]. * Fogg. 117, p. 1 [1862]. 

' Wied. Ann. 6, p. 28 [1879]. « Wied. Ann. 40, p. 370 [1890]. 
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heats, and heats of solution, of supersaturated solutions 
of salts. 

All soluble substances are capable of forming super- 
saturated solutions; but some substances form these 
solutions much more readily than others. Glauber's salt, 
magnesium sulphate, alums, &c., form supersaturated solu- 
tions very readily ; but it is very difficult to produce 
supersaturated solutions of nitre or sal ammoniac. The 
cause of these differences is unknown. Generally speaking, 
hydrated salts readily produce supersaturated solutions, 
while salts which crystallise without water do not; but 
there are exceptions. There is certainly a connexion 
between the readiness to form these solutions and the 
readiness of salts to crystalKse in large, well-formed 
crystals. The solutions are supersaturated by evaporation 
and cooling ; solid separates ; if the supersaturation is 
easily effected, the separation of the solid occurs at a few 
points, and large crystals are formed ; but if separation of 
soUd follows sHght supersaturation, numerous small crystals 
are formed, and time is not given for these to grow before 
diffusion produces a supersaturated solution near them. 

3. Formation of crystals. — It is certain that the difference 
between the state of the smallest particles within the Uquid 
in which a crystal forms itself, and the smallest particles 
within the crystal, is greater than the difference which the 
change from the liquid to the solid state of necessity impUes. 
Besides the orderly arrangement of the molecules to form 
a crystalline network, combinations occur, at the moment 
of solidification, between the molecules of the dissolved 
substance, and also between these molecules and those of 
the solvent, and complex structures are thus formed, which 
did not exist, or existed only to a small extent, in the 
solution. There are numerous proofs of this. Solutions 
of a dimorphous substance which have been prepared from 
the various forms of the substance show no differences ; 
hence the act of solution must break down the special 
arrangement which conditioned the differences of form. 
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In the same way identical solutions are obtained from the 
various hydrates of a salt which crystallises in different 
forms with different quantities of water, provided the 
solutions are prepared so as to contain the same quantity 
of the anhydrous salt. Conversely, compounds of different 
forms, and different degrees of hydration, are obtained 
from certain supersaturated solutions by placing a crystal 
of the desired hydrate in the solution. The question 
whether hydrated salts exist in solutions in combination 
with their water of crystallisation is to be answered, in 
most cases, in the negative. The endeavours of many 
investigators to find proofs in favour of the existence in 
solutions of combined water of crystallisation have not led 
to results which can be received without objection ; these 
endeavours may therefore be passed over.' 

4. Influence of pressure on solubility. — In the opinion of 
Favre, pressure influences solubility only in so far as it 
brings about a rise of temperature. But K. MoUer ^ showed 
that change of pressure changes the solubility, independently 
of change of temperature. In the following data the numbers 
express parts of salt dissolved in 100 parts of water, at 
temperature t and pressure p (in atmospheres) : — 

Sodium Chlokide 



p^ 1 
20 
40 



35-59 
35-79 
35-96 



35-72 
35-84 



35-70 
35-84 
35-87 



35-78 
35-82 



35-81 
35-99 



36-01 
36-10 



SoDinM Sulphate 





(=0° 


IS" 


p= 1 


4-60 


12-76 




20 


4-74 


11-88 




30 




11-77 




40 




11-53 





' A few pages, concerning the growth of crystals, which follow here in 
the original are omitted. — Translator. 
' Fogg. 117, p. 386 [1862]. 
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Potassium Sulphate 





(=0° 


15-5° 


16-2° 


p= 1 

20 
30 


7-31 
7-68 
7-69 


10-19 
10-43 


10-32 
10-54 



The solubilities of sodium chloride and potassium 
sulphate increase as pressure increases, but the solubility 
of sodium sulphate decreases with increase of pressure. The 
influence of pressure in the case of sodium chloride is 
smaller the higher the temperature. 

Sorby ' obtained results similar to those of Moller. 
Sorby went a step farther, and connected the change of 
solubility accompanying change of pressure with the change 
of volume which occurs when the salt separates from the 
solution. If the solution of a salt is accompanied by expan- 
sion, and the separation by contraction, as happens with 
sal ammoniac, then the solubOity of the salt is decreased by 
diminishing the volume by external pressure ; on the other 
hand, if solution is attended with contraction, and separation 
of salt with expansion, as is generally the case, then the 
solubility increases as pressure increases. Sorby found that 
a solution of sal ammoniac saturated at 20° lost 1*045 per 
cent, of the dissolved salt at a pressure of 164 atmospheres. 
With salts which cause contraction on solution, he obtained 
the following results : — 





(1) 


(2) 


(3) 


W 


Sodium chloride 
Copper sulphate 
Potassium ferrieyanide 
Potassium sulphate . 
Potassium ferroeyanide 


13-57 
4-83 
2-51 

31-21 
8-90 


97 
60 
86 
63 
66 


-407 
1-91 

-288 
1-84 
1-64 


-419 
3-183 

-395 
2-914 

2-845 



Column (1) shows the expansions exhibited by the salts 
in crystallising from their saturated solutions, the volumes 
of the crystalline salts being taken as 100 ; (2) contains the 



Proc. B. S. 12, p. 538 [1863]. 
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pressures, in atmospheres ; (3) gives' the percentage in- 
creases of solubility (originally dissolved salt =100) at 
pressures in column (2) ; in column (4) are found the 
corresponding increases for a pressure of 100 atmospheres. 
Sorby adds a column in which is expressed the mechanical 
force produced by the crystallising of a one per cent, salt- 
solution ; as the process by which the numbers are gained 
is not clear to me, I have omitted this column. 

According to Sorby, the change of solubility by pressure 
is directly proportional to the change of volume on separa- 
tion of salt, and to the pressure, and is inversely propor- 
tional to the 'mechanical equivalent of the force of 
crystallisation ' ; so that the quantity of salt dissolved = 

S -I- -^i where 2?= pressure, c= volume-change on separa- 
m 

tion of salt, and m is a function of the mechanical equivalent 
of the force of crystallisation. This formula has not been 
proved as yet ; it does not seem to agree, as regards influ- 
ence of pressure, with MoUer's results ; much more experi- 
mental work is required before the small differences involved 
can be determined with accuracy. The decrease in the 
solubility of sodium sulphate, noticed by MoUer, is not in 
keeping with Sorby's rule, as this salt dissolves in water 
with contraction of volume. 

5. Investigations of Braun.' — The problem has recently 
been attacked by F. Braun, with the help of the dynamical 
theory of heat. I can give here only the most important 
results. The following equation holds good : — 

E (\ — p 1/ ^) = T i; v </) ; 

where B= increase of solubility produced by unit-increase of 
pressure, X=heat of solution, 2>= pressure, !<(/)= volume- 
change brought about by the solution of unit quantity of salt 
with volume <^, t = absolute temperature, ?;= increase of 
solubility produced by unit increase of temperature. The 

' This and several of the succeeding paragraphs have been eonside^bly 
condensed in the ir».ns\tAioa.— Translator. 
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quantities are all measured in absolute units. The processes 
occur with saturated, or nearly saturated, solutions. The 
equation does not assert that salts which dissolve in their own 
nearly saturated solutions with contraction always become 
more soluble at higher pressures, and vice versa, but that 
whether the change of solution shall be positive or negative 
depends in part on whether the heat of solution of the salt in 
the nearly saturated solution is positive or negative. As 
most salts dissolve with disappearance of heat, the most 
usual case is that referred to above. The constants for sal 
ammoniac are as follows : \ = —34-4 cal.,' <^=-6525, rj — 
•0026, T=273, i'=-356 ; measuring pressure in atmospheres, 
E becomes -000125. Solubility must therefore decrease 
with rise of pressure ; the decrease will be 1'25 per cent, for 
100 atmospheres. An experiment, in which the solution 
was surrounded with snow to prevent rise of temperature, 
showed an undoubted separation of crystals of sal ammoniac ; 
a quantitative estimation was not made, because there was 
no means at hand for measuring the pressure. The con- 
stants for sodium chloride are : X = — 2 cal., ^ = -4615, 
7} - -000222, T = 273, v= — -177 ; assuming X, 17, and ^ 
to remain constant, it follows that b is equal to '000061, and 
remains nearly constant for pressures up to 500 atmospheres, 
after which it decreases, and changes its sign at 1,530 at- 
mospheres. Experiments showed an increase of solubility 
with increasing pressure, and they also pointed to a decrease 
of solubility at very great pressures. Qualitative agreements 
were observed between the calculated and the observed 
results for alum and Glauber's salt. 

6. Influence of temperature on solubility. — That the 
solubilities of solids in liquids are affected by temperature 
has long been known. The first accurate investigation of 
this influence is found in a memoir by Gay-Lussac.^ In 
1843, Poggiale' made determinations of the solubilities of 
sixteen salts for intervals of 10°, but no general conclusions 

' Eeduced to absolute units by multiplying by 41-6 x 10". 

' Ann. Chim. Phys: (2) U. p. 296 [1819]. ' Ibid. (3) 8, p. 463 [1843], 
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could be drawn from his results. Measurements were also 
conducted by AUuard,' Mulder,^ Kremers,^ and others. A 
great many determinations of the influence of temperature, 
on solubility have been made in recent years. An investi- 
gation, on the lineS; of that by Gay-Lussac, but using more 
delicate means for maintaining constant temperatures, has 
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Fig. 10 

been made by L. C. de Coppet,* with the chlorides, bromides, 
and iodides of sodium and potassium. The general results 
are represented in graphic form in fig. 10. It is to be 
remarked that the solubilities of the six anhydrous, salts are 
represented by straight lines. Either NaBr or NaBr. 2H2O 

' Gcymipt. rend. 69, p. 500 [1864]. 

2 Bijdragen tot de gescMedenis van het scheikundig geboonden Water. 
Eotterdam, 1864. = Pogg. 97, p. 1 ; 99, p. 25 [1856]. 

* Ann. Chim. Phys. (5) 30, p. 411 [1883]. 
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can be obtained from solutions between 15° and 45°, accord- 
ing as one or other of these is in contact with the solution. 
Tilden and Shenstone' have endeavoured to follow the 
course of the curves of solubihty above 100°. By using a 
specially arranged tube of gun-metal, heavily plated with 
silver, they were able to measure solubilities up to 230°. 
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Sodium sulphate showed a minimum solubility at 120°; 
above that temperature solubility slowly increased, from 
41-95 per cent, at 120°, to 46-4 per cent, at 230°. The 
solubility of calcium sulphate decreased rapidly as tempera- 
ture increased ; a minimum seemed to be attained at 240°, 



' FUl. Trans. 1884, p. 23. 
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but this result was uncertain. Some of the results obtained 
byTilden and Shenstone are represented graphically in fig. 11. 
The ordinates for calcium sulphate must be divided by 100 ; 
those for silver nitrate must be multiplied by 10. The 
results led Tilden and Shenstone to conclude that the in- 
creases in solubility (not the solubilities themselves) are of 
the same order as the melting-points of the salts examined. 
M. Etard defines solubility, not, as is generally done, 
as parts of salt in 100 of water, but as parts of salt in 100 
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of the solution ; he says that the solubility-curves are either 
straight lines, or are made up of several straight lines con- 
nected by short curved lines.' Etard found that the curve 
for CUSO4. THjO consists of three straight lines which meet 
at 55° and 105° ; the salt in contact with the water loses 
water at 105°, and becomes CUSO4. SHjO. Fig. 12 repre- 
sents some of Etard's results.^ 



' Ccmi'st. rend. 98. pp. 993, 1276, 1432 [1884]. 

2 Gompt. rend,. 104, p. 1614 ; 106, pp. 206, 740 [1887-88]. The relations 
between solubility and melting-points are considered by Etard in Corrupt. 
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7. General formulation of influence of temperature on solu- 
bility. — The influence of temperature on solubility may 
be represented algebraically by the ordinary interpolation- 
equation 1 = a + bt+ct^ + dt^ + . . . .; when the 
solubility-curve is made up of several parts, a corresponding 
number of equationmust be found. Nordenskjold ' sought 
for a general expression for the relation between temperature 
and solubility. As solubility generally increases with in- 
creasing temperature more rapidly than the temperature 
increases, Nordenskjold supposed the increase to be propor- 
tional to the quantity of salt, S, already in solution. Hence 
dS = S.bdt, where t = temperature, and & is a constant ; 
by integration, the expression log. S = a + 6 i is ob- 
tained. This equation is an approximately accurate expres- 
sion for the solubility ; by introducing a second constant an 
expression is "obtained, viz. log. S = a + ht+ cf, which 
represents the experimental results quite accurately.^ The 
expression arrived at by Nordenskjold is, however, only an 
empirical interpolation-formula. 

8. Theory of the solubility-curves. — In seeking for the 
causes of the iafluence exerted by temperature on solubility,, 
one is led to consider the similarities between this pheno- 
menon and the vapour-pressures of liquids. As no rational 

, expression has been found for the dependence of vapour- 
pressure on temperature, so has none been found for the. 
analogous dependence of solubility on temperature. Never- 
theless the analogy expressed by Nernst in the notion of 
'solution-pressure' may be made use of to deduce certain 
relations of a general character. The equation frequently 

used for vapour-pressures, -^ =— £-, may be applied to 

ft T TV 

rend. 103, p. 176 [1889]. For other memoirs on solubilities at different 
temperatures, see Baupenstrauoh, Wien. Akad. Monatber. 6, p. 563 [1885] ; 
Miezynski, ibid. 7, p. 255 [1886] ; Sedlitzki, ibid. 8, p. 562 [1887] ; Keppicli, 
ibid. 9, p. 589 [1888]. 

' Fogg. 136, p. 309 [1869]. 

^ The results of experiments are given in the original, and are com- 
pared with the calculated numbers. — Translator. 
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solutions ; in the original form of the equation p = pres- 
sure, T = absolute temperature, p = heat of vaporisation, 
and V — increase of volume in changing to vapour ; as 
applied to solutions, p must be taken to represent 
osmotic pressure (see next Chapter), or concentration, 
which is nearly proportional to osmotic pressure, p is taken 
as heat of solution, and v = volume of the solution. As t 
and V are positive quantities, it follows from the formula 

that -^ and p must have the same sign. When heat dis- 

appears in the solution of a substance, as heat disappears 
during evaporation, then the pressure, ^J, or the concentration 
proportional thereto, increases with rising temperature ; but 
the solubility of a substance which dissolves with production 
of heat must decrease as temperature increases. This con- 
clusion has been confirmed simultaneously by Le Chatelier ^ 
and van 't Hoff.^ On the other hand, Chacel and Parmentier ^ 
found that the solubility of calcium butyrate decreases as 
temperature rises, up to 60°, and that this salt dissolves to 
form a saturated solution with development of heat ; but 
that although calcium isobutyrate also dissolves with 
production of a little heat, yet its solubility increases 
as temperature rises, up to 80°. Le ChateUer* showed 
that the apparent discrepancy was due to experimental 
errors. 

It must be remarked here that the sign of the heat of 
solution is not to be deduced from the total heat which dis- 
appears or is produced on dissolving the salt in water to form 
a saturated solution, but rather from the quantity of heat 
which comes into play when the solution passes from the 
state of saturation at the temperature t to the state of 
saturation at the temperature t + dt; that is, if the expres- 
sion be allowed, 'the heat of solution ia the saturated 
solution.' As the heat of solution, generally speaking, 

' Gcmpt. rend, 100, p. 441 [1885]. ' Arch. Nierl. 20, p. 53 [1886]. 
» Ccmpt. rend. 104, p. 474 [1887]. ' Ibid. 104, p. 679. 
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varies much according to the proportion between the dis- 
solved substance and the solvent, it is quite possible that 
the thermal change accompanying the passage from pure 
■water to saturated solution may have a different sign from 
that of the thermal change which accompanies the passage 
from a nearly saturated, to a completely saturated, solution. 
Such a case has been examined by Eeicher and Deventer.' 
The solubility of copper chloride was found to increase as 
temperature increased, yet the salt dissolved in much water 
with development of heat. But when a solution was satu- 
rated at 48°, was then cooled to 31°, and separation of 
copper chloride was caused by dropping in a crystal of the 
salt, a thermometer placed in the solution rose "6°, although 
the vessel continually lost heat. As the salt separated from 
a saturated solution, in this case the ' heat of solution in 
the saturated solution ' was observed ; there is, therefore, in 
this case a disappearance of heat on solution agreeing with 
the requirement of the curve of solubility, Eeicher and 
Deventer further proved, immediately, that the heat of 
solution passed through zero as the quantity of water con- 
tinuously changed. 

9. Further development of the theory. — In another 
memoir,^ Le Chatelier has made wider deductions from the 
formula already given. Assuming that the gaseous law 

pv=iiT holds good in the equation -^^^ = -^, then by sub- 

d 1 TV 

stituting for v, we have ^ = ^-^ . Differentiating for 

p a T n T^ 

T, and neglecting the term multiplied by the very small 
factor — , the equation is obtained — 



d^ p _ ^ / 1 d_p _£^ N 
d t'^ dT \p' d t et^ ■'' 



' Zeitschr. f. physikal. Chemie, 5, p. 559 [1890]. 

^ Beck, expir. et thior. sur Us Eguilib. chim. [Paris, 1888], p. 138. 
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From the equation for -^ it follows that when the tem- 
perature is so low that the solubility is very small (the solu- 
bility may be said to be proportional to p), then -p£ must 

a T 

be very small ; the curve of solubility begins asymptotically 
to the temperature-axis. As temperature rises the direction 

of curvature depends upon the sign of ^~-- Now according 

to experiment -^-^ is always negative, i.e. less of the heat 
of solution is taken up, and more is evolved, as temperature 
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rises. Both terms in the bracket have, therefore, contrary 
signs, and -^ decreases, passes through zero, and becomes 

negative. Corresponding to this, the solubility-curve, p, 
passes upwards convex to the axis of abscissae, then becomes 
a straight line for a moment, and then changes its curvature 
p,nd becomes concave to the axis of the abscissae. As tem- 
perature increases, p continues to decrease, and passes 

through zero, and concurrently also ^ decreases ; solu- 

a T 

bility reaches a maximum, and then decreases. Following 

the course of t-^, here also there is an inflexion-point, 
dr' 
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and the solubility-curve runs asymptotically to the tem- 
perature-axis. 

Figure 13 represents the theoretical curve of solubility. 
The second part is arrived at by assuming that the develop- 
ment of heat on solution always increases as temperature 
increases. I do not think this assumption can be accepted 
without further inquiry, although it holds good, within 
certain limits, for certain non-volatile substances ; yet the 
second part of the curve will require alteration for certain 
other, volatile, substances, the heat of solution of which, 
whether positive or negative, approaches zero as temperature 
rises. 

10. ftuantitative comparison. — The equation -^ = ^^— ^ „ 

Qj-PIP — ^_£_^may also be written in the form -^r^= -^—r 

where I = the natural logarithm ; this form of the equation 
is better suited for numerical calculations. If the concen- 
trations of a saturated solution are determined at two tem- 
peratures, not too far apart, then the difference between their 
natural logarithms, or the logarithm of their ratio,' is taken 
for dip, and the corresponding temperature-difference 
enters the equation as d t ; t is the mean temperature of 
experiment, and e is equal to 2 cals. in thermal measure, in 
which measure p also is expressed. The data are thus 
given for calculating p, the heat of solution, from the solu- 
bility-curve. It is to be noted that the constants e have 
not their usual values in solutions of salts, which, generally 
speaking, are electrolytes, but must be multiplied by van 't 
Hoff's factor i (see Chapter IX.). The earliest calculations 
were made by van 't Hoff,'' who gave the following table 
.(the values of the calories in the two last columns are 
divided by 1000) :— 

.' It does not matter in what units the concentrations or pressures are 
measured, as it is only the ratio that enters into the calculation. 
2 Arch. Nierl. 20, p. 55. 
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X 



Oxalic acid 

Potassium binoxalate 

Succinic acid 

Salicylic acid 

Benzoic acid 

Potassium bichromate 

Amylio alcohol . 

Aniline 

Phenol 

Baryta 

Lime . 

Alum 

Mannite 

Mercuric chloride 

Potassium chlorate 

Boric acid . 

Borax 



Temperature 


Solubilities 


i 


p calcu- 
lated 


p ob- 
served 


0° 


10° 


5-2 


8-0 


1-25 


8-2 


8-5 





10 


2-2 


3^1 


1-84 


9^8 


9-6 





8-5 


2-88 


4-22 


1 


6^9 


6-7 


12-5 


81 


•16 


2-44 


■93 


8^4 


8^5 


4-5 


75 


■182 


2-193 


■93 


6^3 


6-5 





10 


4-6 


7-4 


236 


173 


17^0 





18 


4-23 


2-99 


■93 


-3^1 


-2^8 


16 


55 


3-11 


3-58 


■83 


■6 


■1 


1 


45 


7-12 


10-2 


■84 


1^2 


2^1 





10 


1-5 


2-22 


2^69 


16-3 


15^2 


15-6 


54-4 


■129 


■103 


2^59 


-2-8 


-2^8 





9-38 


30 


4^05 


4-45 


21^9 


20^2 


17-5 


23 


15-8 


18-5 


■97 


4-8 


4^6 


10 


50 


6-57 


11^84 


1-11 


3 


3 





15-4 


3^3 


6^03 


1-78 


11 


10 





12 


1^95 


2-92 


1-11 


5-8 


5-6 





10 


2^83 


4-65 


3-57 


27^4 


25-8 



These calculations are only of a provisional nature, as 
the observations on which they are based differed consider- 
ably. Nevertheless, a comparison of the last column with 
that preceding it, shows that the equation expresses the 
solubilities quantitatively as well as qualitatively. 

It should be noted that the heats of solution can be cal- 
culated from the course of the curve of solubility, but that 
the curve itself cannot be deduced from the heats of solution, 
inasmuch as the equation gives only the direction of the curve, 
but does not give any actual value for the solubility. If 

the equation —j-± =—£-^ is integrated, the result is lp= 



/^ 



p_ 



-I- const., or, if p is regarded as independent of 

the integration-con- 



temperature, Z J) = — -!— + const, 



P_ 

BT 



stant determines the numerical value of the solubility, 
but this constant cannot be found by the help of the 
equation. 

The direction in which a general expression for the 
solubility as a function of the temperature is to be sought 
for, is made evident from the foregoing considerations : — 
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the heat of solution must be regarded as a function of the 
temperature, e.g. p = Po + yS i ; the equation must be 
altered to correspond with this, then integrated, and then 
compared with the experimental results. In doing this, it 
must be borne in mind that the factor i enters into the 
equation for electrolytes, and that this factor also is a 
function of the temperature. 

11. Compound solubility-curves. — It appears from the 
preceding paragraphs that the solubility-curve of a sub- 
stance must have a regular course ; the curvature may alter 
gradually, but there can be no sudden change of direction 
as long as the dissolving substance undergoes no change of 
state whereby its heat of solution, p, suffers sudden change. 
Experimental results, however, seem to go against this con- 
clusion. Since Gay-Lussac's measurements, it is known that 
the solubihty-curve of sodium sulphate suddenly changes its 
direction at 33°; up to that point solubihty increases, but 
after that point it decreases as temperature rises. It was 
supposed, formerly, that the state of the dissolved salt 
underwent a sudden change at 33°, that the salt with 
lOHjO existed in solution below this temperature, but a salt 
with less water, or the anhydrous salt, existed above this 
temperature. This supposition is not, however, borne out, 
but is rather contradicted, by the facts ; for all the proper- 
ties of a solution of sodium sulphate — such as vapour -pres- 
sure, expansion, refractive power, electric conductivity — 
change in an exactly similar way in passing through the 
temperature in question, whereas some irregularities would 
certainly be noticeable did the condition of the salt in solution 
undergo a sudden change. The only feasible supposition is 
that the condition of the undissolved salt, which modifies the 
solubility in a definite way, suffers a sudden change at 88°. 
The condition of the undissolved salt was overlooked for a 
long time ; but the circumstance is of great importance, 
for when the solution is saturated there is an equilibrium 
between the sohd salt and the solution in contact therewith, 
and this equilibrium must be determined by both these 
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factors. Inasmuch as no sudden change takes place in the 
solution, such a change must be sought in the solid sub- 
stance, where indeed it is found. The equilibrium of a 
saturated solution of sodium sulphate below 33° has refer- 
ence to ordinary Glauber's salt, Na2S04. lOHjO. But at 
33° this salt melts partially, and changes into a saturated 
solution and the anhydrous salt Na2S04. An entirely new 
curve of solubility, that of the anhydrous salt, begins at 33°. 
This curve must have a point in common with that of the 
ordinary Glauber's salt, at the temperature whereat both 
salts exist side by side ; but from this point onwards the 
curve of the anhydrous salt is quite independent of that of 
the other salt. 

In the case of Glauber's salt, we have not, therefore, to 
do with one solubility-curve, but with two curves, which are 
independent of one another to a certain temperature. The 
same thing happens in all cases where irregularities occur 
in the course of the solubUity-curve ; and, conversely, irregu- 
larities are to be expected in the curves of all substances 
which undergo sudden changes in the solid form. 

12. Behaviour of thorium sulphate. — Thorium sulphate 
is a very good example of the connexion between the solu- 
bility of a salt and the composition of the undissolved 
portion of the salt. This case has been investigated by 
Bakhuis Eoozeboom.' The salt Th(S04)2. 9H2O forms a 
stable solution at low temperatures ; the solubility increases 
with increasing temperature ; the curve a b c of fig. 14 
represents this connexion ; it can be followed to about 55°. 
At higher temperatures a flocculent salt, Th(S04)2. 4H2O, 
separates ; this salt dissolves in water with production of 
heat ; the solubility-curve of this salt from 18° to 95" is re- 
presented by E D in fig. 14. The two curves intersect at 
43° ; at this temperature both hydrates exist together. Two 
saturated solutions of thorium sulphate, then, exist between 
18° and 65° ; one has reference to the salt with 9H2O, the 
other to the salt with 4H2O. The first changes into the 

' Zeitschr. f, physikal. Chemie, S, p. 198 [1890]. 
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second between 43° and 55°, with separation of the salt 
with 4H2O ; the second changes into the first between 18° 
and 43°, with separation of the salt with 9H2O. Both these 
changes do not take place necessarily ; they occur the 
more readily the further temperature is removed from 43°, 
which is the point of equUibrium. It is very noteworthy 
that the salt Th(S04)2. OHjO can exist in contact with 
i;he solution, although the conditions are present for at 
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least a partial melting to form a saturated solution 
[which contains about TOOHjO for one Th(S04)2], and at 
the same time to produce the salt with 4H2O. There are 
many other solubility-curves besides the two which have 
been described. The curve for the anhydrous salt could 
not be determined, as the salt with QHjO separated 
very easily from the solution. The curve fg repre- 
sents the solubility of the salt Th(S04)2. 8H2O ; this curve 
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was followed to 60°. Another salt with 6HjO was obtained; 
the solubility-curve is represented by h k. Finally there is 
a salt with 'iRfi, which separates from the solution at 
about 100°. Thorium sulphate differs from most other 
salts in the remarkable stability of its hydrates ; this 
stability made it possible to trace the different curves 
separately. It must be remembered that all the solutions 
are supersaturated, below 43° as regards the salt with 911 fi, 
and above 48° as regards the salt with 4H2O ; crystallisation 
can always be determined by throwing in a small quantity 
of one or other of these salts. The solutions are extremely 
stable in the neighbourhood of the point of equilibrium.' 

13. Influence of melting on soluBility. — Gay-Lussac was 
the first to examine the effect on the solubility of a sub- 
stance produced by the change from the solid to the liquid 
state.^ He failed to detect any sudden increase of solubility. 
This result may be shown to be necessary. The solid and 
the liquid substance can coexist in any proportion at the 
melting-point ; if we suppose each to be in equilibrium 
with its own saturated solution, the contents of the two 
solutions must be equal ; for if this is not so, diffusion will 
take place until equality results ; and hence, at a constant 
temperature, increase of one portion will occur at the cost 
of the other, with an accompanying spontaneous formation 
of differences of temperature in a system which was origin- 
ally all at the same : temperature ; but this is against the 
second law of thermo-dynamics. The reasoning is the 
same as that which is^ used 'to show the necessity for an 
equal vapour-pressure over a solid and a liquid substance. 
The analogy between solution and evaporation may be 
carried farther. It is known that the curves of vapour- 
pressure of a solid and a liquid substance must meet at an 
angle the magnitude of which is determined by tbe heat of 

> Bakhuia Eoozeboom lias made a very thorougli and careful examina- 
tion of the hydrates of calcium chloride, similar to that described for 
thorium sulphate.— iJec. Trav. Fays-Bas, ii, p. 1 [1889]; abstract in 
Zeitschr. /. physikal. Chemie, 4, 31 [1889]. 

2 Ann. CUm. Phys. (2) 70, p. 423 [1889]. 
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fusion. From this it follows that, if the solubilities of the 
solid and liquid portions of a substance must be the same 
at the melting-point, the solubility-curves must meet at 
an angle which is dependent on the heat of fusion. This 
conclusion has been tested and confirmed by J. Walker.' 

From the equation --^= -^, using the equation for 

dT TV 

gases p u = E T, which holds good also for solutions, there is 

deduced the equation — ^ -i — 2-^- d t ; and by integration 
p " n T' 

we have 

Tip = —£- 4- U Po+ -^ ) T 

This equation holds for solid substances. A similar equation 
is valid for melted substances, only the heat of solution 
must be increased by the heat of fusion, \. The equation 
becomes 

E \ " B To / 

The values of Tip are represented as ordinates in a system of 
co-ordinates, and the values of t as abscissae, lllp^-] — £—= a, 



E T, 







and I p^ + -^ = a' ; then X = e t,, (a'— a). Taking 

E Tg 

X as molecular heat of fusion, e = 2 cal., and the equation 
becomes 

\ = 2T(| (a'— a). 

Values are found for a and a' by experiment ; and the 
value of X is calculated therefrom. 

Walker carried out an investigation with para-toluidine 
dissolved in water ; the melting-point of the substance 
under water was 44-2°. Fig. 15 represents the results. The 
value for X calculated from these results is 4,761, or 44-5 
cal. per gram. The directly observed number is 39 cal. 

' Zeitschr. f. physikal. Chemie, 5, p. 192 [1890]. 
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per gram. The difference is certainly not a small one ; but 
a small error in determining the course of the curves has a 
great influence on the value of X, because of the smallness 
of the angle between the two curves of solubility. The 
calculation is only approximate, as no attention was paid 
to the circumstance that liquid toluidine retains water under 
its saturated solution, and this taking up of water is accom- 
panied by some thermal reaction. 

A second series of measurements of water in ethereal 
solution gave a remarkable result. The heat of fusion of 
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water was calculated to be 154 cal., whereas it is known to 
be 80 cal. The larger number was obtained by supposing 
that the molecular weight of water dissolved in ether is 
18 ; if it is supposed that the molecule of water in solution 
in the ether is represented by the formula H^Oj = 36, the 
heat of fusion becomes 77 cal., which is as near as can be 
expected to the true value, 80 cal. This result agrees with 
that obtained by Eykman (see Chap. VIII. par. 13). 

14. Influence of the nature of the solvent and of the dis- 
solved substance. — No satisfactory answer has yet been 
found to the inquiry concerning the dependence of solubility 
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on the chemical nature of the dissolved substance, as well 
as on the nature of the solvent. 

It may be said, in general terms, that solubility is de- 
termined to some extent by the chemical analogies both of 
the dissolved substance and the solvent. 

Most of the compounds which belong to the water-type, 
and especially the hydroxyl compounds, dissolve more or 
less readily in water. The alcohols and organic acids, for 
instance, are generally soluble in water, the solubility 
decreasing as the quantity of carbon in the compounds 
increases. The fatty acids, as far as the fourth member of 
the series, are miscible with water in all proportions, but the 
higher members show increasingly smaller solubilities. 
The same holds for the corresponding alcohols. The 
aromatic acids and alcohols are much less soluble in water ; 
they contain, relatively, more carbon. While benzene, C^Hg, 
is insoluble, phenol, CgH,. OH, dissolves in water to about 
2 per cent.; hydroquinone and its isomerides, C5H^(OH)2, 
dissolve fairly freely ; and pyrogallol, C5H3(0H)3, dissolves 
in almost all proportions in water. Almost all alcohols 
seem to be soluble in common alcohol; and all organic 
acids, apparently without exception, are soluble in acetic 
acid. All hydrocarbons dissolve, more or less, in benzene. 
Only such general statements as the foregoing can be made 
concerning the relations under consideration; these rela- 
tions have scarcely been studied quantitatively. 

The solubilities of many salts in water have been 
measured ; but only a few general statements can be made ; 
quantitative laws have not yet been arrived at. The solu- 
bilities of analogous compounds of similar elements often 
vary, either directly or indirectly, as the atomic weights of 
the elements ; for instance, the solubilities of the sulphates, 
chlorides, and nitrates of barium, strontium, calcium, and 
magnesium, increase in the order given, but the solubilities 
of the hydroxides decrease : the solubilities of the chloride, 
bromide, and iodide, of potassium decrease ; but those of the 
same salts of lead increase, as the atomic weight of the halogen 
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increases. Kramers ' made numerous measurements, but he 
could not deduce any general laws. 

The reason why no exact relations have been traced 
between the nature of the dissolved substance, the nature of, 
the solvent, and the solubility, is to be found in the relative 
character of the property of solubility. This property, as 
has been seen already, depends not only on the chemical 
nature of the dissolved substance, and on that of the solvent, 
but it is also conditioned by the constitution of the undis- 
solved portion of the solid in contact with the solvent. If 
the constitution of the solid should change with change of 
temperature, e.g. if the amount of the water of crystallisa- 
tion should vary, then the solubility varies also ; and the 
solubility is no longer comparable with that before the 
change of constitution, nor is it comparable with that of 
other substances which may be analogous with the sub- 
stance under examination in all other respects. 

There is also another circumstance which must be taken 
into account in considering aqueous solutions of salts. The 
condition of a salt in aqueous solution is not at all like that 
of an indifferent substance ; the properties of salt solutions 
depart very much from the simple conditions which hold 
with indifferent substances ; the molecular condition of the 
dissolved salt must be regarded as that of a more or less dis- 
sociated substance (see Chap. VII.). This dissociation is 
dependent on concentration and temperature; hence in 
dealing with solutions of salts, we have to do with very 
complex relations which cannot be elucidated without 
making determinations of the other properties of the 
solutions. 

15. Indifferent substances. — Much more simple relations 
are to be looked for in solutions of indifferent substances 
than in solutions of salts ; such simple relations have 
been observed by Carnelley and A. Thomson.^ They 
give the following rules: — the most fusible of a group 

■ Fogg. 92, p. 497 ; 94, pp. 87, 255 [1854-55]. 
2 C. S. Journal, 63, p. 782 
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of isomeric organic compounds is also the most soluble, 
and this independently of the nature of the solution ; the 
solubilities of the salts of a group of isomeric acids, as well 
as the solubilities of the acids themselves, are in the same 
order as the melting-points of the acids ; the ratio of the 
solubilities of two isomerides is nearly independent of the 
nature of the solvent.' Measurements of the solubilities of 
some members of homologous series of carbon acids are 
given by L. Henry. ^ 

16. Volume-relations of solutions. — The solution of a solid 
in a liquid is accompanied, in most cases, with contraction 
of volume ; the volume of the solution, in most cases, is 
smaller than the sum of the volumes of the solid and the 
solvent at the same temperature. The measurements made 
refer to aqueous solutions. The contraction is dependent 
on the proportion between solid and solvent, and increases 
as the quantity of solvent used increases for the same 
quantity of solid. The increase is the less, for equal incre- 
ments of solvent, the greater is the quantity of solvent 
already present, so that the contraction approaches a 
maximum asymptotically. Michel and Krafft ' supposed 
that no contraction occurred on diluting solutions of salts'; 
this was disproved by Kremers."* It appears, from the 
measurements of Kremers, that, in many cases, the specific 
gravities of solutions of equivalent quantities of similar salts 
are the greater, the greater the molecular weight of the 
salt. No general relation could be traced between: the 
magnitude of the contractions and the composition of the 
dissolved salts.' 

' For measurements, and for a tabular statement of the exceptions from 
each rule, see the original memoir. 

2 Compt. rend. 99, p. 1157 [1884]. 

' Ann. Phys. Chim. (3). 41, p. 471 [1854]. 

* Pogg. 95, p. 110 ; 96, p. 39 [1855]. 

» For other measurements, see Schifi, Annalm, 109, p. 325 ; 113, p. 
349 [1859-6] ; also- Favre and Valson, Compt. rend. 73 to 77 [1872,-,73], 
A paragraph is devoted in the original to a warning against the un- 
warrantable use of interpolation-formulae : the following sentences occur : 
' When the rational connexion between two phenomena,- which mutually con- 
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17. Solubilities of mixtures. — The phenomena shown 
by the solutions of mixtures are very complex. Kopp ' was 
the first to institute systematic investigations ; he examined 
Sialts which could not mutually decompose one another, and 
contained either the same metal or the same acid. For 
such pairs of salts as nitrate and sulphate of potassium, 
nitrate and chloride of potassium, sulphate and chloride of 
potassium, Kopp found that the quantity of each salt dis- 
solved by water from the mixture was always less than that 
which the water would have dissolved had it acted on that 
salt alone. Kopp also found that the quantities of the salts 
dissolved were not in the ratios of their individual solubilities, 
but that proportionally more of the more soluble constituent 
was dissolved. 

The behaviour of pairs of salts of the same acid was 
more regular. In these cases, the more soluble salt gene- 
rally dissolved as in pure water, but the quantity of the 
other salt which dissolved could not be calculated from its 
specific solubility. 

The subject was more fully examined by C.T.B. Karsten.'^ 
Karsten distinguished three cases in the behaviour of 
saturated salt-solutions towards other salts, not taking into 
account those cases in which chemical changes occurred 
Ijetween the constituents. (I.) When the salt a is treated 
with a saturated solution of b, the salt b separates in the 
solid form, and conversely; the same final condition is 
reached in both cases, and a and b remain dissolved in 
less quantity than they would dissolve in pure water. (II.) 

dition one another, is unknown, the relation between them may neverthe- 
less be expressed, to any degree of approximation, by a suitable, but in 
other respects arbitrary, equation. Such an equation has none of the 
properties of a natural la-w ; it is only an algebraic , device,' based on the as- 
sumption that both the phenomena in question proceed continuously, for 
aiding the calculation of the connected values for such points as are withiji 
the scope of the inquiry, but for which direct measurements have not been 
obtained.' 

' Annalen, 34, p. 260 [1840]. For older observations, see Vauquelin, 
Ann. Ohim. Phys. 13, p. 86 [1792]; Longchamp, Ibid. 9, p. 6 [1818]. 

^ Abhand. der Berlin. Akad. 1841. 

G 2 
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The salt a causes the separation of solid salt from the 
saturated solution of b, but a itself dissolves to the same 
extent as it would do in pure water. Hence no separation 
of solid occurs when b is added to a saturated solution of a, 
but a certain quantity of b dissolves, and this quantity is 
less than that which dissolves in pure water. In this case, 
as in the first case, identical results are obtained whether 
one starts with a saturated solution of a or of b, or 
whether one treats a mixture of both saltswith so much water 
that a portion of each remains undissolved. (III.) Neither 
A nor B causes a separation of the other from its saturated 
solution, but the saturated solution of either dissolves some 
of the other salt when shaken with it. Hence the same 
solutions are not obtained by treating the two saturated 
solutions each with the other salt, but the same solution 
results when excessive quantities of both salts are treated 
with water. 

Karsten thinks that, in every case, provided both salts 
are present in excess or in sufficient quantity, the solution 
contains the two salts in determinate quantities which are 
independent of the proportion of the salts in the part which 
remains undissolved. Hauer,' however, has shown that if 
one salt is added in sufficient excess it is sometimes able 
to displace the other, whoUy or almost wholly, from its 
solution. This observation was made with isomorphous 
salts ; Hauer regarded isomorphism as a necessary con- 
dition. 

18. Investigations of Rudorff.— In 1873, Eudorff^ exa- 
mined the solubilities of mixtures of salts, with especial 
reference to the question whether a solution of definite 
contents can be obtained independently of an excess of one 
or the other salt. He found that the composition of 
saturated solutions of certain mixtures prepared by agita- 
tion, was not altered by dissolving therein an excess of 
either salt at a higher temperature, and then allowing 

> J.fUrprakt. Chemie, 98, p. 137; 103, p. 114 [1866-68]. 
2 Pogg. 148, pp. 456, 555. 
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the solution to stand at the temperature at which it was 
made originally. Other mixtures behaved differently. The 
following pairs of salts form solutions of constant composi- 
tion; the quantity of each salt dissolved by 100 parts of 
water, at the temperature specified, is given in the table. 
The columns headed a and b give the quantities of the salts 
which dissolve in pure water at the temperature of obser- 
vation ; generally these quantities are greater than those 
present in the solution of the two salts. 







Parts dissolved 








Exp. 


Salts 


by 100 parts 
water 


Temp. 


a 


i 


1 


NH^Cl + NH^NO, 


29-1 + 173-8 


19-5° 


37-0 


183-0 


2 


KI + KCl 


133-2+ 10-4 


21-5° 


146-2 


35-2 


3 


KCl + NH^Cl 


19-1+ 30-4 


22° 


35-3 


38-0 


4 


KCl + NaCl 


15-7+ 29-9 


18-8° 


34-3 


360 


5 


NaCl + NHiCl 


23-9+ 22-9 


18-7° 


36-4 


22-0 


6 


NaNOj + NH^NOa 


77-1 + 162-9 


16° 


84-7 


106-0 


7 


KN0, + KC1 


19-1+ 36-2 


20° 


— 


— 


8 


NaNOa + NaCl 


56-8+ 24-6 


20° 


— 


— 


9 


(NHJ,S04 + NH,C1 


46-5+ 26-8 


21-5° 


— 


— 


10 


KN03 + Pb(N03)2 


67-1 + 119-6 


21-2° 


32-6 


53-3 


11 


NH^Cl + BaCL, 


33-8+ 11-6 


20° 


37-2 


35-7 


12 


Na^SO^ + CuSO, 


15-9+ 20-7 


15° 


13-4 


20-5 


13 


NaCl + CuClj 


16-0+ 72-6 


15° 


— 


— 



Either of the salts in any one of the following pairs of 
salts causes separation of the other salt from its solution : — 



KNO3 and NH^NOj 
Ba(N03), „ Pb(N03), 
Sr(N03), „ Pb(N03), 
NH,C1 „ CuClj 



{NH,)3S0, and CuSO, 
K2SO4 „ CUSO4 

(NHJ^SO^ „ ZnSO, 
CuSO, „ FeSO, 

MgSOj „ ZnSO^ 



It is, therefore, not only isomorphous salts, as Hauer sup- 
posed, but also those which form double compounds, that 
mutually drive out one another from solutions.^ 

19. General consideratioii of the commoii solubility of 
several substances. — The analogy between solution and eva- 

' For more recent researches by Biidorff, on the same lines and with 
similar results, v. Wied. Ann. 25, p. 626 [1885] ; v. also Bngel, Compt. rend. 
102, p. 113 [1886]. 



86 SOLUTIONS 

poration helps us to gain a clearer insight into the conditions 
which regulate the simultaneous solution of several sub- 
stances. Three cases have been distinguished in the eva- 
poration of mixed liquids (Chap. III.) ; these cases depend on 
the degree of influence which the constituents of the hquid 
exert on one another. Liquids which do not mutually dis- 
solvepossess the same vapour-pressures when mixed as when 
separate ; the vapour-pressure of the mixture is the sum of 
the vapour-pressures of the constituents. The analogous 
case for solutions is that where the two solids exert no action 
on one another. In this case, the solution becomes satu- 
rated with reference to each constituent, and the proportion 
between solid and solution does not affect the equilibrium 
of saturation. Neither is the proportion between the 
two solids of importance, provided that enough of each is 
present to saturate the liquid. The first class of salts exa- 
mined by Eiidorff corresponds, to some extent, to this case ; 
the salts do not form double compounds, nor do they 
crystallise together isomorphously. Most of the salts 
examined are very soluble in water, and their saturated 
solutions exhibit very considerable osmotic pressures. In 
conformity with this, the solubilities of the individual 
salts are not retained exactly in the mixture, but are 
generally smaller ; a similar thing happens in the analogous 
case of evaporation. Other actions also come into play 
with salts ; the simpler case of indififerent substances has 
not yet been examined. 

The second case, for liquids, is that of partial mutual 
solution. There is no exactly corresponding case for solu- 
tions of solid salts ; but a certain degree of similarity exists 
when the two salts are capable of crystallising together as 
a double salt. Several cases are then possible. As the 
formation of a double salt does not necessarily always 
follow, a solution may be formed at first which is saturated 
as regards both salts ; no satisfactory examp le of this case 
has been examined yet. When the double salt has been 
formed, then either the salt a, or the other salt b, may be 
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present in excess : two states of equilibrium may result ; 
one in which the double salt is in equilibrium with the salt 

A, and the other in which it is in equilibrium with the salt b. 
This is the case usually observed. On adding an excess of 

B. to the saturated solution of a, the double salt separates ; 
this double salt must be, always and necessarily, less soluble 
than either of its constituents. The solution becomes poorer 
in A, and it is customary to say that a is forced out of 
solution ; although it is not a, as such, that separates, but 
a double salt of which a is a constituent. If there is suffi- 
cient of B present, a solution soon results, which is saturated 
both as regards the double salt and b, and which is not 
changed on addition of more of b — a point which was over- 
looked by Eiidorff. In this case the separation from solution 
of either constituent cannot, therefore, be complete. This 
conclusion was verified by measurements made by me in 
1884 (but not published), with ammonium sulphate and 
copper sulphate; on gradually adding small quantities of 
ammonium sulphate to a saturated solution of copper sul- 
phate, the solution at first became poorer ia the copper salt, 
but a limiting state was reached which was not changed by 
further addition of ammonium sulphate. If b is not present 
in such quantity that some of it remains in the solid form 
along with the double salt, then the solution which is formed 
is to be looked on as a saturated solution of the double salt 
in an unsaturated solution of b. Under these conditions 
the solubility of the double salt is greater than it is in the 
saturated solution of b, and this solubility varies inversely 
with the quantity of b. This is the case to which most of 
EiidorjBf's investigations apply, and which led him to con- 
clude that saturated solutions could not generally be ob- 
tained under the conditions of his experiments. The same 
considerations hold good when a is in excess. A fourth 
state of saturation is possible wherein the equilibrium is 
between the double salt and the solution only. A case of 
this kind was examined by Gay-Lussac in his investigation 
of the solubility of alum. The phenomena become much 
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more complex when the formation of several double salts 
from two constituents is possible.' 

The third case of mixed liquids is that where both parts 
are mutually miscible in all proportions ; the vapour-pres- 
sures vary continually, but not, as a rule, regularly, be- 
tween the limiting values. The corresponding case for 
solutions of two salts is that wherein the salts are able 
to crystallise together in all proportions ; this usually 
happens only when the salts are isomorphous, but such 
salts have not always this power. The composition of the 
saturated solution changes continuously with the composi- 
tion of the isomorphous mixture ; by adding successive 
quantities of b, it is possible to displace the salt a entirely 
from the solution. In principle, an infinite quantity of b is 
required ; but to displace so much of a that this salt can 
no longer be detected by analytical methods, only a finite 
quantity of the isomorphous salt is needed. 

All the foregoing considerations may be followed without 
using the analogy between the phenomena in question and 
the evaporation of liquids ; it is only necessary to regard 
the equilibrium between the solution and the sohd sub- 
stance as dependent on, and varying with, the composition of 
the solid. The conditions of saturation do not vary, or 
vary discontinuously, or vary continuously, according as the 
composition of the solid is unchanged, or varies by leaps, or 
varies continuously. The advantage of using the analogy 
with evaporating mixtures of liquids is that both sets of 
phenomena are cases of equilibrium of heterogenous systems 
which can be expressed by corresponding general laws. 

20. Influence of acids on the solubilities of their salts. — 
The researches of E. Engel ^ on this subject belong to the 
domain we are now considering. Measurements were 
made with hydrochloric acid and chlorides ; they led to the 

' These oases are considered by the author in that part of his work 
which treats of chemical equilibrium in heterogeneous systems. — Trans- 
lator. 

' Compt. rend. 102, p. 619 ; 104, p. 433 [1886-87]. 
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approximately accurate statement that the amount of 
chloride displaced from a saturated solution corresponds 
with the chlorine in the acid which is added; the total 
chlorine, or the sum of the equivalents of chloride and 
hydrochloric acid, remains therefore , nearly constant when 
the quantity of hydrochloric acid varies. Thus : — 



Barium Chloride 


Hydroohlorio Acid 


Sum of the Equivalents 


29-45 





29-45 


27-8 


1-1 


28-9 


2608 


2-8 


28-88 


23-4 


50 


28-4 


14-0 


14-36 


28-36 


10-2 


18-78 


28-98 


6-67 


22-75 


28-42 


2-74 


32-0 


34-74 


0-29 


50-5 


50-79 



The numbers represent milligram-equivalents in 10 c.c. 
of the solution. The experiments were conducted at 0° ; 
each number is the mean of three independent observations. 
The law holds good approximately to 22 equivalents, which 
is equal to about 7 per cent, of hydrochloric acid. The 
course of the numbers indicates that a part of the curve 
would show some deviation from a straight line, and that 
it would pass through a minimum-point at approximately 
an equal number of equivalents. Similar results were ob- 
tained with the chlorides of sodium, ammonium, strontium, 
and some other metals ; but the minimum-point was not 
always reached when equal numbers of equivalents were 
used. 

Investigations were made with sulphates and nitrates at 
a later time.' Sulphates were found to behave differently 
from chlorides; Engel formulates an approximate law as 
foUows — addition of sulphuric acid decreases the solubility 
of the sulphates as if the acid removed from the solution 
and rendered inactive a quantity of water equal to that 



Compt. rend. 104, p. 506 [1887] ; Ann. CMm. Phys. (6) 17, p. 338 



[1889]. 
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required to form the compound H2SO4.12H2O ; in other 
words, the sulphuric acid precipitates a quantity of sulphate 
proportional, but not equivalent, to the amount of acid 
added. This rule was proved for copper sulphate and cad- 
mium sulphate ; it did not hold for alkali sulphates, which 
are able to form acid sulphates. 

The action of nitric acid was found to be, generally, of 
the same kind as that of hydrochloric acid ; but the rule of 
equivalency was not followed in all cases, e.g. the solubility 
of potassium nitrate reached a minimum and then increased 
on addition of more nitric acid ; a behaviour similar to 
this was noticed with stannous chloride and hydrochloric 
acid.' 

That the foregoing phenomena are special cases of a 
general law which belongs to the domain of the chemical 
action of mass was pointed out by W. Nernst.^ 

21. Solubilities of solids in mixtures of liquids. — The addi- 
tion to a solution of a liquid which is able to form a homo- 
geneous whole with the solution causes precipitation of 
more or less of the substance in solution, if that substance 
is insoluble in the liquid which is added. 

This fact is made use of in order to precipitate salts 
from their solutions, when evaporation is inadmissible ; e.g. 
addition of alcohol to aqueous solutions of several salts 
causes precipitation of the salts. In these cases, the soUd 
substance is less soluble in the mixture of two liquids than 
it is in the quantity of its own solvent contained in the 
mixture. Many measurements have been made by Wagner, 
Brandes, and others ; most of them are concerned with mix- 
tures of alcohol and water. Schiff' investigated the subject 
in a general way. He dissolved the salts in the following 
table in alcohol of 0, 10, 20, 30, 40, 50, 60, and 80 per 
cent, by weight, at 15°, and obtained the quantities of the 
various salts noted from 100 parts of the solutions : — 

' Compt. rend. 105, p. 1398 [1888]. 

' Zeitschr. f. physikal. Chemie, 4, p. 372 [18891. 

' Ahnalen, 118, p. 362 [1861]. 
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p. ct. 


10p.ot. 


20 p. ct. 


30 p. ot. 


40p.<!t. 


SOp.ot. 


60 p. ot. 


aop.ot. 


KCl 


24-6 


19-8 


14-7 


10-7 


7-7 


5-0 


2-8 


0-45 


NaCl . 


26-4 


22-2 


18-4 


14-9 


11-7 


8-9 


5-6 


1-2 


BaCl2.2H,0 - 


30-25 


23-7 


18-0 


12-8 


9-3 


— 


3-4 


0-5 


KNO3 . . 


20-5 


13-2 


8-5 


5-6 


43 


2-8 


1-7 


0-4 


NaNO, . 


45-9 


39-5 


32-8 


26-2 


20-5 


— 


10-2 


2-7 


K,SO, . . 


10-4 


3-9 


1-46 


0-55 


0-21 





— 


— 


Na^SO^.lOH^O 


25-6 


14-35 


5-6 


— 


1-3 


— 


— 


— 


MgSO^.THjO . 


50-8 


39-3 


21-3 


— 


1-62 


— 


— 


— 


ZnSO^.THjO . 


54-5 


51-1 


39-0 


— 


3-48 


— 


— 


— 


MnSO, . 


56-35 


51-4 


— 


— . 


— 


2-0 


0-66 


— 


PeSO^.TH^O . 


37-2 


— 


— 


— 


0-3 


— 


— 


— 


CuS04.6Kj.O . 


27-2 


13-3 


3-1 


— 


0-25 


: — 


— 


— 



No relation could be traced between the decrease of 
solubility and the quantity of alcohol added ; the quantity of 
salt which was precipitated from the aqueous solution by a 
specified quantity of alcohol varied much with the different 
salts ; and the relation between the amounts of alcohol added 
and salt precipitated showed an approximate proportion- 
ality only for the salts KCl and BaClj, and NaNOg and NaCl. 
Nor did the results indicate that the alcohol withdrew a 
quantity of water -from the solution corresponding with the 
formation of a definite hydrate, which then mixed with the 
saturated solution thus produced ; for, if the quantity of 
water required to form a saturated solution was calculated 
from the amount of salt present, and the remaining water 
was supposed to be combined with alcohol, the proportion 
between these two quantities of water was found to vary. 

The aqueous-alcohoHc solutions of certain salts separate 
into two layers, one of which is a concentrated aqueous 
salt-solution containing a little alcohol, and the other is 
more concentrated alcohol containing a little of the salt ; 
such salts are manganese sulphate and potassium carbonate. 
The laws of these phenomena are scarcely known as yet. 

The problem examined by Schiff was attacked by 
A. Gerardin ^ in 1865. Many measurements were made, 
but the theory of the phenomena was not elucidated. 
Gerardin examined the solubilities of the salts NaCl, KCl, 



) Ann. Chim. Ph/ys. (4) 6, p. 129. 
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BaClj, PbCNOg)^, Ba(N03)2, NH.Cl, K^SO^, KNO3, KI, SrCl^, 
and Na CjHjOj, in eighteen different mixtures of water and 
alcohol containing from 94 to 5-2 per cent, alcohol, at dif- 
ferent temperatures. One general result was that the 
character of the solubility-curve was the same for aqueous 
alcohol as for water. The solubility of potassium chloride, 
for instance, increased as temperature rose, and could be ex- 
pressed by a simple equation. Thus, in water, S = 29'21 
-I- -29 1. The solubiUty of the same salt in aqueous alcohol 
was as follows : — 



Per cent. Alcohol by Weight 


SolubUity 





28-5 +-29« 


5-2 


23-2 +-27« 


9-8 


19-9 +-255* 


15'4 


15-7 +-2334 


23 


11-9 +-205i 


35 


7-1 +-162< 


45 


4-2 +-125i 


65 


1-89 + -66U 



The same held good for barium chloride. 

The solubility-curves of the other salts examined were 
nearly straight lines both for water and for mixtures of water 
and alcohol. The decrease in solubility was always greater than 
the decrease in the quantity of water in the alcohol ; addition 
of alcohol to the saturated aqueous solution, therefore, always 
produced precipitation ; the alcohol withdrew some of the 
water from the solution. Gerardin failed to find a general 
expression for this action of the alcohol. He noticed that 
the quantity of water thus withdrawn by the alcohol was 
small in the case of such easily soluble salts as KI, NaC2H302, 
and SrClj ; in these cases the decrease of solubUity was 
nearly proportional to the quantity of alcohol in the solu- 
tion. All the salts examined are insoluble in absolute 
alcohol. 

There is one special, although isolated, observation which 
should be noticed. It is the existence of corresponding 
temperatures. If three temperatures are chosen at which 
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the three salts KNO3, Pb(N03)2, and NaNOg have equal 
solubilities in water, then the solubilities of these salts in 
dilute alcohol are also the same at the temperatures in 
question. The following numbers illustrate this point 
(decimals are unfortunately omitted by the author) : — 





Potassium Nitrate 
at 50° 


Lead Nitrate 
at 68° 


Sodium Nitrate 
at 18° - 


Water .... 
„ + 6-2 p.ct. alcohol 
„ +23 
„ +65 „ 


86-3 

72 

88 

6 


86-1 
72 
38 
6 


86-1 
72 
38 
6 



A similar relation does not, however, hold good for other 
analogous salts — for instance, for chlorides. 
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CHAPTEE V 

OSMOSE 

1. Generalities. — In preceding chapters were con- 
sidered the different kinds of solutions, the conditions 
under which solutions are formed, and the relations which 
are established when equilibrium is attained between 
solutions and the substances from which they are formed. 

But solutions may be regarded not only with reference 
to the conditions of their formation and their existence, but 
also with reference to the condition of the dissolved sub- 
stances. In considering a mixture of two liquids, either 
may be regarded as the solvent and the other as the 
dissolved substance. To prevent any confusion of this 
kind, only those solutions wiU be considered in the fol- 
lowing paragraphs wherein one of the substances is present 
in much larger quantity than the other ; the substance 
present in large quantity will be caUed the solvent, and 
that present in relatively small quantity wiU be called the 
dissolved substance. In other words, we shall concern 
ourselves with dilute solutions. 

The first fact to be noticed here is that when a solution 
of any substance is in contact with another solution of the 
same substance, of different concentration from the first, a 
condition of rest cannot generally be maintained. On the 
contrary, a movement of the dissolved substance begins, 
from the parts where it is present in larger quantity to 
the parts .where it is present in smaller quantity, and 
this movement proceeds until the dissolved substance is 
distributed equally through the solution. If this move- 
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ment is hindered by the introduction of a partition, which 
is permeable by the solvent but not by the dissolved 
Substance, the striving of the latter to permeate the whole 
solution makes itself apparent as a pressure against the 
partition. The phenomena noticeable in such a case are 
called osmotic. 

2. Earliest observations. — In his book on Physics, which 
was held deservedly in high repute in the second half of the 
last century, the Abbe Nollet described an experiment to the 
effect that if a glass vessel is filled with spirits of wine, and 
the opening is tightly covered with a bladder, and the 
whole is then immersed in water, the contents of the vessel 
increase so that the bladder is expanded and is sometimes 
burst. This experiment was forgotten for many years ; it 
was brought to light again by F. Parrot Mn 1815. Parrot 
ascribed the phenomena to a special force which he called 
' affinity of the first degree ; ' he recognised this to be of a 
perfectly general character, inasmuch as all miscible liquids 
show a tendency to ' wander ' one into the other when they 
are brought into contact, and this process continues until the 
liquids are perfectly equally distributed. Parrot also estab- 
lished the fact that the presence of a membrane, as used 
by Nollet, is not a necessary condition of the action, since 
the spontaneous admixture of the liquids proceeds more 
readily when they are brought into free contact one with the 
other. Parrot was fuUy aware of the important bearing of 
the phenomena on processes which occur in living organisms. 

The second discovery of these facts did not suffice to 
make them the common property of science. They were 
discovered a third time by N. W. Fischer ^ in Germany, and 
a fourth time by Dutrochet ^ in France ; it was only after 
this that the investigation of these facts was earnestly 
taken up. The greatest interest centred round the changes 
of level which occurred when two different liquids, such 
as water and a salt solution, separated by an animal 

'. -Qilb. Ann. 51, p. 318. ^ .Ibid. 72, p. 300 [1822]. , 

= Ann. Chim. Phys. (2) 35, p. 393 [1827]. . . . 
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membrane, were kept in contact. The existence of the mem- 
brane was regarded as essential; the older investigators 
carried out many experiments with membranes, but without 
arriving at results of a general character.' 

3. Membranes formed by precipitation. — The animal 
bladders which were used by the older investigators were 
insufficient aids for studying the fundamental phenomena. 
These bladders, it is true, allowed only the very slow 
passage through them of the dissolved substance ; but the 
passage was only hindered, it was not stopped, and even 
the degree of hindrance depended on the condition of the 
membrane. The possibility of obtaining membranes which 
should be quite impermeable by the dissolved substance, 
was suggested by M. Traube,^ as a result of his experi- 
mental examination of the causes which lead ■ to the 
formation of cells. When solutions of certain substances 
which form precipitates with one another are carefully 
brought into contact, a hard pellicle is formed at the surface 
of separation of the liquids ; this pelHcle is permeable by 
water, but not by certain other substances, among which 
are the two reagents by whose mutual action the pelHcle 
has been formed.^ 

4. Investigations of W. Pfeffer. — Traube showed that 
certain substances are able to pass through membranes 
formed by precipitation, and that certain other substances 
do not pass through these membranes, and that, generally 
speaking, equilibrium does not occur between two solutions 
of membrane-forming substances, inasmuch as the cells, 
produced by the contact of the solutions, show a tendency 
either to increase or decrease in size, and therefore a 

' Magnus, Fogg, 10, p. 160 [1827] ; Jerichau, Pogg. 34, p. 613 [1835] ; 
Briicke, Fogg. 68, p. 77 [1843] ; Liebig, jjber einige Ursachen der Safte- 
bewegung in tierischen Organismiis, Braunsehweig, 1848 ; Vierodt, Pogg. 
73, p. 519 [1848] ; JoUy, Pogg. 78, p. 261 [1849] ; Ludwig, Pogg. 78, p. 307 
[1849]. 

2 Archiv. f. Anat. und Physiol. 1867, p. 87. 

' A long quotation from Traube is given here in the original. — TraTis- 
lator. 
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preesure is produced either from within or from without. 
Traube did not succeed in measuring the pressures thus 
exerted, because of the small resistance of the membranes 
he used. 

Pfeffer • was the first to solve this part of the problem ; 
he used membranes produced by precipitation within a 
partition capable of considerable resistance, but in other 
respects porous. The very careful manipulation required 
is described by Pfeffer as follows : — 

' The apparatus is represented in fig. 16, about one-half the 
natural size, with the manometer, m, attached ; the clay-cell, z, 
and the glass tubes, v and t, are drawn in section. The clay- 
ceUs used by me were generally about 46 mm. high, and 16 mm. 
diameter, and the walls were about IJ to 2 mm. thick. The 
narrower glass-tube, v, was fastened into the ceU by means of 
sealing-wax, and the tube, t, was sealed into the other end 
oi V in. the same way. The glass-ring, r, was required only 
for experiments at high temperatures. . . . With certain pre- 
cautions, it is not difficult to make the sealing-wax joints 
capable of withstanding considerable pressure ; the greatest care 
must be used in making the joint between the clay-cell and 
the tube v. For experiments at, and below, ordinary tempera- 
tures, the cylindrical space between v and the ceU was filled 
with two sorts of sealing-wax ; the greater part of this space 
was filled with comparatively infusible packing sealing-wax, 
and this was fitted closely to an under-riag of sealing-wax, 
placed towards the interior of the cell, and softened before 
use by means of turpentine or liquid pitch. Only this inner 
ring, the consistency of which prevented the formation of small 
channels or rifts, was in contact with the membrane produced 
by precipitation within the cell. The more solid sealing- 
wax served to prevent the pushing out of the tube v by the 
pressure produced in an experiment. To make this double-joint, 
the glass tube v is placed in the clay-ceU along with the less 
fusible sealing-wax, the wax which is thus extruded is removed 
by a properly-formed instrument, the more liquid sealing-wax 
is added, and while this is molten, the tube is pushed farther 
into the cell. The results of different experiments may be 

r ' Osmotische Untersiuihungen, Leipzig, 1877. 
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of the cell is smooth and even. 



■discordant unless very great care is taten to make the connexibtt. 
between the sealing-wax and the cell perfectly sound, and to 
ensure that the surface of the ring of softer wax in the interior 

I have made use of the short 
tube V, because this allows the 
interior of the cell to be seen ; 
and the firm fixing in of the 
tube t can also be accom- 
plished with ease and certainty. 
Before the adjustments were 
made, all the clay-cells were 
treated with dUute potash, and 
then with dilute hydrochloric 
acid (about 3 per cent.) ; they 
were then well washed with 
water, and thoroughly dried. 
Substances which were soluble 
in the liquids used, and which 
might exert a hurtful action 
in the experiments, were thus 
removed, notably earths and 
iron salts. 

' As I experimented chiefly 
with membranes of copper 
ferrocyanide, deposited on the 
inner surface of the ceUs, I 
shall describe the preparation 
of these membranes in detail. 

' The ceUs were thoroughly 
saturated with water, by re- 
peated evacuation under the 
air-pump ; they were then fiUed 
with a three per cent, solution 
of copper sulphate, and placed 
for several hours in a quantity 
of the same solution. The in- 
teriors of the cells were then 
rapidly washed out several times with water, and well dried 
as quickly as possible by means of slips of filter paper ; the 
exteriors were now partially dried ; the cells were allowed 
to stand in the air until they felt just moist, when a three 
per cent, solution of potassium ferrocyanide was poured into 
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them,, and they were at onc^ placed again in the solution of 
copper sulphate. After twenty -four to forty -«ight hours the 
cells were completely filled with the potassium ferrocyanide 
solution, and they were then closed in the manner indicated in 
fig. 16. As the osmotic effect of potassium ferrocyanide solution 
is somewhat greater than that of copper sulphate solution, a 
pressure from within the cell in the outward direction was 
gradually produced. After another period of twenty-four to 
forty-eight hours the apparatus was opened, and, in most cases, 
a solution of 3 per cent, potassium ferrocyanide and 1^ per cent, 
potassium nitrate (by weight) was poured in ; this solution 
^irodxiced an osmotic pressure of more than three atmospheres. 
The rise of pressure should at first be slow, and this smaller 
pressure should be maintained for a certain time ; experience has 
shown that these are indications that the apparatus is fit for use. 
If the foregoing directions are cfirried out with care, the 
preparation of workable cells can be accomphshed with certainty. 
In my later work, hardly one cell out of twenty has failed ; but 
at first I bad many difficulties to contend with, and I was 
scarcely able to make any properly deposited membranes before 
il had recourse to the expedient of partially drying the cells.' 

The most noticeable phenomenon which Pfeffer observed 
'bj means of his apparatus was the production of high 
pressures within the clay-cells, when these cells were filled 
with certain solutions and were then placed in pure 
Water. It has already been remarked that a solution 
containing 1^ per cent, of nitre produced an ' osmotic 
pressure ' of more than three atmospheres. 

Pfeffer's observations also showed that this pressure is 
ihtimately connected with the nature of the dissolved 
substance. One per cent, solutions of the following sub- 
stances produced the pressures noted ; the pressures are 
measured in centims. of mercury : — ■ 



Gane-sugar . 


. 47-1 ceutim. 


Potassium sulphate 


193 oentim 


Dextrin . 


. 16-6 „ 


Gum 


7-2 „ 


Nitre . 


■ 178 







^ 



Further, the pressure was found to be dependent on, and 
proportional to, the concentration of the solutions. Most 

H 2 
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of the experiments were carried out with cane-sugar ; the 
following table 'shows the results : — 



Per cent. Sugar in Solution 


Pressure, in centim, of 
Mercury 


Pressure, per cent, of Sugar 


1 

1 

2 

2-74 

4 

6 

1 


53-8 
53-2 
101-6 
151-3 
208-2 
307-5 
53-5 


53-8 
53-2 
50-8 
55-4 
521 
51-3 
53-5 



The numbers in the last column range irregularly round a 
mean value, and show that pressure and concentration are 
proportional. Similar results were obtained with gum, 
and with nitre : — 





Per cent. 


Pressure 


Pressure, per cent. 


Gum .... 
Nitre .... 


f 1 

■ 18 

18 

1 1-43 
1 3-3 

^ -86 


7-2 
119-7 
120-4 
130-4 
218-5 
436-8 
147-5 


7-2 
6-7 
6-7 

163 

153 

133 

171 



In the ease of nitre, the ratio of pressure to percentage 
decreases notably as concentration increases. The reason 
for this is that it was very difficult to obtain a membrane 
which should be perfectly firm at the great pressure (nearly 
6*8 atmospheres) produced at the beginning of the experi- 
ment ; and also, and more especially, as Pfeffer showed, 
the membrane used was not quite impervious to nitre, so 
that this salt could not produce its complete effect in 
increasing the pressure. 

The pressure, at a specified concentration, was also 
found to be dependent on the temperature ; as the tem- 
perature rose, the pressure increased regularly. A series 
of experiments with one per cent, cane-sugar gave the 
following results : — 
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Temp. 


Pressure 


Temp. 


Pressure 


6-8° 
13-2 
18-8 


50-5 
52-1 
52-2 


14-2° 
22 


531 

54-8 



Lastly, Pfeffer conducted some experiments with other 
membranes. A solution of cane-sugar which gave a pres- 
sure of about 52 centims. with a copper ferrocyanide mem- 
brane, produced a pressure of 37 to 40 centims. with a 
membrane of Prussian blue, and a pressure of 36 centims. 
with a membrane of calcium phosphate ; the temperature 
being 13° to 15°. 

5. Theoretical importance of the investigations of Pfeffer. 
— The significance of the phenomena described in the 
preceding paragraph in their bearing on the nature of 
solutions remained for long unnoticed. The discoverer 
required the facts only for the elucidation of the physio- 
logical questions with which he was concerned ; he contented 
himself with making a few remarks on the causes of the 
phenomena he had observed. It was not until 1885 that 
van 't Hoff ^ began to develop a theory of solutions on the 
basis of these phenomena ; this theory has already proved 
itself, and continues to prove itself, to be eminently fruitful. 

The investigations of Pfeffer experimentally establish 
the fact that when a solution is separated from pure water 
by a partition which allows water to pass through it with 
comparative ease, but is impervious to the substance in 
solution, a pressure is noticeable which is dependent on 
the nature of the dissolved substance and the temperature, 
and increases proportionally to the concentration. There 
is no doubt that the cause of this pressure is to be sought 
for in the dissolved substance, for the water cannot produce 
any enduring pressure, inasmuch as it passes through the 
separating membrane without difficulty. Moreover, the 

' Archw. Nierland. 20 ; K. Svensk Ak. Hamd. 21. A general account 
is given in Zeitschr. f. physikal. Chemie, 1, p. 481 [1887] ; a translation of 
this paper appeared in Phil. Mag. August 1888. 
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circumstance that the pressure increases in proportion to 
the concentration of the dissolved substance is evidence 
that pressure and concentration are causally connected, 
that the pressure is originated by the substance in solution. 
The separating wall is not the cause of the pressure, but it 
is the condition which makes the pressure appreciable and 
measurable. For in the investigation already described 
the outward pressure of the liquids is the same, at the 
outset, both within and without the cell. But this condi- 
tion cannot persist. The cell behaves as if there were a 
partial vacuum for water in its interior ; water flows in, 
and, if no opposing pressure is allowed to develop, 
produces a continuous movement which ceases only when 
the contents of the cell have become the same as those of 
the space surrounding the cell, i.e. have become pure 
water. A condition of equilibrium is possible only when 
the pressure which prevails within differs sufficiently from 
that which prevails without. The first part of the phe- 
nomenon always occurs when a solution and pure water 
are brought into contact without a separating wall; a 
movement of the dissolved substance into the water occurs, 
and this movement does not cease until the substance 
is equally distributed. Now in order to accomplish such a 
movement, there must be a corresponding cause, or force, 
residing in the particles of the dissolved substance. This 
becomes noticeable when the motion of the particles in the 
direction of the force is hindered by the membrane in the 
cell, but it is present when the membrane is not there, as 
otherwise there would be no cause for the movement of the 
particles. 

We are able, then, to distinguish between two classes of 
occurrences : the pressure-phenomena, or the osmotic phe- 
nomena, which are caused by the forces at work in the 
particles of the dissolved substance ; and the occurrence of 
movements, or the phenomena of diffusion, which have the 
same cause. The latter class will be considered in the 
next chapter. 
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.6. Conne^on 'between the pressure and the nature of the 
membrane. — It would seem to follow from some of Pfeifer's 
experiments that the nature of the membrane exerts a 
considerable influence on the magnitude ,of the osmotic 
pressure which a solution exhibits against pure water. For 
instance, a one per cent, sugar solution showed a pressure 
equal to 52 centims. of mercury with a membrane of 
copper ferrocyanide, whereas with a membrane of Prussian 
blue the pressure was 37 to 40 centims., and with a 
membrane of calcium phosphate the pressure was 36 
centims. But nevertheless it may be stated with certainty 
that the amount of presswe is independent of the natwe of 
the membrane, provided that the membrane is not permeable 
by the dissolved substance. To understand this, let it be 
supposed that two 
separating partitions, 
A and B, formed of 
different membranes, 
are placed in a cylin- 
der (fig. 17). Let the 
space between the 
membranes contain a 
water in the space at 



A 



H 



Fio. 17 



solution and let there be pure 
the ends of the cylinder. Let 
the membrane a show a higher pressui^e, p, and the mem- 
brane B show a smaller pressure, p. At the outset, water 
will pass through both membranes into the inner space 
imtil the pressure p is attained, when the passage of 
water through b will cease, but the passage through 
A will continue. As soon as the pressure in the inner 
space has been thus increased above p, water will be 
pressed out through b. The pressure can never reach the 
value p ; water must enter continuously through a, while 
a finite difference of pressures is maintained. If this were 
realised we should have a machine capable of performing 
infinite work, which is impossible. A similar demon- 
stration holds good if ^ > p ; it is, therefore, necessary that 
P='p; in other words, it follows necessarily that osmotic 
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pressure is independent of the nature of the membrane, 
Pfeffer's results, which were opposed to this conclusion, are 
to be accounted for either by the membrane not being 
thoroughly firm, or by the passage through it of a small 
quantity of sugar. Pfeffer puts forward the experiments 
in question only as provisional, and does not place any 
great weight on the actual numbers. 

The conclusion that osmotic pressure is independent of 
the nature of the membrane is important, because it shows 
that this pressure is a specific property of the substance in 
solution, dependent upon the nature of this substance, and 
that in this respect it resembles gaseous pressure, which - 
likewise is independent of the nature of the containing vessel. 

7 . Other investigations. — Since the appearance of Pfefi'er's 
work, the direct measurements of osmotic pressures have 
not been made the subject of systematic investigation.^ 
Nevertheless, our knowledge of the subject has been 
extended by some indirect methods of investigation ; these 
methods are described in the sequel. 

The work of H. de Vries,^ carried out for physiological 
purposes, must be mentioned first. Pringsheim, in 1854, 
made the observation that the protoplasmic contents of an 
organic cell contract when the cell is brought into concen- 
trated salt-solutions. As the outer cell-wall retains its 
form, the phenomena seem to show that the protoplasmic 
contents draw together into the form of a spherical mass 
which remains connected with the cell-wall by a few filaments, 
while the space between the granular, and occasionally 
coloured, protoplasm and the cell-wall is fiUed with the 
transparent solution which has entered the cell. See 
fig. 18, c. 

The cause of this process is found in the fact that 
the protoplasm is covered with a little membrane, which 

' Some communications of a preliminary character have been made 
public by Ladenburg {Berichte, 22, p. 1225 [1889]), but no details have yet 
been given. 

'' Pringsheim's Jahrbilcher, 14, p. 427 [1884]. 
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possesses, most markedly, the property of membranes 
produced by precipitation of being pervious to water, but 
impervious to most dissolved substances. If, therefore, the 
exterior solution has a greater osmotic pressure than the 
protoplasmic contents of the cell, the cell-contents wUl be 
compressed, with loss of water, and wiU assume the form 
already described. Such compression will take place to a 
less extent if a less concentrated solution is used ; in this 
case the protoplasm will be loosened at some of the 




Fig. 18. — Cells from the epidermis of the mid-rib of a leaf of 
Tradescantia discolor, magnified 300 times. 

A=normal cell ; B=plasmolysis in solution of '22 mols. cane-sugar ; c =very marked plasmo- 
lysis in solution of 1 moL nitre ; A=cell-nucleus ; s=protoplasmic filaments ; A=cell-wall. 
The cell-sap^ (darkened in the figure) is coloured violet. 

corners of the cell (fig. 18, b) . If the osmotic pressure of 
the exterior hquid is equal to, or is less than, that of the 
cell-contents, the protoplasm will maintain its form and 
will cling closely to the cell-wall (fig. 18, a). 

By examining the action of the solution of any substance 
on a cell of the kind described, the solution being made 
gradually more dilute, it is possible to find a concentration 
whereat the solution has the same osmotic pressure as that 
of the contents of the cell. If the concentrations of a 
normal substance and another substance under exami- 
nation are adjusted, by means of cells of the same kind, 
so that both solutions are in osmotic equilibrium with 
the contents of the cells, then the two solutions possess 
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equal osmotic pressures, or, to use a' term introduced by 
de Vries, the solutions are isotonic. ' 

It is not easy to find cells suitable for an investiga- 
tion of this kind ; de Vries found opiy three plants from 
which suitable cells could be obtained. The contents of the 
cells must be coloured, in order that the loosening of the 
protoplasm may be observed with precisiop ; the loosening 
must occur at the sides of the cells, else it is not easily 
seen ; and, lastly, and this is a condition very difficult to 
realise, all the cells of one preparation must show equal 
osmotic pressures in each direction, because quite a num- 
ber of cells may be used for a series of experiments, and 
it is necessary to assume equal pressures for all. The 
most suitable cells are the following: — the cells of the 
epidermis on the under side of the mid-rib of the leaves 
of Tradescantia discolor, the exterior cells of the spathe 
of Curcuma rubricaulis, and the cells from the highest scales 
of the leaf-stalk of Begonia manicata. Begonia is the 
least serviceable, but it allows the use of dilute organic 
acids, which cannot be employed with the others. 

The experimental method of de Vries takes for granted 
a point which ought to be stated explicitly ; it is assumed 
that two solutions which are isotonic with a third (the 
cell-sap) must also be isotonic with one another. The 
statement is proved experimentally by the fact that the 
same proportion is found for the concentrations of isotonic 
solutions whatever be the kind of cells employed or the 
nature of the contents of the cells. But the statement may 
be proved, in a general way, by using a method of proof 
similar to that employed in the last paragraph (p. 103). If 
two solutions could be obtained which were isotonic with a 
third solution, but were not isotonic with one another, it 
would be easy, with the help of these solutions, to construct 
a machine from which an endless quantity of work should 
be obtained ; but this is impossible. 

The results of the work of de Vries are as follows. The 
forces of osmotic pressure which are exhibited by solutions are 
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proportional to the concentration of the dissolved substance. 
These forces are connected with the chemical nature of the 
substance in solution, so that equimolecular solutions of 
simUar substances,, i.e. solutions which contain quantities 
of the substances proportional to their molecular weights 
dissolved in the same quantity of water, exhibit equal 
osEiotic pressures, or are isotonic. The memoir of de Vries 
contains the following numbers ; — 





(1) 


(2) 




(1) 


(2) 


Cane-sugar 


1-88 


1-84 


Potassium oxalate 




3-93 


Inverted sugar . 


1-88 


1-84 


„ sulphate . 


3-9 


3-92 


Malic acid . 


1-98 




Di-potassium phosphate 




3-96 


Tartaric „ 


2-02 




Potassium tartrate 




3-99 


Citric „ 


2-02 




„ malate 




4-11 


Potassium nitrate 


3-0 


30 


Di-potassium citrate . 


4-08 




Sodium „ 


3-0 




Potassium „ 


5-01 


4-74 


Potassium chloride . 


3-0 


2-84 


Magnesium malate 


1-88 


1-63 


Sodium „ 




3-05 


„ sulphate . 


1-96 


1-78 


Ammonium „ 


3-0 




„ citrate 


3-88 


3-53 


Potassium acetate 


30 




„ chloride . 


4-33 




Mono-potassium citrate 


3-05 




Calcium chloride 


4-83 





The osmotic pressure of potassium nitrate, taken as 3, is 
adopted as the unit of reference for the other values. The 
meaning of the numbers is tha,t the osmotic pressure of the 
solution of a specified substance is related to that of potassium 
nitrate solution in the ratio of the number placed opposite 
the specified substance to 3 ; e.g. the osmotic pressures of 
equimolecular solutions of cane-sugar and potassium nitrate 
are in the ratio 1*88 : 3. The molecular contents of a solu- 
tion of cane-sugar which is isotonic with a solution of nitre 

3*0 

must, therefore, be —— - = 1;6 times greater than that of 

the nitre solution. From the results he obtained, de Vries 
concluded that the ' isotonic coefficients ' of substances are 
whole numbers, and stand to one another in the ratio of 
such whole numbers as 2 : 3 : 4 : 5, provided the value for 
nitre be taken as 3. This generalisation may be passed 
over with the remark that the values obtained by de Vries 



108 SOLUTIONS 

have shown themselves to be more exact than the ob- 
served deviations from his rule would lead one to suppose. 
But it appears that the osmotic pressures of chemically 
similar substances are nearly equal. The substances 
examined may be divided into organic compounds with 
coefficients approximately equal to 2, salts E'A' (composed 
of a monad metal E' and a monad acidic radicle A') with 
the value. 3, salts E'jA" with the value 4, salts E'3A"' 
with a value about equal to 5, salts E"A" with approxi- 
mately the value 2, and finally salts E"A2' with the 
coefficient 4'3. 

Besides the method of investigation already described, 
called by de Vries the ' plasmolytic ' method, de Vries used 
two other processes, the 'plasmolytic transport method,' 
and the method of 'tissue-stress' (Gewehespannung). As 
only the first method need be noticed for our purpose, it 
will suffice to remark here that the other methods led to 
the same numerical values as the plasmolytic method. 
The numbers in the second column of the preceding table 
were obtained by the method of tissue-stress. 

Some further determinations of isotonic coefficients have 
been made more recently by de Vries.' These results are 
given in the opposite table ; ^ the last column contains 
results obtained by another method by Bonders and Ham- 
burger (see par. 9) . 

8. Optical methods. — A process, based on* the use of 
Topler's apparatus for detecting small changes in the 
refractive powers of liquids,^ has been applied by G. 
Tammann ^ to determine the equality of the osmotic 
pressures of two different liquids, and thus to adjust one 
liquid so that it shall be isotonic, or 'isomotic,' with 
another. When a membrane has been formed in a cell, by 
Traube's method, by means of potassium ferrocyanide and 
copper sulphate solutions, either the inner or the outer 

' Zeitschr. f. physikal. Cherme, 2, p. 415 [1888] ; 3, p. 103[1889]. 

^ Botan. Zeitung, 1888, Nos. 15 & 16. 

» Pogg. 131, p. 33 [1867]. ' Wied. Ann. 34, p. 299 [1888]. 
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Isotonic Coefficients. 



Substance 


Formula 


Isotonic Coefficients by | 


6 

s 


If 
II 




111 


Qrowpl. 












Glycerin . . , , 
Invert Sugar . 
Cane-Sugar . 


C3HA 

C,2^0„ 


1-78 
1-88 
1-81 


1-95 


1-84 
1-84 


1-72 


Group II. 












Malic acid 

Tartaric „ , . . 

Citric „ . . . 


C4H.O. 
CeH,0, 


1-98 
2-02 
2-02 


— 


— 


— 


Orcmp III. 












Magnesium malate 
„ sulphate 


MgC,HA 
MgSO, 


1-88 
1-96 


— 


1-63 
1-78 


2-44 


Group IV. 












Potassium nitrate . 
Sodium „ 
Potassium chloride 
Sodium „ 
A.mmomum ** • • 
Potassium iodide . 
Sodium „ 
Potassium bromide 
Sodium „ < , 
Potassium acetate , 
Mono-potassium citrate , 


KNO3 

NaNO, 

KCl 

NaCl 

NH,C1 

KI 

Nal 

KBr 

NaBr 

KCjHjO^ 

KHjCeHA 


3-0 
30 

30 

30 
3-05 


3-0 


2-84 
3-05 


3-0 

30 

304 
2-90 
305 
303 
2-85 


Group -T. 












Potassium oxalate . 

„ sulphate , 
Di-potassium phosphate. 
Potassium tartrate . 

„ malate . 
Di-potassium citrate 


K,C,0. 

K,SO, 

KjHPO, 

K,C,HA 

K,C,HA 

K^CAO, 


4-08 


3-9 


3-93 
3-92 
3-96 
3-99 
4-H 


4-07 
4-7 


Group VI. 












Calcium chloride , 
MagnesiOrtt^ 
Barium „ , 
Magnesitmi citrate . 


CaCI, 
MgCl, 
BaClj 
Mg3(C.H,0,), 


4-33 
4-33 

3-88 


— 


3-53 


4-05 
3-84 
403 


Group VII. 












Potassium citrate . \ 


KsCeH.O, 


5-01 


— 


4-74 


— 
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liquid generally shows a greater pressure than the other. 
If the pressure of the inner liquid is tHe greater, water 
passes from the outer solution into the cell, the liquid 
around the cell becomes more concentrated, and, on 
account of its greater specific gravity, this more concen- 
trated Uquid flows downwards. On the other hand, if the 
pressure of the outer liquid is the greater, water passes 
outwards, the liquid surrounding the ceU becomes more 
dilute and flows upwards. These changes- may be observed 
by the use of Topler's apparatus by which very minute 
differences between the refractive powers of two liquids 
may be detected. It is thus possible to adjust one liquid 
to another so that water shall neither flow inwards nor 
outwards through thfe cell-walls, and both liquids shall 
therefore have the same osmotic pressure. 

The different concentrations of the membrane-forming 
substances may be coinpared by this method. Tammann 
found the only suitable membranes to be those of copper 
and zinc ferrocyanide ; hence his investigations were 
confined to determining the isotonic solutions of copper 
and zinc salts in comparison with ferrocyanides. 

The method might be extended, however, by adding to 
the membrane-forming solutions different quantities of a 
third substance (which must be without! chemical action 
on the membrane-forming substance) and then finding 
the concentration of the second membrane-former which 
was isotonic with this mixed solution. That part of the 
osmotic pressure which was due to the substance added 
could then be calculated, on the supposition, the accuracy 
of which it would be possible to establish by the experi- 
ments themselves, that the osmotic pressure of the mixed 
substances was the sum of the pressures of .each. 

The following numbers, selected from Tammann's results, 
represent molecular concentrations, i.e. the'number of gram- 
molecular weights dissolved in 1,000 grams of water ; the 
ratio of the numbers is given in the column v : — 
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OuSO, 


K.Fe(ON). 


V 


Gu(C,HA). 


- K^e(ON), 





0-842 


0-313 


2-7 


0-338 


0-203 


1-67 


0-675 


0-240 


2-8 


0-240 


0147 


1-63 


0-339 


0-117 


2-9 


0-167 


0-108 


1-55 


0-204 


0-079 


2-6 


0-111 


0-074 


1-50 


0-170 


0-066 


2-6 


0-055 


0-039 


1-41 . 


0-094 


0-036 


2-6 









CuOl^ 


K.Fe(CN). 


V 


OuCNOj), 


K,Fe(ON), 


V 


0-476 


0-512 


0-93 


0-554 


0-586 


0-94 


0-379 


0-397 


0-95 


0-439 


0-439 


1-00 


0-313 


0-319 


0-98 


0-364 


0-351 


1-04 


0-236 


0-230 


1-02 


0-2'72 


0-251 


1-08 


0-157 


0-146 


1-08 


0-185 


0-158 


1-18 


0094 


0-086 


1-09 


0-108 


0-088 


1-22 


0-043 


0-033 


1-30 


0-049 


0-036 


1-36 



ZnSO, 


K.EeCCN). ' 


V 


ZnOlj 


. K.I'e(ON). 


V 


1-280 


0-549 


2-3 


0-440 


0-473 


0-93 


1-023 


0-410 


2-5 


0-329 


0-352 


0-93 


0-851 


0-829 


2-6 


0-219 


0-216 


1-01 


0-638 


0-234 


2-7 


0-131 


0-127 


1-03 


0-425 


0-155 


2-4 


0-060 


0-070 


0-86 


0-266 


0-126 


2-1 








0-101 


0-061 


1-7 









The irregular deviations show that the numbers are 
affected by errors of considerable magnitude. Nevertheless, 
it is evident that the ratio of the isotonic concentrations 
does not change much with increasing dilution; the ratio 
generally increases somewhat. Similar salts, such as 
CuSO^ and ZnS04, CuCla Cu(N03)2 and CuClj, show very 
similar , proportional numbers when compared with the 
isotonic concentrations of ferrocyanides. 

From the results with other substances, most of which 
were organic compounds, it may be concluded that equi- 
molecular solutions of these show osmotic pressures which 
are equal within the limits of experimental error. The 
substances examined thus were cane-sugar, salicin, ethyl 
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alcohol, chloral hydrate, ether, ethyl acetate, isobutyl 
alcohol, urea, and propyl alcohol. 

Tammann emphasises the point that solutions which 
have equal osmotic pressures also exhibit equal vapour- 
pressures. This statement had been deduced by van 't Hoff, 
by theoretical reasoning, shortly before the publication of 
Tammann' s work. The questions connected with this 
assertion will be considered later in their proper con- 
nexion. 

9. Influence of temperature. — Bonders and Hamburger * 
determined isotonic coefficients by a method very similar to 
that used by de Vries, but they employed blood-ceUs ia 
place of cells of plants ; their results are given in the 
last column of the table on p. 109. 

These results showed a noteworthy advance, inasmuch 
as they were obtained for two fairly different temperatures 
viz. 0°, and 34° (the temperature of blood). The numbers 
showed that solutions which were isotonic at the lower 
temperature were also isotonic at the higher temperature. 
As one result of the direct experiments of Pfeffer is that 
osmotic pressure increases with increasing temperature, it 
follows that the increase of osmotic pressure which accom- 
panies an increase of temperature is independent of the nature 
of the dissolved substance. 

It should be noted at once that there are exceptions to 
this statement, but the number of these is not great ; just 
as the expansion-coefficient of gases has not invariably the 
same value. The statement holds good in by far the greater 
number of cases. 

The common temperature-function of osmotic pressure 
might be determined by the method of Pfeffer, if the 
experiments were conducted in a sufficiently accurate 
manner. But the determination presents very great 
experimental difficulties at present. Meanwhile the func- 
tion may be deduced thermodynamically, by the method 

' Onderz. Physiol. Lab. Utrecht (3), 9, p. 26 ; of. Hamburger, Zeitschr. 
f. physikai Chemie, 6, p. 319 [1890]. 
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shown to be applicable by van 't Hoff.' The proof rests on 
the statement that in a reversible cyclical change, which 
proceeds between the temperatures t and t—cZt, the portion 

of the total heat which is convertible into work is q — . 

T 

where q = total quantity of heat. 

Let the solution, with volume v and osmotic pressure^, 
be placed in a cylinder, fitted with a movable piston, and 
closed at one end by a membrane which allows the passage 
of water, but prevents the passage of the substance in 
solution. The piston is held in position by a pressure 
equal and opposite to the osmotic pressure. If this 
opposing pressure is decreased by an infinitely small 
amount, water penetrates the membrane, the piston is 
raised and performs the work pdv, while the volume- 
increase is represented by dv. During this process the 
temperature remains constant ; to do this a quantity of 
heat, Q, equal to the work done,p dv, must be added Now 
let the piston move further, but let no more heat be added ; 
the temperature sinks to i—dT, and the pressure to 

V P- d T. At this lower pressure, the piston is pressed 

down into the cylinder until a change of volume = dv ia 
attained, and the heat produced is removed so that the 
temperature remains at T—dT. Finally, the removal of 
heat is stopped, land the compression is continued until the 
temperature rises to t, and the original volume v is attained. 
The cycUeal process is now stopped.^ 

The heat added was q = pdv; the fraction of this 
which is convertible into work is the difference between the 

two quantities of yjovk pdv and (p — -^dx) dv, and 
therefore = ( -^ \di:dv. 

' Zeitschr. f. physikal. Chemie, 1, p. 485 [1887]. 

^ The subject of the second law of thermodynamics may be studied in 
Clausius' Mechamcal Theory of Heat. 

I 
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Then, from the general statement enunciated above, we 
have 

_E. dT dv 
dr _dT 



or 



pdv 
P _ '^P 

T dT 



and by integration 



p = CT 



where c is the integration-constant. 

Hence osmotic presswe is proportional to the absolute tem- 
perature. 

The results obtained by Pfeffer agree, on the whole, with 
this conclusion, within the limits of experimental error. 
The following numbers show this : — 





c 


Observed 


t'" 


Observed 


Calculated 


Cane-sugar 

») ... 
Sodium tartrate 

,, ... 


32° 
36 
36-6 
37-3 


54-4 

56-7 

156-4 

98-3 


14-2° 
15-5 
13-3 
13-3 


51-0 

52-1 

143-2 

90-8 


51-2 

52-9 

144-3 

90-7 



The numbers under the heading calculated show the 
pressures calculated for the lower temperatures, t', from those 
observed at the higher temperatures, t, on the assumption 
that pressure is proportional to absolute temperature. The 
agreement between the pressures observed at the lower tem- 
peratures and those calculated for these temperatures is 
very close ; but it must not be concealed that other results 
obtained by Pfeffer show much less agreement than those 
quoted above. The experimental errors are so large that 
no great weight can be put on either the one or the other 
set of results. 

10. Analogy between the state of solution and the gaseous 
state. — Putting together the laws which are known to express 
the phenomena of osmotic pressure, we have the following 
relations : — 
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1. The pressure is proportional to the concentration, or 
it is inversely proportion£(,l to the volume in which a 
definite quantity of the dissolved substance is contained. 

2. The pressure increases, for constant volume, propor- 
tionally to the absolute temperature. 

3. Quantities of dissolved substances which are in the 
ratio of the molecular weights of these substances exert 
equal pressures at equal temperatures.' 

The analogy between these three laws and the gaseous 
laws is very evident. The first law corresponds with the law 
of Boyle, the second with the law of Charles (or Gay-Lussac), 
and the third with the law of Avogadro. To van 't Hoff ^ is 
due the merit of being the first to insist on this analogy, 
and to draw the weighty conclusions which this resemblance 
makes possible. 

At the outset it is necessary to find an answer to the 
question which asks what real ground there is for the 
analogy. The answer is to be found in the same cause as 
lies at the root of the simple gaseous laws which are inde- 
pendent of the composition of the different gases. As 
in gases, so in dilute solutions, the molecules of the sub- 
stances are so far apart that only those properties come into 
importance which depend on the number of the molecules, 
while those properties which depend on their individual 
nature in many cases disappear. Following a proposal 
made by W. Wundts, I shall apply the term colligative ^ to 
properties of this kind ; the volume- and pressure-relations 
of gases are the classical example of such properties. The 
appearance of properties of this kind is a peculiarity of 
matter when the parts are widely separated from one 
another so that the mutual actions of these parts are reduced 
to a minimum. 

The analogy between gases and solutions may be fol- 
lowed further, as was shown by van 't HofP. The numerical 

' This statement holds good only for indifferent substances. The ex- 
ceptions will be discussed later. 

' Zeitschr. f. physikal. Chemie, 1, p. 481 [1887]. ' See note on p. 30. 

I 2 
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value of the pressure exerted by a quantity of a gas, the 
weight of which in grains is equal to the molecular weight 
of the gas, was already found' to be expressed by the 
formula pv = b,t, where e = 84,700 = a constant inde- 
pendent of the nature of the gas. 

Pfeffer's most numerous and accurate measurements 
were made with cane-sugar ; a solution containing 1 per 
cent, of this compound was found to exert an osmotic pres- 
sure at 0° equal to 49-3 centims. of mercury. The pressure 
in grams per square centim. is equal to 49 '3 x 1038. The 
volume in which a gram-molecular weight of cane-sugar is 
contained in a 1 per cent, solution is 34,200 c.c, inas- 
much as the molecular weight of CigHjjOn is 342. The tem- 
perature is 273°, in absolute measure. Substituting these 
values, E is found to be 84,200 ; this number agrees with the 
constant for gases within the limits of experimental error. 
Inasmuch as the osmotic pressures of equimolecular solutions 
are equal, the same constant must be found for every other 
substance. The following statement, therefore, follows : — 
Dissolved substances exert the same pressure, in the form 
of osmotic pressure, as they ivould exert were they gasified, at 
the same temperature, without change of volume. 

We are, therefore, warranted in carrying over to solutions, 
without change of constant, all that we know to hold good 
for the properties of gases, so far as these are dependent on 
pressure, volume, and temperature, provided only that 
osmotic pressure be substituted for the ordinary pressure of 



The assertion that pressures of very considerable mag- 
nitude must exist in moderately concentrated solutions, 
appears at first sight somewhat astonishing. It is easily 
calculated, from the equation given above, that a solution 
containing 17 per cent, of ammonia must exert against pure 
water, at 0°, an osmotic pressure not less than 224 atmo- 
spheres. It has been asked, in all seriousness, why such a 
solution does not break the vessel in which it is placed. 

' This formula is discussed in an early part of the Lehrbitch. — Translator. 
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Such a solution would break the vessel containing it if the 
walls of that vessel were permeable by water, but not by 
ammonia, and this vessel were placed in pure water. Phe- 
nomena of this kind are observed in the destruction of the 
walls of cells with somewhat concentrated protoplasmic con- 
tents, when such cells are placed in pure water. The pres- 
sure cannot, however, make itself felt towards the exterior 
of the solution, because it is opposed on the surface by the 
normal interior pressure, which prevails in every liquid, 
and which is measured in thousands of atmospheres. The 
osmotic pressure can show itself only by diminishing this 
interior pressure and so slightly increasing the volume of 
the liquid ; it can never come into play towards the exterior 
of the liquid, because it is always quite overpowered by the 
interior pressure. 

It follows, from this way of regarding the subject, that 
when a liquid is diluted, the total volume must generally 
become somewhat smaller. For, suppose the liquid is diluted 
to twice the original volume, then the interior pressure is 
opposed by an osmotic pressure equal to one-half the 
pressure before dilution, and therefore the total volume 
must decrease to an amount corresponding with this decrease 
of osmotic pressure and with the compression-coefficient 
of the liquid. It is known that, as a rule, dilution of a 
solution is accompanied by a decrease of volume. If no 
other causes were at work, the volume-change coidd be 
calculated from the known values of the osmotic pressure 
and the compression-coefficient. But the supposition which 
would be made in this calculation, viz., that the interior 
pressure (determined without reference to the osmotic pres- 
sure) is the same for different concentrations of a solution 
of the same substance, cannot be accepted as necessarily 
true, and there is no trustworthy method of calculation by 
which this point may be settled. 
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CHAPTEE VI 

DIFFUSION 

1. Generalities. — Osmotic pressure is the cause of an- 
other class of phenomena, which come under notice when 
the pressure is allowed to exert itself freely. A movement 
of the particles of the dissolved substance occurs from the 
places where they are more closely packed, and where, 
therefore, they exert a greater pressure, to the places where 
they are present in smaller quantity, and where, there- 
fore, the pressure is less ; and this movement continues 
until the concentration, and therefore the pressure, is 
uniform throughout the liquid. The existence of this 
movement was discovered by Parrot ; ' the cause he called 
' affinity of the first degree, a newly discovered natural 
force.' The phenomenon is now called diffusion ; the 
cause has been shown recently, by W. Nernst,'' to be 
osmotic pressure. 

2. Investigations of Graham. — Graham was the first to 
make a thoroughgoing investigation of the phenomena of 
diffusion without a separating membrane.^ His method of 
procedure was very simple. A wide-mouthed glass-jar, of 
about 200 grams capacity, with the upper edge of the 
mouth ground smooth, was filled with the salt solution 
under examination to within about 2 centims. of the top ; 
water was then poured very carefully on to the top of the 
solution till the jar was quite full ; the jar was placed in a 

' Gilb. Ann. 51, p. 318 [1815]. 

2 Zeitsch/r. f. physikal. Chemie, 2, p. 613 [1888]. 

' Phil. Trans. 1850, pp. 1, 805 ; 1851, p. 483. 
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glass cylinder, and water was poured into this cylinder 
until the jar was covered to the depth of about 3 centims. ; 
about 1 litre of water was generally required. The whole 
arrangement was allowed to remain at rest for a consider- 
able time in a moderately warm place. The process was 
stopped by covering the mouth of the jar with a glass plate ; 
the jar was then removed from the outer vessel, and the 
quantity of the substance now present in the liquid in this 
vessel — the diffusate — was determined. The first result was 
that the quantity of the substance in the diffusate was 
largely dependent on the nature of the diffusing substance ; 
acids, for example, diffused about twice as quickly as normal 
salts, and the rate of diffusion of these salts varied much 
according to their composition. 

The quantity of substance which diffused from solutions 
of different concentrations was found to be nearly propor- 
tional to the contents of the original solutions ; for instance, 
solutions of common salt which contained 1, 2, 3, and 4 
parts NaCl in 100 parts water, yielded diffusates, after four 
days, which contained 2*78, 5-54, 8*37, and 11-11 grams 
salt — these numbers are in the proportion 1 : 1'99 : 
S'Ol : 4. The rate of diffusion was considerably modified 
by changes of temperature; thus a solution of common 
salt diffusing at 4-2° gave 10 grams NaCl in the diffusate, 
and at 19*4° the diffusate contained 13-6 grams NaCl, in 
each case after 8 days. 

When two salts were allowed to diffuse simultaneously, 
each appeared to diffuse independently of the other. If, 
therefore, the rates of diffusion of the two salts were very 
different, it was possible to effect a fairly complete separa- 
tion of the salts. For instance, a separation could be effected 
of the constituents of salts which were decomposed by 
water, e.g. potassium hydrogen sulphate, the alums, &c. ; 
the details of this part of the investigation do not, however, 
concern us here. 

The question with regard to the influence of salts on 
one another during diffusion was put into another form by 
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inquiring whether a salt diffuses in the solution of another 
salt in the same way as in pure water. Experiments 
showed no marked difference between the two cases. For 
instance, 9-06 grams NajCOj diffused in eight days from a 
4 per cent, solution of this salt surrounded by pure water, 
and the quantities which diffused in the same time when 
the solution of Na^COj was placed in a 4 per cent, common 
salt solution were 8-82 and 9-1 grams. A slight retarda- 
tion seemed to occur in some cases, but the results were 
not conclusive on this point. 

I do not give in detail Graham's measurements of the 
relative quantities of salts which diffused under the same 
conditions, as the numbers are not of special importance for 
our purpose. Graham came to the conclusion that the 
quantities of chemically similar salts, such as potassium 
and ammonium chlorides, or potassium and ammonium 
nitrates, which diffuse in equal times are nearly, if not 
quite, equal. Such groups of salts as the sulphates or 
carbonates of the same base, showed agreements among 
themselves, but each group differed from those first men- 
tioned. 

3. Fick's theory of diffusion. — In order to gain an insight 
into the phenomena of diffusion, A. Fick' put forward, 
tentatively, the statement that, the quantity of a salt which 
diffuses through a given area is proportional to the difference 
between the concentrations of two areas infinitely near one 
another. 

This fundamental supposition made by Fick follows, as 
a necessary consequence, from the statement, already 
made, that a substance in solution exerts a pressure 
proportional to the concentration of the solution. For the 
pressure exerted on both sides of the surface of separation 
between two adjacent portions of a solution is proportional 
to the concentration on each side ; the resultant pressure 
must be proportional to the difference between the two 
concentrations, and it must drive the dissolved substance 

> Fogg. 94, p. 59 [1855]. 
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towards the part of less concentration. This, however, is 
nothing else than the law stated by Fick. 

The formal analogy between the statement of Fick and 
that made by Fourier concerning the conduction of heat, 
made it possible for Fick to carry over Fourier's theory of 
thermal conduction, which had been very carefully and 
fully developed by Fourier on mathematical lines of 
reasoning, and to apply it to diffusion-phenomena, by 
putting concentration in place of temperature, and quantity 
of salt in place of quantity of heat. The case wherein the 
process takes place only in one direction such that the 
same condition prevails at all points in a plane perpen- 
dicular to this direction, may be expressed by the differential 
equation : — 

dt \dx^ q, ' dx dx J' 

In this equation, x represents the distance in the direction of 
diffusion, y is the concentration, q the area, and t the time ; 
k = diffusion-constant, i.e. the number which expresses the 
quantity of salt diffusing through unit area in unit time 
when unit difference of concentration prevails throughout 
unit distance. The negative sign means that the diffusion 
occurs in the direction of smaller concentration. Should 
the area not depend on x, should, e.g., the diffusion-vessel be 

a prism or a cylinder, then ~ = 0, and the equation is 

reduced to 

^ = - k ^% 
d t dx^ 

Finally, if a stationary condition is reached, i.e. if the 
concentration is maintained constantly equal in two parts 
of the diffusion- vessel, and sufficient time has elapsed, then 
the concentration is no longer dependent on the time ; we 

have then ^ = 0, and therefore kfl=0; from this it 
dt dx^ 

follows that -^ = a, and y = ax + b, where a and b are 
dx 
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the integration-constants, which must be determined from 
the experimental conditions. 

All these equations may be used for proving Pick's 
fundamental law, but one cannot obtain measurements of 
diffusion-constants by the help of this law. Tick's own 
measurements were appHcable only to individual cases and 
were not very accurate, therefore I do not give them here. 
The researches of others have shown that to make accurate 
experiments on diffusion is one of the most difficult prob- 
lems in practical physics. 

4. Experimental verification of the law of diflfusion. — 
Beilstein,' acting under the guidance of Jolly, sought to realise 
as simple a process of diffusion as 
possible, by the following arrange- 
ment. One limb of a U-shaped tube 
was cut off immediately above the 
bend, and the edge was ground flat ; 
the longer limb was narrowed near 
the opening and was closed by a 
ground stopper. This arrangement 
was filled with the solution of 
a salt, fastened into a plate, 
and immersed in a vessel filled 
with pure water (fig. 19) . This 
arrangement was chosen, as it 
was supposed that the dilution which resulted on diffusion 
would at once spread throughout the whole of the U-tube, 
because the dilute solution which formed at the open end 
of the tube, being specifically lighter, would find its way to the 
upper part of the tube, and would be replaced by the more 
concentrated solution originally present there. Beilstein 
supposed that an equal concentration would prevail through- 
out the whole of the little tube at each moment of the 
diffusion. This supposition does not, however, apply to the 
lower part of the bend at any rate, Nevertheless, if Beil- 
stein' s assumption is adopted as a first approximation, the 

' Amuden, 99, p. 165 [1856]. 
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process may be expressed on the basis of Pick's law. 
Putting y = concentration, i.e. the quantity of the salt for 
1 gram of water in the little tube, then the rate of diffusion 

-^ is proportional to the difference of concentration ; but 

this difference is equal to the concentration itself, inasmuch 
as the exterior liquid is pure water, and because the 
diffusing salt-solution at once sinks to the bottom of the 
vessel and remains there during the experiment. We have, 
therefore, 

-1-= —key 
a t 

where k, as before, is the diffusion-constant, and c is a 
constant depending on the form, and especially on the area 
of the opening, of the vessel. It must be noticed in inte- 
grating, that for t = 0, the original concentration, which we 
shall call y^, must be introduced ; hence the equation 
follows — 

'2/0 — ly — kc t 

where I expresses the natural logarithm.' 

Beilstein found, for example, that a 2 per cent, solution of 
nitre contained 1-3052 per cent, after 24hours, and -8346 per 
cent, after 48 hours. The logarithms required are -301 —2, 
•1155 — 2, and -9215 — 3, and their differences are -1855 
and -3795 ; these differences are in the ratio of 1 : 2-046, 
instead of 1 : 2. Similarly, a 4 per cent, solution of nitre 
(water = 100) gave 2-5437 per cent., and 1-6483 per cent., 
after 24 and 48 hours respectively ; the differences of the 
logarithms are -1966 and -3852, and these are in the ratio 
1 : 1-96. Beilstein examined 10 salts ; he found that the 
second difference was a little smaller in almost every case 
than would be expected from the theory. He supposed 
himself driven to conclude that Fick's law is inaccurate ; 
but Th. Simmler and H. Wild ^ at once pointed out that the 

' The much more complicated equation given by Beilstein does not differ 
substantially from that given in the text. 
' Pogg. 100, p. 217 [1857]. 
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deviations noticed might well have their origin in the 
somewhat inaccurate assumption which was made, that 
the contents of the small diffusion-vessel were perfectly- 
uniform. 

5. Further investigations. — In the contribution already 
referred to, Simmler and Wild put forward several methods 
for determining diffusion-constants, without, however, giving 
any experimental data. They integrate the differential 
equation for the case wherein a cylindrical diffusion-vessel, 
containing the solution of a salt, is sunk in water contained 
in a large vessel, and the quantity of salt which remains in 
the small vessel at the close of the experiment is estimated ; 
also for the case in which two vessels of equal area and the 
same height are placed one over the other, the lower vessel 
being filled with the salt-solution and the upper with 
water. These authors also sketch a third method wherein 
they consider a prism-shaped vessel, and they propose to 
measure the concentration in each layer by determining the 
refraction-coefficient of the layer. They suggest that an 
insight might be had into the general process of the diffusion 
at any moment by producing a representation of the cord 
of a pendulum as seen through such a prism ; the disloca- 
tions of the straight lines would afford measures of the 
concentrations of the different parts of the solution. 

I do not note here the results of the calculations of 
Simmler and Wild, because those which are to be used 
later on will be recorded in their proper places. 

Hoppe-Seyler,! and, independently and at the same 
time, E. Voit,^ suggested and made use of an arrangement 
similar to the prism-method of Simmler and Wild. I shall 
give an account only of the last investigation, as it was of 
a systematic character. Equal volumes of a sugar solution 
and water were allowed to diffuse into one another in a 
vessel formed of mirror-plates and having the form of a 
parallelopiped ; the amount of sugar was determined in 

' Med. chem. Untersuch. Berlin, 1866. 
2 Fogg. 130, pp. 227, 393 [1867]. 
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each layer by a Duboscq-Soleil saccharimeter, which sur- 
rounded the diffusion-vessel, and was attached to the slider 
of a cathetometer-stand so that it could be j&xed at different 
heights. 

Simmler and Wild developed the following formula for 
a similar arrangement — 

= yo +^'^ (nlk cos ^-P^^..-^'-^")'" 

^ 2 TT ^2p+ 1 H 

y^, as before, is the original concentration, y = con- 
centration varying with the time t; h = height of the 
vessel ; x = the height at which an observation was made, 
measured from above downwards ; e = basis of the natural 
logarithms ; tt = 3-1415 ; and p = any whole number from 
to 00. It is somewhat inconvenient to calculate k from 
this infinite series which quickly converges. By making 
observations at heights so that x=-^h and x = ^k, the 
second term, in which p = 1, becomes equal to zero, as 

under cos. the value ^ or -— appears. The third, and 

the following, term may be neglected without introducing 
any large error; so that we obtain for k the following 
closed expression: — 

where y, represents the concentration measured at the 
height -J-H, and at the time t. A simpler expression is 
found by combining two observations at the times t and It. 
Putting y\ as the concentration at time t and the height |h, 

and putting y^ = ^, it follows that 



k=A^l 



-rrH y,n — y\ 

Calculations made by the use of this formula gave results 
which seemed to represent the diffusion-constants as 



126 SOLUTIONS 

variable within the widest limits; the numbers for k varied 
between -45 and -16. Nevertheless, Voit was aware that 
this result need not lead to the conclusion that Pick's law 
is inaccurate. The result showed that the measurement of 
the amounts of sugar in different portions of a diffusing liquid 
by means of the saccharimeter is inadmissible ; the values 
found were always much too low ; and it was only after about 
50 days, when the differences of concentration had been 
almost wholly equaHsed, that trustworthy measurements 
could be obtained. A description of the way by which 
Voit reached this conviction would lead us too far afield. 
Voit did not indicate an explanation of the divergent 
results he obtained. Such an explanation was found, in 
1878, by Stefan,' who showed that a liquid whose refraction- 
coefficient decreases from beneath upwards, acts like a prism 
with the refracting edge upwards, and at the same time 
also acts as a cylindrical lens; a ray of light which enters 
such a Kquid horizontally does not remain horizontal, but 
is bent aside. The diffusion- constants are therefore quite 
erroneous. 

The investigations of Johannisjanz,^ which were con- 
ducted in accordance with one of the optical methods 
suggested by Simmler and Wild, with certain appropriate 
changes, fall under the same criticism. As these investi- 
gations could not lead to accurate values, a description of 
them may be omitted. 

6. Investigations of H. F. Weber. — None of the investi- 
gations which we have considered up to this point has led 
to trustworthy results. It is only within recent years that 
a research has appeared which has shown that the question 
concerning the vaHdity of Pick's fundamental law of diffu- 
sion, which had remained unsolved for nearly a quarter- 
century, must be answered in the affirmative. 

The problem has been solved by H. P. Weber,^ by the 
help of a new principle of measurement. If two plates of 

' Wien. SitzungsUr. 78. ^ Wied. Ann. 2, p. 24 [1877]. 

» TbU. 7, pp. 469, 536 [1879] 
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zinc are imm^sed in two solutions of zinc sulphate, of 
different concentrations, connected by a porous partition or 
the like, an electromotive force is produced between the 
plates, and this force is proportional to the difference 
between the concentrations, provided that difference be 
small. Weber placed a concentrated solution of zinc sul- 
phate in a cylindrical vessel, the bottom of which was 
formed of a smoothly amalgamated zinc plate ; over this he 
poured a dilute solution of the same salt, and then, by a 
suitable arrangement, he fixed a zinc plate, similar to the 
first, beneath the surface of the upper layer of liquid. The 
electromotive force produced between the two plates measured 
the difference of concentration ; as this difference became 
equalised by diffusion, the electromotive force decreased. 

The application of Pick's law to this arrangement leads, 
as in all other cases, to infinite series, the coefBcients of 
which may be caused partially to disappear by the use of 
suitable devices; if the times are made somewhat large, 
the remaining terms become numerically so unimportant 
that the first term suffices. Putting e as the electromotive 
force proportional to the difference of concentration, the 
course of the change of e, during the time of experiment, is 
given by the equation 



B = A, 



A is a constant, the other letters have the same meanings as 
before. 

The testing of Fick's law was conducted by finding the 

2 

values of -- A; from the observations of the electromotive 

force on two consecutive days ; this value must remain the 
same if the law is accurate. Weber found as follows : — 



Days 


Constant 


Days 


Constant 


4-5 
5-6 

6-7 

7-8 


•2032 
■2066 
•2045 
■2027 


8-9 

9-10 

10-11 


•2027 
•2049 
•2049 


Mean ^2042 
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The constancy of the value is maintained in the most satis- 
factory way. The diffusion-law of Fick is completely verified 
by these measwrements. 

A modification of this method allows a more precise 
proof of Fick's law to be obtained, and at the same time 
makes it possible to complete the experiments in a few 
hours, which is a great advantage considering the necessity 
of keeping the temperature constant. Instead of obtaining 
two different conditions of concentration by placing different 
solutions one over the other, Weber gained the required 
arrangement by passing an electric current through a cell 
made of two amalgamated zinc plates placed horizontally 
and parallel to one another at a distance of '5 centim. 
apart, and separated by a solution of zinc sulphate. The 
result of this arrangement is that some zinc is deposited on 
one side, and the solution surrounding this plate becomes 
more dilute, while the ion SO4 travels to the other plate, 
dissolves some of the zinc, and so causes concentration of 
the liquid. At the same time there begins a process of 
diffusion which tends to equalise the difference of concen- 
tration ; the final result is a stationary condition wherein 
the concentration increases regularly from one plate to the 
other. If the current is stopped, the cell shows an electro- 
motive force corresponding with the difference of concentra- 
tion which was produced in the first part of the experiment. 
This difference equalises itself by diffusion, and the process 
may be observed as before. The calculation leads to an 
expression the form of which completely corresponds with 
that already given, and which becomes sufficiently accurate 
after the expiry of a certain time. 

Weber observed the electromotive force at equal intervals 
of time. The values must form a decreasing geometrical 
series, and the differences of their logarithms must be con- 
stant. The following table contains an example ; the ob- 
servations were all made at intervals of two minutes, and 
the differences of the logarithms are taken for those values 
which are separated by half-an-hour. 
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Time 


E 


Time 


B 


Difl. log. 


h. m. 




h. m. 






12 


170-3 


12 30 


141-9 


-07923 


2 


168-3 


32 


140-3 


-07902 


4 


166-4 


34 


138-7 


-07907 • 


6 


164-5 


36 


137-1 


•07913 


8 


162-5 


38 


135-5 


-07890 


10 


160-5 


40 


133-9 


-07870 


12 


158-5 


42 


132-3 


•07847 


14 


156-6 


44 


130-7 


•07851 


16 


154-6 


46 


129-0 


-07862 


18 


152-7 


48 


127-4 


-07867 



The small deviations shown by the differences are ex- 
plained by the fact that the temperature fell somewhat 
during the observations. Temperature exerts a very marked 
influence on the diffusion-constant ; while this has the value 
•1252 at 1-2°, it becomes -4146 at 44-7° ; the general ex- 
pression is fc = -1187 (H--0557«). 

Weber examined the influence of concentration on the 
diffusion-constant, by placing solutions of different strength 
between the plates. A small effect was discovered in the 
direction that the constant decreased slightly as concentra- 
tion increased. A solution containing 21-4 per cent, gave 
k = -2403, another solution of 31-8 per cent, gave k = -2289. 
Weber concludes : — 

The elementary law of Pick is to be corrected in the same 
way in the theory of diffusion, as the elementary law of Fourier 
in the theory of the conduction of heat ; as the magnitude of 
the internal heat-conduction decreases slowly as temperature 
iacreases, so the dififusion-values decrease gradually as concen- 
tration increases. Fick's hypothesis represents the process of 
diffusion with as great accuracy as Fourier's law expresses the 
process of the conduction of heat in solid substances. 



This conclusion is evidently valid only on the supposition 
that the molecular condition of the dissolved substance is 
not changed by the dilution employed in the experiments. 
But it is certain that such changes occur with all solu- 
tions of salts, including zinc sulphate. Nevertheless, the 
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possibility remains that Pick's law is a completely accu- 
rate expression of the diffusion of substances which do not 
undergo changes of this kind. 

7. Graham's later researches and Stefan's calcnlations. — 
Although the correctness of the diffusion-law and the limits 
within which it is valid were established by the decisive 
experiments of Weber, yet no general method for determin- 
ing diffusion-constants was suppUed by these experiments. 
Such a method is, however, given, as was pointed out by 
Stefan,' by an extended series of experiments published by 
Graham ^ in 1861. Graham used cylindrical vessels about 
15 centim. high and 9 centim. wide; into these he poured 
-7 litre water, and then allowed -1 litre of the salt solution to 
flow under the water from a pipette with a very narrow 
orifice, so that the two liquids were plainly separated from 
each other. The vessels were then left at rest for a deter- 
minate time ; 50 c.c. of the solution were then removed at 
a time, slowly and carefully, by means of a siphon, so that 
the whole liquid was obtained in 16 portions, and the 
analyses of these gave a survey of the diffusion-process. 

Stefan applied the formal analogy between diffusion- 
movements and wave-motions to the calculation of Graham's 
results ; both motions are expressed by the differential 

equation already quoted •^- — —k -p^. It is easy to in- 
tegrate this equation for the case of an infinite cylinder ; to 
apply it to a limited cylinder, Stefan made use of the prin- 
ciple of reflexion and superposition ; he regarded the quan- 
tity of substance which would have passed beyond the 
limiting layer, if the liquid cylinder had been infinite, as 
totally reflected on to the limiting layer, and added to that 
present in the lower layers. If the curve a 6 c in Pig. 20, 
for instance, represents the falling off in the concentration 
of a diffusing system in a definite time, when the liquid 
cylinder is infinite, then the decrease in concentration, a d, 
in a cylinder which reaches only to the ordinate 5 is found 

> Wim. Akad. Ber. 79, p. 161 [1879]. = Phil. Trans. 1861, p. 183. 
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by reflecting the part of the curve be as bo, and regarding 
the corresponding ordinates as applied to a b. 

Stefan has calculated tables, by the help of which the 
distribution of the dissolved substance can be deduced, on 
the principle just stated, if the diffusion-constants are 
known ; and by which also the diffusion-constants can be 
determined from the observed distribution of the substance. 

For these and other calculations I must refer the student 
to the original memoir of Stefan ; I do not give the tables, 
because it is very difiBcult to carry out investigations by the 
method under consideration without considerable errors. 
This becomes very apparent from the work of Schuhmeister,' 
wherein differences of from 10 to 20 per cent, appeared with- 
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out discoverable cause. Only the values of the constant k 
calculated from Graham's measurements are given here ; 
the unit of length is the centimetre, and the unit of time is 
the day : — 





Temp. 


* 




Temp. 


* 


Caramel 
Albumin 
Cane-Bugar 


10° 
13 
9 


■047 
•063 
•312 


Sodium chloride . 
Hydrochloric acid 


5° 

9 

5 


•765 

•910 

1-742 



8. Investigations of Scheffer. — Scheffer^ used cylinders 
of 10 sq. centim. area, and about 10 centim. high ; these 
were about two-thirds fiUed with the solution under exami- 
nation, and one-third with water, and were then placed in a 



' Wien. Akad. Ber. 79, p. 603 [1879]. 

2 Benchte, 16, pp. 788 [1882] ; 16, p. 1903 [1888]. 
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large vessel containing pure water. The calculations were 
made by the formula of Simmler and Wild (p. 125) ; a 
table is given of the values of the corresponding series. 
Observations made at different intervals of time gave results 
which agreed well with Fick's law. The values found for 
the constants (centim. days) were as follows : — 





Temp. 


t 




Temp. 


* 


Hydrochloric acid 


8° 


2-13 


Succinic acid 


15° 


•55 


.. .1 


15-5 


2-57 


Citric „ 


9 


•42 


Oxalic „ 


7-5 


•70 


Mannite 


10 


•38 


Acetic „ 


8 


•66 


Sodium acetate . 


14^5 


•69 


») » 


14-5 


•81 


Chloral hydrate . 


9 


•54 


Tartaric „ 


9 


•43 


Ammonium chloride . 


17^5 


1^31 



The question of the influence of concentration on the 
diffusion-constants is discussed in a later communication, 
A distinct increase of the constant, as concentration in- 
creased, was noticed in the case of hydrochloric acid. No 
marked change was observed in the constants for sodium 
chloride and potassium chloride ; and, lastly, the constants 
for sodium nitrate, sodium thiosulphate, and especially silver 
nitrate, became smaller as the concentration became greater. 

At a later time,' Scheffer employed a somewhat different 
experimental arrangement. A stopper was ground into a 
cylindrical flask ; the stopper carried a pipette with a stop- 
cock, which reached to the bottom of the flask, and also 
an overflow-tube. Water amounting to three times the 
contents of the pipette was placed in the flask, the pipette 
was filled with the solution to be examined, and, by care- 
fully opening the stopcock, this solution was allowed to flow 
in a layer under the water. When the experiment was 
finished, the liquid was caused to rise to the overflow-tube 
by carefully adding sufficient of the original solution, and 
the contents were withdrawn in four equal parts, three of 
which were used for analysis. 

The results led to the conclusion that the diffusion- 



Zeitschr. f. physikal. Chemie, 2, p. 390 [1888]. 
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constant for hydrochloric acid increased considerably as con- 
centration increased ; in conformity with this, hydrochloric 
acid diffused into a dilute solution of the same acid much 
more rapidly than into pure water. Nitric and sulphuric acids 
showed the same behaviour, but in a much less marked way. 

The tables on p. 134 contain a number of determinations 
made by Scheffer. The column n contains the quantities 
of water stated in molecules for one molecule of the dis- 
solved substance; A; = diffusion-constant. 

9. Diffusion in gelatinous substances. — Graham' was the 
first to examine the question whether diffusion in water 
which has been gelatinised by such substances as starch, 
gum, or agar-agar, differs from diffusion in pure water. 
He came to the conclusion that the rate of diffusion of 
common salt is not appreciably altered by altering the con- 
dition of the medium. 

F. Voigtlander,^ as the result of an extended investi- 
gation, found that diffusion takes place in agar-agar in 
the same way as in pure water. This conclusion is of 
great importance for the measurement of diffusion-constants, 
as the chief causes of error — viz., differences of temper- 
ature and mixing caused by shaking — are here completely 
removed. For these reasons, also, the method gives a 
means of testing Fick's law with much greater sharpness. 

For the case that concentration, c, remains constant at 
one end of an unlimited cylinder of water, Stefan calcu- 
lated the quantity of a substance that diffused, a, as 

where h = diffusion-constant;,, and q = area. The quantity 
diffusing through the given area must be proportional to 
the square root of the time. The following table shows 
the milligrams of sulphuric acid, a, that diffused from a 
solution of '72 per cent, in t minutes, in a cylinder of agar- 
agar ; the last column contains the quantities of sulphuric 

> PMl. Trams. 1861, p. 183. 

2 Zeitschr. f. hhysikal. Chemie, 3, p. 316 [1889]. 
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Temp. 


n 


k 


Temp. 


n 


* 




Htdboohlorio Acid, HCLwH^O. 




0° 










5 

9-8 
14 
271 
129-5 


2-31 
1-86 
1-67 
1-52 
1-39 


11° 
11 
11 
11 


7-2 

27-6 

69-4 

108-4 


2-67 
2-12 
2-02 
1-84 




NiTKio Acid, HNOj.tcHjO. 




6 
6 


16-5 
66 


1-54 
1-50 


I 
9 
9 


2-9 
7-3 
35 
426 


1-94 
2-02 
1-78 
1-73 




ScLPHUBio Acid, HjSOj.nHjO. 




7-5 
8 
8 
8 


686 
18'8 
36 
84 


1-04 
1-07 
1-01 
1-02 


8-5 

9 

11-3 
13 
13 


127 

686 
71 
0-5 
35 


0-99 

1-14 

112 

1-3 

1-24 




Acetic Acid, CjHjOywHjO. 




8 

13 

13-3 
8-5 
7-5 
9-5 


38 
46 
208 
315 
135 
720 


0-66 
0-73 
0-78 
0-61 
0-71 
0-81 


13-5 

13-5 

14 

13-5 

14 

14 


60 

84 

128 

1247 

415 

689 


0-76 
0-77 
0-81 
105 
0-94 
1-01 


Tabtae 


ic Acid, C^fi^.nRfi. Eacbmio Acid, C4H5O 


s-toHjO. 


5 

Po 


155 1 0-37 II 5 1 155 
TASH, KOH.nHjO Soda, NaOH.raH^C 


0-39 
). 


13-6 


1665 1 1-66 II 8 1 329 


1-06 


Am 


MONiA, NHj.wHjO. Sodium Chloride, Na 


DLtoHjO. 


4-5 
4-5 


16 106 
85 1-06 


5-5 
5-5 
5-5 


11 
25 

58 


0-73 
0-74 
0-76 


Ammoniui 


I Chloride, NH^CLtcH^O. Babidm Chloride, Ba( 


M^MBfi. 


17-5 


61 1 1-31 || 8 1 337 


0-65 


Silver 


Nitrate, AgNOs.raHjO Sodium Nitrate, Na> 


rOj-wHiO. 


6-5 
7-5 
7-5 


10-6 
11-8 
25 
189 


0-57 
0-65 
0-77 
0-90 


2-5 

2-5 

11-5 

11-5 


7-7 
44 
28 
95 


0-57 
0-62 
0-82 
0-86 




Urea, CON^H^.tcH^O. Mannite. 


■ 


7-5 


110 1 0-81 II 10 1 220 


0-38 
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acid diffusing in 60 minutes calculated by the foregoing 
formula from tlie observed values of a : — 



( 


a 


aV60 ; 

1 


( 


a 


aV60 


5 


0-30 


1-04 


800 


2-44 


1-09 


10 


0-45 


1-09 


360 


2-65 


1-09 


20 


0-62 


1-07 


420 


2-90 


110 


30 


0-74 


103 


480 


310 


109 


40 


0-86 


1-05 


900 


4-30 


111 


50 


0-96 


1-05 


960 


4-50 


1-11 


60 


1-08 


1-08 


1020 


4-61 


1-10 


120 


1-48 


1-05 


1440 


5-25 


1-07 


240 


216 


1-08 


2880 


7-05 


102 



The numbers in the last column evidently vary irregu- 
larly about a mean value. They decrease only towards the 
later experiments ; this is due to the fact that after two days 
the diffusion had reached the top of the cyUnder, and there- 
fore the formula was no longer valid. 

Similar experiments were made with many other sub- 
stances — salts, bases, and acids ; the conclusion was always 
the same ; the quantity that diffused was proportional to 
the square root of the time of diffusion. 

The same law holds good for the distance over which a 
determinate concentration extends ; this also is propor- 
tional to the square root of the time of diffusion. That 
concentration of an acid which was required to decolorise 
the jelly, which had been coloured red by extremely dilute 
alkaline phenolphtalein, was adopted as the characteristic 
concentration. The progress of the decolorising action was 
found to be exactly proportional to the square root of the 
time. The same result was obtained for the reddening of 
the jelly containing phenolphtalein by diffusing alkalis. 

Finally, Voigtlander determined a number of diffusion - 
constants in terms of the usual units (centimetres and 
days). The results obtained may be taken as valid for 
water also ; for measurements made with jelUes containing 
from 1 to 4 per cent, of gelatinising substance showed, 
under the same conditions, exactly the same quantities of 



136 



SOLUTIONS 



diffused acid, so that the supposition that the presence of 
agar -agar is without influence on the diffusion seemed to 
be justified. The numbers obtained in this investigation are 
more accurate than those furnished by experiments with 
water by reason of the complete absence of disturbing 
currents. 

The influence of temperature was examined at the same 
time. The following table contains the results ; fairly dUute 
solutions were generally used ; the temperature-coefficients 
of the diffusion-constants are given under a^ and a^ ; a^ holds 
good for 0° to 20°, a^ from 20° to 40°. The experiments 
showed that the quantities diffusing in equal times in- 
creased very nearly in proportion to the temperature. 
Prom this, taken in conjunction with the formula on p. 133 
which shows that the diffusion-constant increases in pro- 
portion to the square root of the quantity of substance, it 
follows that the temperature-coefficient in each case takes 
the form k^ = A;^ (1 -|- ^t)\ 





K 


i-^o 


Ko 


«i 


«„ 


Formic acid. 


0-472 


0-867 


1-49 


-0228 


•0806 


Acetic „ . 




0-318 


0-64 


1-04 


•0245 


■0326 


Propionic „ . 




0-245 


0-514 


0-882 


■0261 


•0858 


Butyric „ . 




0-217 


0-443 


0-788 


•0256 


•0385 


Oxalic „ . 




0-461 


0-894 


1-47 


-0242 


•0322 


Tartaric „ . 




0-316 


— 


0-996 


— 


— 


Citric „ . 




0-231 


— 


0-854 


— 


— 


Sulphuric „ . 




0-637 


1-21 


2-01 


•0236 


•033 


Hydrochloric acid 




1-07 


2-06 


— 


•0246 


— 


Nitric „ 




1-10 


2-10 


— 


•0226 


— 


Potassium oxide 




1-01 


1-75 


2-36 


•0209 


•026 


Sodium ,-, „ 




0-764 


1-26 


1-35 


•0195 


•024 


AmTinoni««r ■ . 




0-661 


1-26 


— 


•023 


— 


Lithium oxide 




0-591 


^1-18 


1-81 


-0239 


•0295 


Barium „ . 




0-735 


1-33 


2-10 


-0224 


-0291 


Strontium „ . 




0-685 


1-26 


2-01 


-0229 


-0297 


Calcium „ . 




0-735 


1-40 


2-18 


-0237 


-028 


Potassium chloride 




0-786 


1-40 


2-18 


-0219 


•0279 


Sodium „ 




0-535 


1-04 


1-71 


-0243 


•0332 


Ammonium , 






0-682 


1-32 


2-16 


-0236 


•0314 


Calcium , 






0-394 


— 


1-40 


— 


— 


Magnesium , 






0-402 


0-77 


1-40 


-024 


•0346 


Barium , 






0-525 


0-98 


1-58 


-0232 


•0306 


Nickel 






0-454 


0-84 


1-48 


•0231 


•0322 


Cobalt , 






0-443 


0-83 


1-33 


•0232 


•0304 
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10. Investigations of Long. — By. the use of a special 
arrangement proposed by L. Meyer, J. H. Long ' made 
direct determinations of the diffusion-constants of a series 
of salts, without the employment of any comphcated 
formulae such as had been required by all previous investi- 
gators. The method, it is true, gave only relative numbers. 
The chief part of the apparatus (fig. 21) consisted of a 
tube bent several times, carrying a funnel at one end and 
having in the middle a short piece open beneath (fig. 21, i), 
and ending in a somewhat narrow orifice. The tube was 
hung in a beaker which contained the salt-solution. A slow 
stream of water was poured at a uniform rate into the tube 
by means of the funnel ; this stream of water washed the 
tube and then glided quietly over the salt-solution, the even 




Fig. 21 



surface of which reached some way into the short open 
piece (to about i in fig. 21). Diffusion took place at 
this surface ; now, inasmuch as the water was being con- 
stantly renewed in the tube, and the quantity of solution in 
the beaker was considerable, it might be assumed that 
diffusion was taking place between two liquids of unchanging 
composition. Under these conditions the quantity of salt 
which diffused through the surface i and was carried by the 
stream of water into the vessel b must have been propor- 
tional to the concentration, the time, and the diffusion-con- 
stant. Long did not reduce his results to absolute units, 
but gave the quantity of salt which diffused through the 
surface i, the diameter of which was 1'45 centims., in one 

' Wied. Arm. 9, p. 613 [1880]. 
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day. The length of the short piece was 1-1 centim. The 
solutions used contained one equivalent, or a fraction of 
one equivalent, of each salt in one litre. Preliminary ex- 
periments showed that the diffusion proceeded very nearly 
in proportion to the concentration. The following table gives 
the quantities which diffused in one day from normal solu- 
tions. The corresponding values from Graham's first series 
of experiments are also given ; these numbers were calcu- 
lated by Long by finding, with the help of Fick's formula, 
the quantity of salt which would diffuse from one of 
Graham's flasks had the diameter of the neck been 1-45 
centims., the actual diameter being 3'048 centims. The 
length of the neck of Graham's flasks was nearly the same 
as that of the short piece of glass used by Long. The two 
series of numbers show a general agreement. Nevertheless 
some of the differences are not small ; this is doubtless due 
to the fact that the arrangement of Graham's experiments 
did not lend itself well to the method of calculation used 
by Long. 





Long 


Graham , 




Long 


Graham 


KCl . 


•0599 


•0638 


CoCl, 


•0397 


_ 


NaCl 




•0351 


•0373 


NiCl^ 




•0394 


— 


NH^Cl 




•0369 


•0378 


KBr . 




•0965 


•1037 


LiCl 




•0233 


— 


NaBr 




•0525 


•0645 


CaCl^ 




•0476 


•0547 


NH,Br 




•0617 


— 


SrCl, 




•0686 


•0766 


KI . 




•1364 


•1416 


BaClj 




•0936 


•0974 


Nal . 




•1008 


•0959 


MgCL, 




•0373 


•0444 


KCy. 




•0499 


— 


KNO, 




•0614 


•0715 


iCuSO, 




•0252 


•0235 


NH^NOj 




•0544 


•0596 


IZnSO, 
iMnSO, 




•0269 


■0194 


NaNO, 




•0446 


•0531 




•0226 


— 


LiNO, 




•0353 


— 


iMgSO, 




•0209 


•0150 


iBaN,0„ 




•0429 


•0296 


^Na,SO, 




■0478 


•0300 


iSrN.O, . . 


•0249 


•0241 


i(NH,),SO, . 


•0482 


■0869 



To bring out more clearly the stoichiometrical relations 
of the values obtained. Long divided the numbers in the 
foregoing table by the molecular weights of the different 
salts. The results show how many molecules diffuse under 
equal conditions. The values are : — 



DIFFUSION 



139 





CI 


Br 


I 


NO, 


SO. 


K . 


803 


811 


823 


607 




Na 




600 


509 


680 


512 


678 


NH, 




689 


629 


672 


524 


724 


Li 




541 


— 


_ 


512 


— 


Ba 




460 


— 





656 


— 


Sr 




430 


— 





552 


— 


Oa 




429 


— 


— 





— 


Mg 




392 








— 


348 


Zn 




— 


— 


. — 


— 


332 


Mn 




— 


— 


— 


— 


298 


Co 




306 


— 


— 


— 


— 


Ni 




304 


— 





— 


— 


Cu 




— 


— 


— 


— 


316 



This table shows a somewhat regular arrangement of 
the molecular diffusion-values. The haloid compounds of 
potassium, as also those of sodium and ammonium, agree 
among themselves ; the sulphates of the magnesium group 
have also approximately equal values. By making a 
comparison with other properties, a very near parallelism 
is noticeable between the rates of diffusion and the elec- 
trical conductivities of substances.' 

11. Simaltaneous diffiisioii of mixed substances.— In his 
first series of experiments, Graham announced that mixed 
substances diffuse almost independently of one another, 
each at its own specific rate ; and in his second communi- 
cation he showed how this behaviour may be employed to 
separate mixed substances, inasmuch as that which diffuses 
more rapidly collects in the upper part of the diffusion - 
vessel, while the other remains behind. For example, a 
solution containing 5 per cent. NaCl and 5 per cent. Na2S04 
gave an upper layer, 90-6 per cent, of the salt in which 
consisted of sodium chloride. 

A systematic investigation of this question was con- 
ducted by C. Marignac^ in 1874, The object of this 
research was to estimate the relative diffusion-coefficients 



' This relation is more closely examined in a later chapter of the author's 
Lehrhiich. — Translator. 

"^ Ann. CUm. Phys. (5), 2, p. 546. 
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of two salts from measurements of the simultaneous diffu- 
sion of the salts. The most considerable sources of error — 
currents caused by local differences of temperature, agita- 
tion of the liquid, &c. — affect both parts equally, so that 
they more or less disappear when the results are compared. 
Unfortunately, no general relation could be traced between 
the rates of diffusion of the single salts and the mixture, 
except perhaps that the rate of diffusion of the salt which 
diffused more rapidly seemed to be increased. 

The arrangement of Marignac's experiments was similar 
to that formerly adopted by Graham ; the solutions were 
contained in wide-mouthed small glasses, which were 
placed in larger vessels containing water and having a 
capacity about 10 times that of the smaller glasses. 

Marignac tried to use the formula of Beilstein (p. 123) 
for calculating the results ; but the values thus obtained, 
as was to be expected, varied according to the duration of 
the experiments. Marignac then substituted an empirical 
formula,' putting in place of A; = log. y^ —log {y^ — y) the 
expression k = log. j/„ — log. (y^ — ^y), and thus obtaining 
the following formula for the proportion of the diffusion- 
constants of two salts : — 

^ _ log- 2/0 - log- (yp- 2y) 
k' log.y',-log.{y',-2y'y 

The following table shows the applicability of this formula ; 
the column headed I. contains the direct proportion of the 
two salts in the diffusate, II. contains the ratio of the 
diffusion-coefficients calculated by the formula of Beilstein, 
and III. contains the same ratio calculated by Marignac's 
formula. The two salts, potassium chloride and potassium 
sulphate, were present in equal quantities. The numbers 
in column III. are to some extent constant. 

' The salt which diffuses out is here represented by 2/ ; as Beilstein 
used y to represent the salt which remained behind, Beilstein's y must be 
replaced by Marignac's yo—y- 
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Weight of 


Weight of 


Time in 


I. 


II. 


m. 


each salt 


water 


days 


2-5 


50 


7 


•460 


•439 


•415 


1-7 


34 


8 


•494 


•465 


•426 


1-8 


36 


10 


•537 


•488 


•409 


1-7 


34 


11 


•556 


•513 


•427 


2-7 


54 


12 


•519 


•478 


•415 



Marignac also examined the question whether the 
proportion of the quantities of the two salts influenced the 
ratio of their diJEfusion-constants. The table which follows 
gives information on this point, and also on the influence 
of dilution ; the diffusing salts are BaClg and NaCl, and 
the diffusion-eoef&cient of NaCl is taken as unity. 

SiliT-CONTENTS IN 100 PaRTS OF WaTER 



BaCl, : NaCl 


20 


15 


125 


10 


7^5 


6^25 


5 


3^75 


2-5 


1:4 


— 


— 


•605 


— 


— 


•621 


— 


— 


— 


1:2 


— 


•629 


— 


— 


•623 


— 


— 


•645 


— 


1:1 


•670 


— 


— 


•654 


. — 


— 


•653 


— 


•653 


2:1 


— 


•630 


— 


— 


•666 


— 


— 


— 


— 


4:1 


— 


— 


■649 


— 


— 


•659 


— 


— 


— 



The influence of dilution is seen to be very small. A 
change in the proportion of the two salts affects the 
diffusion in the way that the salt which is present in 
larger quantity diffuses in advance of the other to a 
greater extent than corresponds with its quantity. This 
means, in general terms, that the salt which diffuses more 
rapidly is somewhat accelerated by the presence of the 
other salt, while the more slowly diffusing salt is much 
delayed. The differences are not great even for very large 
changes of the proportion between the salts, only amounting 
to about 6 per cent, for a change of 1 : 16 ; they may 
therefore be neglected in a first approximation. 

In other cases, however, dilution exerts a very marked 
effect. Three cases may be distinguished, for which the 
following rules hold good with certain exceptions. 

1. The proportion of the diffusion-coefficients (the 
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greater is always taken as = 1) increases with increasing 
dilution. This is the most common case; it holds good, 
for example, for those salts which contain the same metal. 

2. The proportion is unchanged. This case occurs 
most commonly for salts of the same acid, seldom for 
a mixture of salts of the same metal. 

3. The proportion decreases with increasing dilution. 
This case seldom occurs. 

In order to obviate as far as possible the changeable 
effect of dilution, dilute solutions containing 1*25 per cent, 
of the salt were generally employed. 

In accordance with the plan described above, Marignac 
allowed five pairs of salts to diffuse singly and also together, 
in order to arrive at the ratio of the diffusion-coefficients from 
the ratio of the quantities of salts which diffused simul- 
taneously. In the following table, r signifies the ratio of 
the diffusion-coefficients when the salts diffused separately, 
r' = the same ratio when the salts diffused together, r* -.r' 
= the ratio of these two ratios, and r = the ratio between 
the quantities of the same salt when diffusing with the other 
salt and when diffusing alone, and, therefore, the change 
in the diffusion-coefficient brought about by the presence of 
the other salt. 





Separately 


Together 


r 


r' 


r:r' 


E 


1 NaCl 


•5833 


•6054 


1 


1 




1-038 


1 NajSO, 




•3770 


•2497 


0^590 


0-352 


•596 


0-662 


jKCl 
1 BaCl, 




•8560 


•9276 


1 


1 


— 


1-083 




•8433 


•4424 


0-572 


0^401 


•701 


0-814 


J NaCl 




•7142 


•7883 


1 


1 


— 


1019 


IBaCL; 




•5673 


•5225 


0-757 


0-668 


•882 


0-921 


(K,SO, 




•4745 


•4378 


1 


1 


— 


0-901 


1 MgSO, 




■2028 


•1684 


0-382 


0-345 


■903 


0-830 


, Na^SO, 




•3757 


•3420 


1 


1 


— 


0-910 


i MgSO, . 


•2097 


•1823 


0-523 


0-502 


-960 


0-869 



The proportion of the diffusion-coefficients determined 
by the simultaneous diffusion of the salts, r', is always a 
little smaller than that determined by separate diffusion ; 
A : r'is therefore always less than unity. The numbers 
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in column b show that the cause of this is to be found in 
the hastening of the diffusion of the more quickly diffusing 
salt, and the retardation of the diffusion of the more slowly 
diffusing salt ; in the two last combinations in the table 
both salts are retarded, but the more slowly diffusing salt 
is retarded more than the other. When the salts diffuse 
together they are separated from one another more com- 
pletely, in reference to their rates of diffusion, than when 
they diffuse separately. 

I cannot give the whole of Marignac's very numerous 
measurements of the simultaneous diffusion of pairs of 
salts. But I append a series of tables which show the 
ratios of the diffusion-coef&cients of various salts; the 
numbers refer to 1*22 grams of salt in 100 grams of water ; 
the diffusion-coefficient of the salt at the head of each column 

is taken as unity. 

Potassium Salts 





Nitrate 


Carbonate 


Sulphate 


Chloride .... 


1-081 


2-369 


1-919 


Biomide 






1-091 


2-267 




Iodide . 






1-112 


2-267 


_^ 


Permanganate 






•880 


— 





Fluoride . 






•768' 


— 





Chromate 






•621 


1-295 





Sulphate 






•651 


1-135 





Carbonate 






•494 


— 





Perohlorate . 






— 


1-872 2 


1-486 2 


Chlorate . 






— 


1-862 


1-464 



Chlorides 





Sodium 


Potassium 


Potassium .... 


1-518 




Ammonium 








1-175 


•849 


Calcium . 








•669 


— 


Barium . 








•653 


•428 


Mercury . 








•651 


— 


Strontium 








•637 


— 


Magnesium 








•557 


— 


Hydrogen .... 


— 


3-389 



5 per cent. salt. 



'■" -9 per cent. salt. 
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Nitrates 





Potassium 


Sodium 


Hydrogen .... 


3-649 




Ammonium 








1-000 





Potassium 








/ — 


1-543 


Silver 








— 


1-197 


Lead 








— 


•681 


Calcium . 








— 


•674 


Strontium 








— 


•666 


Magnesium 








— 


■632 



Sulphates 





Potassium 


Sodium 


Magnesium 


Manganese 


Hydrogen 


2-101 


. 


_ 




Potassium 




— 


1^437 








Ammoninm . 




•973 


— 







Manganese 




— 


-533 


— 





Magnesium . 




•386 


-581 





•971 


Zinc 




— 


•492 


■801 




Copper . 




— 


•475 


— , 





Aluminium . 




•285 


— 


— 


— 



The most important result to be drawn from the 
numbers in these tables is that the rates of diffusion of the 
acids are related to those of the metals so that all the salts 
of any specified acid always follow in the same order 
whatever the acid may be, and so also, aU the salts of any 
metal follow in the same order, independently of the nature 
of the metal. The following table may be constructed to 
show the order of the diffusion-eoefiScients : — 



Cl, Br, I 

NO3 
CIO3, C10„ 

CrO, 

SO, 

CO3 



MnO, 



H 

K, NH, 

Ag 

Na 

Ca, Sr, Ba, Pb, Hg 

Mn, Mg, Zn 

Cu 

Al 



This table exhibits a great resemblance with a corre- 
sponding table showing the conductivities of salt-solutions.' 

' These conductivities are fully discussed in a later chapter of Ostwald's 
Lehrbuch. — Translator. 
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12. Theory of the phenomena of diffusion. — It has been 
pointed out already that we must regard the osmotic 
pressure of the dissolved substance as the impelling force 
in the phenomena ,of diffusion. As osmotic pressure is 
proportional to concentration, it follows at once that the 
rate of diffusion, which is conditioned by the difference 
between the osmotic pressures in two adjacent layers, must 
also be proportional to the difference of the concentrations, 
as it is stated to be in Fick's fundamental law. W. Nernst ' 
was the first to attribute the phenomena of diffusion to the 
osmotic pressure ; the following method of calculation is 
due to him. 

In a diffusion-cylinder of area q let a portion, x, be 
measured off along the axis, and let the osmotic pressure 
in this portion be p. Then the pressure of the quantity of 
substance in the cross-layer qd x is— q dp. If c is the 
concentration, i.e. the quantity of substance in gram- 
molecular weights in unit-volume (1 c.c), then the 
quantity of substance in the layer qdx is cqdx, and 
therefore the total pressure on 1 gram-molecular weight 

is — ^L—f- = — • _i. Let K be the force which com- 
cq d X c ax 

municates a velocity of 1 centim. per second to 1 gram- 
molecule of the substance in solution. Then putting s as 
the quantity of substance, measured in gram-molecules, 
which passes through the area q, by reason of the difference 
of pressure, dp, ia the time z, the value of s is given by 
the equation 

qzd p 






xdx 



If Pf, is the pressure in a solution of unit concentration, 
then p =p^ c, and therefore 

b — . -J — . 

K ax 

> Zeitschr. f. physikol. Chemie, 2, p. 613 [1888]. 
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Fick's law takes the form 

, dc 

s = — kqz -^- , 

ax 



from which it follows that 



k = -^0. 
K 



As the diffusion-coefficient is generally referred to one 
day as the unit of time, it must be divided by 86,400 to 
reduce it to the second as the unit. Therefore 



86400 K 

The pressure p^y is obtained from the volume occupied 
by 1 gram-molecule of oxygen, i.e. 32 grams, at 0° and 760 
mm. pressure; this volume is 22,376 c.c. To compress 
this gas at f to the space of 1 c.c. a pressure of p^ = 22,376 
(1 + at) must be. used. The fact that Boyle's law does 
not hold good at such pressures as this is of no importance 
here, as we are concerned with it only for the purpose of 
calculation. 

Eemembering that 1 atmosphere is equal to a weight of 
1-033 kilo., we obtain the following expression for the force 
in round numbers : — 

2 X 10' (1 + a t) 1 ., 

K = ^ ^ kilos. 

k 

Substituting the experimentally determined value of k, 
we obtain the force which acts on 1 gram-molecule. For 
instance, Scheffer found k = -81 for urea at 7'5° ; hence 
K = 2-5 X 10^ kilos. 

The force which must be used to drive 1 gram- 
molecule— 60 grams — of urea (CO.NjH^ = 60) through 
water with a velocity of 1 centim. per second has the 
enormous value of 2,500 million kilograms. The cause of 
the enormous friction which opposes the movement of the 
molecules is to be sought for in the very great number of 
the molecules. When a mineral is ground to fine dust, we 
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know that the force of gravity, which communicates to the 
whole piece a velocity of 980 centims. per second, does not 
now produce a velocity of more than, say, 1 centim., 
because of the friction of the air. To cause the former 
velocity it is necessary to employ a force equivalent to ten 
thousand times the weight of the dust, assuming that the 
velocity increases in proportion to the force. It is thus 
easy to conceive how enormously the friction to be over- 
come must increase in the case of a division so great as 
that into individual molecules, especially when it is 
remembered that the friction of the medium (water) is 
very great. 

The foregoing discussion applies to substances which 
remain undivided when dissolved. It will be shown here- 
after that this provision does not apply to salts. The theory 
of the diffusion of salts is therefore much more compli- 
cated than that of the diffusion of indifferent substances. 
It is especially to be noted that electrical forces come into 
play in the diffusion of salts, or, speaking generally, of 
electrolytes ; the corresponding theory wUl therefore find its 
proper place in a later chapter.' Mention must, however, be 
made here of the fact that Fick's law can be deduced from the 
corresponding observations made with salts in very dilute 
solutions, so that the experimentally proved applicability of 
the law is there also in unison with the theory now 
developed. 

Finally, the question regarding the nature of osmotic 
pressure, which is the cause of the phenomena of diffusion, 
is to be answered by looking to the kinetic energy of the 
molecules of the dissolved substances, just as the cause of 
the pressure of gases, with which osmotic pressure corre- 
sponds in its numerical relations and in all other relations 
expressible by general laws, is sought for in the kinetic 
energy of the gaseous molecules. For, as the molecules of 
the solvent in the interior of the solution act equally in all 

' This subject is discussed in the second volume of the Leh/rbuch. — 
Translator. 

L 2 
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directions on each molecule of the dissolved substance, 
these molecules are all free to move as if there were, on the 
whole, no action upon them. Hence it follows that the 
kinetic energy of the molecules of the dissolved substance 
is equal to that of the gas at the same temperature ; and, 
moreover, as the kinetic energies of the molecules of the 
dissolved substance and of the solvent must agree, because 
these molecules are in immediate contact, it follows also that 
the kinetic energy of the molecules of the liquid must, on 
the whole, be the same as that of gaseous molecules at the 
same temperature. 

The question concerning the hypothetical exposition of the 
cause of osmotic pressure is, however, of little importance at 
present. The development of the conclusions which follow 
from the fact of this pressure, and from the knowledge of 
its numerical laws, has already furnished such a multitude 
of important results, and now points the way to so many 
more of equal importance, that the need of a hypothetical 
exposition of the cause of the pressure has not been felt. 
Such a need would arise only if the immediate consequences 
were exhausted, and if a vantage-point for further advance 
were to be gained by a special hypothetical treatment of 
the fundamental facts. But we are as yet far from this 
position. 

13. Homogeneousness of solutions. — Should adjacent por- 
tions of a solution be of different concentrations, then, 
inasmuch as the osmotic pressure acts throughout, an 
impulsion of the little particles of the dissolved substance 
must take place in the direction of equalising the differences 
of concentration, and this must continue until the solution 
has become completely homogeneous. Agreeably with this 
statement, experience tells that the dissolved substance is 
always found perfectly equally distributed in any solution, 
after some time. 

The question has sometimes been mooted whether ' the 
specifically heavier salt-particles ' might not be expected to 
show a tendency to gather together in the lower part of the 
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solution under the influence of gravity. This supposition 
was made more especially by Beudant,' on the ground that 
crystals were found to have separated at the bottom of a 
flask containing an unsaturated solution which had been set 
aside in a cupboard. Gay-Lussac, however, found that no 
separation of solid occurred from salt solutions in tubes 
1 m. long after standing for six months in the cellars of 
the Paris Observatory ; ^ the under layers had exactly the 
same composition as the upper layers. At a later time 
doubt was thrown on this result by Bischof, but the 
experiments which he brought forward were not free from 
objection.^ Lieben * showed, somewhat later, that no sepa- 
ration occurs either with solutions of solids or of gases. It 
is therefore certain that homogeneous solutions 'are not 
changed to a measurable extent by the action of gravity. 
Gouy and Chaperon ^ have examined the same question 
recently, using a thermodynamic method. Their reasoning 
cannot be given here ; the result is that gravity has no 
influence on the contents of the solution, provided the 
density is not changed by a small change of concentration. 
If the solution becomes denser with increasing concentra- 
tion the lower layers become more concentrated, and vice 
versa; the first case is much the more common. The 
amount of action is very small ; the following numbers 
represent the approximate values, by calculation, of the 
differences between the uppermost and undermost layers of 
various salt-solutions in tubes 100 m. long : — 



Substance ' Under layer 


Upper layer 


Difference 


Solution of cadmium iodide . . 'IGG 

„ sodium acetate . . -200 

„ chloride . -110 

„ sugar . . . .1 -560 


•153 
•196 
•1095 
•546 


•013 
•004 
•0005 
•004 



> Ann. CUm. Phys. (2) 8, p. 15 [1819]. ^ lUd. 11, p. 306 [1819]. 

' Lehrbuch der Chem. und pMys. Qeol. 2, p. 1712. 

« Annalen, 101, p. 77 [1857]. 

= Ann. CUm. Phys. (6) 12, p. 384 [1887]. 
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The differences are so small that their experimental 
demonstration is hardly practicable. 

The case is different when the parts of a homogeneous 
liquid are at different temperatures ; a change in the 
distribution of the dissolved substance occurs, in the 
direction that the solution becomes more concentrated in 
the colder than in the warmer part. This fact was made 
certain for the first time by C. Ludwig.' After him K. 
MoUer thought he had found a change under similar 
conditions but in the opposite direction. Finally Ch. 
Soret ^ made a more thorough examination of the subject. 
The upper part of a tube filled with a salt-solution was 
maintained at 80°, and the under part at 20° ; after 50 to 56 
days the contents per 100 parts were as follows : — 

Potassium Chlokide 



Warm 


Cold 


Ratio 


23-19 

16-71 

11-85 

9-83 


24-89 
17-94 
12-52 
10-54 


-0682 
-0684 
-0541 
-0679 



The numbers headed ' ratio ' express the differences be- 
tween the contents of the two parts of the solution divided 
by the contents of the colder part. The ratio is constant, 
except in the third experiment where there is probably an 
experimental error. Similar results were obtained with 
solutions of sodium chloride, lithium chloride, and nitre ; 
the dissolved salt was always concentrated in the colder 
portion of the solution. 

The theory of these phenomena was pointed out by 
van 't Hoff.' As the osmotic pressure increases in propor- 
tion to the absolute temperature, diffusion must occur in 
Soret's experiments from the warmer to the colder parts 
until the osmotic pressure has become the same in both 

' Wien. Akad. Ber. 20, p. 539 [1856]. 

2 Ann. Chim. Phys. (5) 22, p. 293 [1881]. 

' Zeitschr. f. physikal. Chemie, 1, p. 487 [1887]. 
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parts, and therefore the concentration must vary in- 
versely as the absolute temperature. The absolute tem- 
perature of the lower part was 273-1-20 = 293°, and that 
of the upper part was 353° ; the ratio of these numbers 
is 1*205 ; the ratio of the concentrations, 1'068, was 
found to be three times smaller. The conclusion is 
that the diffusion in the long tube had not completed the 
process of separation. It is also to be noted that the 
concentration was not determined at points of constant 
temperature, but the whole solution was divided into two 
parts ; this would of course have the effect of decreasing 
the differences. The results of observations with copper 
sulphate agreed much better with the theory. These were 
as follow : — 



Wai-m 


CoU 


Ratio : 


14-04 
23-87 


17-33 

29-87 


1-234 
1-252 



The ratio found by experiment is here greater than that 
deduced theoretically (1-205), but the applicability of the 
theory is somewhat doubtful by reason of the great con- 
centrations. The question certainly deserves a thorough 
experimental examination. 

14. Crystalloids and colloids. — In one of his communi- 
cations, which has been already referred to, Graham 
pointed out the very marked differences that are noticeable 
in the rates of movement of different substances through 
water. The free acids and bases come first in order, and 
they are followed closely by the neutral salts. There are. 
however, a number of substances the diffusion of which 
is very much slower ; examples of these substances are 
furnished by gums, tannin, albumin, and caramel. The 
annexed table shows approximately the times required for 
the equal diffusion of the various substances named : — 



Hydrochloric acid . 


. 1 


Magnesium sulphate 


. 7 


Sodium chloride 


. 2-33 


Egg albumin . 


. 49 


Sugar 


. 7 


Caramel . 


. 48 
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The two groups of substances which differ so much as 
regards diffusion differ also in other respects. Those 
which diffuse rapidly are generally known in the crystalline 
form, whereas the others are amorphous. Those of the 
first group dissolve in water with more or less marked 
changes of temperature ; they raise the boiling-points, 
lower the freezing-points, and generally exert a marked 
influence on the properties, of their solutions. The others 
do not exhibit all these properties : their solutions are 
mechanical mixtures rather than compounds. Graham 
distinguished these two classes by the names crystalloids 
and colloids. 

Colloidal substances are able to exist in two modifica- 
tions, the soluble and the coagulated or pectinised. The 
change from the soluble to the pectinised form generally 
occurs spontaneously by lapse of time ; in most cases it may 
be produced by the addition of certain substances which do 
not seem often to exert any definite chemical action. 

Silicic acid, alumina, ferric oxide, &c., are among the 
substances which may be obtained in the colloidal form ; 
the details concerning these substances do not concern us 
here. 

The most important property of colloids, as regards our 
present subject, is that they oppose no marked hindrance to 
the diffusion of crystalloids, but they are more or less imper- 
meable by other colloids. If, therefore, a mixture of crystal- 
loidal and colloidal substances is cut off from pure water 
by a colloidal membrane of a different kind, the crystalloids 
will diffuse into the water, but the whole of the colloids will 
remain behind. Graham applied the term dialysis to 
processes of this kind. Very different substances may be 
used as the colloidal separating membrane ; animal bladder 
and parchment-paper are the most convenient. 

We may look on separating colloidal membranes as 
those the interstices of which are large enough to allow the 
passage of the smaller molecules of crystalloids, while they 
stop the passage of the larger molecules of colloids. 
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15. Osmosis. — It has been remarked at the beginning of 
the last chapter that the phenomena of diffusion which 
appear when a porous membrane is present attracted atten- 
tion and were investigated much earher than the simpler 
phenomena of free diffusion. Dutrochet tried to measure 
this kind of diffusion ; he covered a small glass, which 
was furnished with a long neck, with a bladder, poured in 
a liquid, and placed this ' osmometer ' in the other liquid. 
The height to which the inner liquid rose was regarded by 
Dutrochet as a measure of the 'osmotic force.' It is 
evident that this arrangement could not lead to accurate 
measurements, for the phenomena which it was wished to 
examine were interfered with irregularly by the filtration of 
the liquid under the pressure of the raised column. 

Vierordt constructed an apparatus with a membrane 
placed vertically and with an invariable pressure. 

The earlier experimenters who busied themselves with 
the phenomena of diffusion through membranes were 
aware that there are two streams setting in opposite direc- 
tions through the separating membrane, and that these 
continue until complete equality has been established. 
Jolly ^ investigated the question whether a definite relation 
prevails between the quantities of the substances which 
pass through the membrane in different directions ; he 
arrived at the conclusion that for each quantity of sub- 
stance (e.g. a salt) which passes out, a proportionate 
quantity of the exterior liquid (e.g. water) passes in. 

Jolly said that if a tube is closed by a piece of bladder, 
a specified quantity, about 2-4 grams, of common salt is 
placed inside, and the whole is suspended in water which 
is frequently removed, water collects in the interior of the 
tube, and the quantity of water increases until it becomes 
10"36 grams, after which it remains constant. In this 
experiment 2-4 grams of common salt are replaced by 10-36 
grams of water, or 1 gram by 4-32 grams of water. The same 
result was obtained if an indeterminate quantity of water 

' Fogg. 78, p. 261 [1849]. 
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was added to the salt at the beginning of the experiment, 
or if a solution of the salt was used ; the water which was 
present at first behaved indifferently, and 4*3 grams more 
water entered for every 1 gram of common salt which passed 
outwards. The quantity of water which thus replaced sodium 
chloride — the ' osmotic equivalent '■ — was calculated by Jolly 
from different experiments to be 4-32, 4-58, 3-99, 3-82, 4-35, 
4*09. Jolly conducted similar experiments with the sul- 
phates of sodium, potassium, magnesium, and copper, also 
with acid potassium sulphate, sulphuric acid, potash, 
alcohol, sugar, and gum. 

Jolly's conclusions were soon contradicted. C. Ludwig ^ 
repeated the experiments, but he failed to find any ' osmotic 
equivalents ' ; he found, on the contrary, that the propor- 
tion of the quantities of salt which passed out to the water 
which passed in depended very notably on the original 
concentration. The direction of this dependence varied 
for different salts ; for instance, the ' osmotic equivalent ' 
of Glauber's salt was greater the more dilute the solution, 
while for common salt the ' equivalent ' decreased as dilu- 
tion increased. 

C. Eckard ^ examined this question more thoroughly 
He showed that the ' osmotic equivalent ' depends on the 
nature and the condition of the membrane. This obser- 
vation removed the problem entirely to the domain of 
physiology ; since Eckard's work it has been considered 
almost wholly from that standpoint. 

The processes which take place with membranes of the 
nature of animal bladders stand midway between the purely 
osmotic phenomena which were described in the preceding 
chapter and those of pure diffusion. They approach osmotic 
processes in so far as the membrane hinders the outflow 
of the dissolved substance. But this hindrance is not 
complete ; the movement of the substance through the 
membrane is only very much lessened in proportion to that 
of the water ; it is by no means stopped. An osmotic rise 
■ Pogg. 78, p. 307 [1849]. = Ibid. 128, p. 61 [1866]. 
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of pressure results, but does not reach its proper value. 
At the same time a diffusion through the membrane takes 
place, but much more slowly than in water ; the contents 
of the ' osmometer ' are thus diluted continuously until the 
movement stops. It is evident, then, that the properties 
of the membrane play a decisive part, and that the 
phenomena are therefore removed from the class of events 
which concern us at present. 
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CHAPTER VII 

VAPOUE-PEESSUEES OF SOLUTIONS 

1. Historical. — The fact has been known for a long time 
that water which holds non-volatile matter in solution boils 
at a higher temperature than pure water. Experiments 
were made many years ago to measure the influence of the 
dissolved substance on the boiling-point of water ; Faraday ' 
in 1822, and Griffiths ^ in 1824, made determinations with 
a number of salts. Some years later Legrand ^ carried out 
a great many similar measurements, but without arriving 
at any general law. 

This method of attacking the problem, it is true, is the 
first to suggest itself, but nevertheless it is not the most 
rational. To determine the boiling-point is to determine 
the temperature whereat the vapour-pressure of the solu- 
tion is equal to that of the atmosphere ; the influence of 
the dissolved substance is therefore measured by the 
increase of temperature which is needed to counterbalance 
exactly the decrease of vapour-pressure. Now, as the exact 
connexion between the changes of vapour-pressure and the 
changes of temperature is unknown, it follows that the 
explanation of the results obtained by experiments such 
as those referred to is attended with difficulties. 

The problem was reversed by Gay-Lussac and Prinsep ; 
these investigators measured the pressures at equal tem- 
peratures, instead of the temperatures at equal pressures. 
Gay-Lussac found the vapour-pressure of a solution of 

' Ann. Chim. Phys. (2) 20, p. 324. ' Journal of Science, 78, p. 90. 
s Ann. Chim. Phys. (2) 59, p. 423 [1835]. 
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common salt, of spec, gravity 1"096, to be ^^ that of pure 
water, and Prinsep asserted that this relation was main- 
tained at all temperatures. 

The whole subject of the decrease of vapour-pressures 
caused by solution of salts was taken up by von Babo. 
The original memoirs are not accessible to me ; I gather 
from the abstracts ' that he expressed the relation between 
the quantity of salt in solution and the excess of the vapour- 
pressure of water over that of the salt-solution by two geo- 
metrical series. From experiments with calcium chloride, 
and subsequently with many other salts, he concluded that 
the relation is the same at all temperatures. 

2. Work of Wiillner. — The investigations of Wiillner ^ 
concerning the vapour-pressures of solutions, and especially 
salt-solutions, began in 1856. The apparatus consisted of 
several glass-tubes, closed above and connected with one 
another by canals in an iron plate. Each tube contained 
mercury and a few cubic centimetres of the salt-solution to 
be examined ; one tube contained mercury and pure water. 
The whole apparatus was immersed in a bath which was 
maintained at a constant temperature. When the pressures 
were sufficiently diminished, the differences between the 
pressures of the salt-solutions and the pressure of the 
pure water could be directly determined by reading the 
levels of the columns of mercury. The general result 
arrived at by Wiillner may be expressed by saying that the 
dimimUion of the vapour-pressure of water caused hy sub- 
stances dissolved therein, which substances do not themselves 
exert any noticeable pressure at the temperatv/re of the experi- 
ment, is proportional to the quantity of substance in solution. 
It does not matter whether the substance be a single salt or 
a mixture of salts. 

Wiillner was able to confirm the statement of Prinsep> 
that the ratio of the vapour-pressures of water and solu- 

> Jahresberichte, 1848-1849, p. 93 ; 1857, p. 72. 

' Dissertation, 1856. Pogg. 103, p. 529 [1858] ; 105, p. 85 ; 110, p. 564 
[1858-60]. 
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tions is independent of the temperature only in special cases 
— e.g. for sodium chloride and Glauber's salt, and, somewhat 
strangely, for several mixtures of salts, the constituents of 
which mixtures, Wiillner said, did not themselves exhibit the 
simple relation in question. A dependence of the ratio upon 
temperature was established in the cases of many salts ; 
sometimes the ratio increased, and sometimes it decreased, 
as the temperature rose. Putting v as the decrease of the 
vapour-pressure caused by solution of 1 part of a salt in 
100 parts of water, and p as the vapour-pressure of pure 

water, then the ratio - was found by Wiillner to be con- 
stant for sodium chloride and Glauber's salt, but not to be 
constant for other salts. Wiillner represented the relation, 
empirically, as a function of the pressure p ; he gave the 
following formulae: — 



NaCl V 


= -00601 P 


Na^SO^ 


= •00236 P 


NaNO, 


= -00315 P + -000000907 P^ 


ECl 


= -00390 P + -000000538 P^ 


K^SO^ 


= -00383 P - -0000019 P^ 


KNO, 


= -00196 P + -00000108 P^ 


KOH.2H2O 


= -003820 P- -00000432 P\to 53» 




= -002863 P from 53° to 100» 


NaOH.2H,0 


= -004089 P 


CaClj.GHjO 


= -002474 P- -000000522 P^ 



In the cases of potash, soda, and calcium chloride it was 
necessary for Wiillner to regard the quantities of water 
expressed in the formulae given above as in chemical 
combination with the compounds in order to bring the 
results within the law of proportional increase of vapour- 
pressure. Other compounds which generally crystallise 
with water of crystallisation — e.g. Na2S04, NiSO^, Ca(N03)2, 
and NajHPO^ — behaved as anhydrous salts. Most of 
the deviations from the simple law which Wiillner noticed 
may perhaps be attributed to errors in his measurements, 
so that the law cannot be regarded as finally and conclu- 
sively established. 
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No definite connexion was traced by Wiillner between 
the diminutions of the vapour-pressures of the solutions 
and the other properties of the salts examined ; this might 
be foreseen from the observation, already noticed, that the 
vapour -pressures were influenced by changes of tempera- 
ture in a very irregular way. Nevertheless, if the diminu- 
tions of vapour-pressure are referred to quantities related 
to one another in the proportion of the molecular weights of 
the dissolved compounds, and not to equal quantities, as was 
done by Wiillner, one cannot fail to notice an approximate 
constancy in these ' molecular ' diminutions of vapour- 
pressure.^ I have calculated these diminutions, approxi- 
mately, for the vapour-pressures at 100°. Solutions con- 
taining one molecular weight, in grams, of the following 
salts, in 1,000 grams of water, showed the diminutions of 
vapour-pressures which are noted : NaCl = 27, Na2S04 = 
26, NaNOg = 25, KCl = 24, K^SO^ = 32, KNO3 = 22, 
KOH.2H2O = 19, NaOH.2H20 = 22, CaCl^.GH^O = 35. 
These numbers show a rough approximation. Some of the 
values — for instance, the small number for potash — may 
perhaps be ascribed to inaccuracies in the estimations of 
the percentage contents of the solutions. 

I append a few examples, taken from the very large 
collection of experimental data, in order to illustrate the 
relations which have been sketched. 

Sodium Chlobide 



Temp. 


p 


5 p. ct. 


10 p. ct. 


20 p. ct. 


30 p. ct. 


Mean. 
1 p. ct. 


T 
P 


19-9° 


17-38 


0-98 


1-47 





4-06 


•149 


-0086 


350 


41-82 


1-79 


3-11 


— 


8-13 


-30 


-0072 


49-8 


91-09 


2-84 


5-81 


11-36 


18-20 


-62 


-0068 


64-8 


185-27 


— 


9-88 


21-45 


— 


1-09 


•0059 


82-2 


388-33 


— 


21-58 


46-20 


— 


2-24 


-0058 


100-5 


775-40 


— 


44-90 


92-41 


— 


4-45 


•0057 



' This inference was drawn by me in 1883, when I was preparing the 
first edition of my Lehrbuch, part i. of which appeared in January 1884. 
The same conclusion was established, with certain necessary limitations, 
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Potassium Nitbate 



T/.o 



Temp. 



38-4° 



100 
1980- 



50-38 
155-13 
869-28 
776-48 



5 p. ct. 



•49 

1-88 

4-43 

11-29 



10 p. ct. 



•99 

3-56 

7-88 

21-21 



20 p. ct. 



1-88 

6-52 

16-00 

40-46 



25 p. ct. 



2-38 

8-31 

19-60 



Mean. 
1 p. ct. 



-099 
•33 
•81 
2-15 



-00196 
-00213 
-00220 
-00277 



Calcium Chloride 



Temp. 


p 


15-8 p. ct. 


34-4 p. ct. 


83-5 p. ct. 


Mean. Ip.ct. 


V 

p 


16-20° 


13-71 


-50 


-97 


2-80 


•032 


-00233 


40-66 


56^71 


2-68 


4-96 


11-56 


■144 


-00254 


60-00 


148-79 


5-28 


11-25 


26-70 


■340 


•00228 


80-60 


363-43 


11-94 


27-01 


68-18 


■806 


•00222 


99-30 


741-28 


23-00 


53-95 


133-51 


1-582 


•00214 



If the mean values, given in the last column but one, 
are multiplied by the numbers expressing percentages placed 
at the heads of some of the other columns, the results agree 
to a few millimetres with the observed numbers, and so 
confirm the law of proportionality within these limits. 
But as the diminutions of vapour-pressure are themselves 
rather small, the accuracy of this confirmation of the law 
is not very great. 

Wiillner found extremely complicated relations in the 
examination of solutions which contained several salts 
simultaneously. The diminution of vapour-pressure was 
frequently equal to the sum of the diminutions caused by 
the single salts ; in other cases it was different from this 
sum. No relation could be discovered between the change 

of the ratio — with change of temperature for mixtures 

and for their constituent salts ; the only regularity which 
could be traced was that of the proportion between the 
decrease of vapour-pressure and the total quantity of 

very soon afterwards by the work (to be noted immediately) of Tammann, 
Eaoult, and others. I have reprinted the text, as above, from the first edi- 
tion, without change. 
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substance in solution. Here also it may be asked how much 
of the observed deviation ought to be ascribed to errors 
of experiment. 

3. More recent investigations. — In the year 1879 Pau- 
chon 1 threw doubt on the relation between the vapour- 
pressures and the contents of salt-solutions which had been 
put forward by Wiillner. Pauchon represented the decrease 
of vapour-pressure calculated for a 1 per cent, solution, 
r/, as a function of the vapour-pressure of pure water, 
</), by an expression having the form d = a(j) + b^^. 
This expression held good to 35°. The two constants a 
and b were dependent on the concentration. For KCl, 
NaCl, KNO3, and K2SO4, a increased, and for Na2S04 it 
decreased, as temperature increased. 

A few years later Tammann published an extended 
investigation into the subject of the vapour-pressures of 
salt-solutions ; this investigation led him to a conclusion 
similar to that stated on p. 159, viz. that the molecular dimi- 
nutions of vapour-pressures caused by similar salts have 
nearly equal values. Tammann's experimental method was 
simpler and more appropriate than the older method. The 
solution was placed in one limb of a U tube which was 
nearly filled with mercury ; the air was removed by boiling 
the liquid, and this limb was closed by the blowpipe. The 
other limb was connected with a manometer and an air- 
pump, and the U tube was immersed in a bath maintained 
at a convenient temperature. The vapour-pressure of the 
solution was found by reading the level of the mercury 
in both limbs and the manometer, after the pressure had 
been adjusted to a convenient amount. The vapour- 
pressure of water was determined by simultaneous observa- 
tions made with a U tube properly arranged with pure 
water in place of the salt-solution. 

A comparison of the observations made at different 
concentrations confirmed the statement of Pauchon that 
Wiillner's law of proportionality is not strictly accurate. 

' Compt. rend. 89, p. 752. 

M 
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The sulphates of sodium, ammonium, and magnesium (the 
last with 6H2O), BaCl2.2H20, and ammonium bromide 
agreed with the law within the limits of experimental error; 
but the relative diminutions of vapour-pressure were foimd 
to increase for most salts as the concentrations increased ; 
the vapour-pressures, however, decreased for nitrate of 
sodium and potassium and chlorate of potassium ; in some 
cases an increase of vapour-pressure was succeeded by a 
decrease, as concentration increased. 

If the molecular diminution of vapour-pressure, deter- 
mined for the most dilute solution of each salt, is put 

M, where p = the vapour -pressure of water, 



as s =■? — ^ 
jp.m 



p^ = the vapour-pressure of the solution, m = the percentage 
composition of the solution, and m = the molecular weight 
■of the salt, the following table is obtained : — 





s 




s 


KCl .... 


•330 


NH,Br .... 


•302 


KBr 






■322 


FeS0,.5IL,0 . 






•147 


KI 






•312 


CuS04.5H20 . 






•132 


KF 






•343 


NiS0,.6H,0 . 






•132 


KSCN . 






•327 


CoSO,.6R,0 . 






•121 


K,SO, . 






•347 


ZnS0,.6H,0 






•122 


KNOa . 






•302 


MnS0,.6a,0 






•109 


KCIO3 . 






•260(?) 


MgSO^.eH^O 






•143 


K,C0,.ljH20 






•391 


BeS0,.4H;0 






•141 


K,Cr6, . 






•409 


Al,(SO,)3.18H,( 


3 




•209 


EbCl . 






•321 


NaCl 






•344 


CsCl 






•345 


NaBr 








•359 


NH,C1 . 






•273 


Nal 








•333 


Li,SO,.H,0 






•348 


Na,SOj 








•337 


BaCl2.2H,0 






•467 


NaNOs 








•302 


SrCl2.6H,0 






•406 


NaClOj 








•307 


CaCL.6H,0 






•422 


Na^COj 








•389 


MgCl'2.6H,0 






•460 


Na,SA , 






•384 


BaBr2.2HjO 






•505 


LiC1.2H,0 






•359 


SrBrj.GHp 






•450 


LiBr.2H20 






•367 


CaBr^-GHjO 






•513 


LiI.3H20 






•347 


UgBi^SE-jO . 


•504 


LiN03.3H20 






•377 



The numbers are not perfectly comparable, as they 
were determined for concentrations differing somewhat from 
one another ; nevertheless they show that chemically similar 
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salts certainly produce nearly equal molecular diminutions 
of vapour-pressure. 

4. Investigations of Emden. — While all previous observers 
were fairly agreed in saying that the ratio between the 
vapour-pressure of a solution and that of pure water varies 
with temperature, they diifered as to the direction of this 
variation. Wiillner found that the proportional lowering 
of vapour-pressure produced by sodium chloride was con- 
stant at all temperatures ; Tammann found a decrease, 
and Pauchon an increase, in the proportion consequent on 
raising the temperature. 

Emden ' turned his attention especially to this part of the 
subject. To ensure accurate measurements Emden used an 
experimental arrangement, proposed by Konowaloff,'' con- 
sisting essentially of a three-limbed tube, fitted with stop- 
cocks, which allowed of the easy and complete expulsion of 
air from the Uquid under examination. Different solutions 
of sodium, potassium, and calcium chlorides, sodium and 
potassium nitrates, and potassium copper and zinc 
sulphates were employed. Especial pains were devoted to 
the difficult task of avoiding the constant errors. To 
determine whether the law of von Babo, which asserts that 
the vapour-pressures of water and solutions are always in 
the same proportion, was valid or not, interpolation-for- 
mulae were employed of the form suggested by Magnus, 

p = alO ^'^ If this equation holds good for water, and 

vt 
a similar equation,^' = a' lO^'+'^holdsforthe salt-solution, 

and if the v&tiop : p' is independent of the temperature, then 
the temperature-function must disappear from the quotient 

ht 

a 10 ""*"' 
iTT that is, b must = b' and c = c' ; hence it follows 

a' 10-^+' 

that p : p' = a : a'. 

The calculations were made by finding whether the ob- 
■ Wied. Ann. 31, p. 145 [1887] ' Ibid. 4, p. 34 [1881]. 
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served numbers were in keeping with an expression of the 

a t 

form, ^' = a' 10 '' "^ ', where a and h were the constants of the 
formula for water, viz. a = 7-47737 and h = 236-57. This 
formula was found to apply within the limits of the experi- 
mental errors. Hence there is nothing against the statement 
that the law of von Baho is valid ivithin the temperature-interval 
20° to 96°. 

An examination of Wiillner's statement showed, as 
former examinations had shown, that this statement is only 
approximately accurate, and that the values obtained for p 
show deviations in both directions from the calculated 
values, depending on the nature of the salt examined. 

5. Vapour-pressures at low temperatures. — The method 
made use of in the investigations which have been described 
consisted essentially in measuring the vapour-pressure of the 
liquid under examination by means of a column of mercury. 
While this process gives very satisfactory results at high 
temperatures, it is almost quite inapplicable at low tempera- 
tures ; for the vapour-pressure of water is equal to only 
•4 centim. of a column of mercury at 0°, and to 1-74 
centims. at 20°. The decrease which is caused in the 
vapour-pressure of water by solution of a salt seldom 
amounts to more than one-tenth of the value of the 
pressure of the water ; this would amount only to -04 cen- 
tim. at 0°, which is nearly as small a quantity as can be 
determined by measuring the height of a column of mercury. 
But measurements of the vapour-pressures of solutions of 
salts at low temperatures are of especial interest, because 
these values are often used as the foundations of theore- 
tical discussions. 

Moser ' conducted experiments with the object of 
determining these values. He partly filled one U tube with 
water, and another with a salt-solution ; each limb of both 
tubes was furnished with stopcocks, and they could be 
brought into communication with one another. When the 
air had been removed, the apparatus was kept for a long 

' Wied. Ann. 14, p. 72 [1881]. 
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time at a constant temperature, one limb of the water-tube 
being in communication with one limb of the tube which 
contained the salt-solution ; the differences of the levels of 
the liquids in the two tubes gave the lowering of the vapour- 
pressure, the specific gravity of the salt-solution being 
taken into consideration. As the differences of pressure 
were read off in terms of a column of water, the errors of 
reading exerted an influence on the result thirteen times 
less than when mercury was used. 

The results obtained by Moser agreed with those of 
Wiillner. 

A similar arrangement, which seems to have advan- 
tages over that just mentioned, was described by G. J. W. 
Bremer.' This consisted of several (e.g. four) small flasks, 
with a tube bent into the form of a syphon ground into the 
neck of each. The longer under limbs of the syphon- 
formed tubes were connected by a cross-piece, which carried 
an additional wider tube, connected in its turn with a 
large pipette by means of a piece of thick- walled caoutchouc 
tubing. Water was poured into one of the flasks, and the 
salt-solutions into the others ; the syphon-formed tubes were 
set in their places and were made tight by pouring mercury 
^around the parts which fitted into the necks of the flasks ; 
the large pipette was partly filled with olive-oU, and the air 
was then pumped out of the whole apparatus through the 
open end of the pipette. After the temperature had been 
made equal, the difference between the vapour-pressures of 
the solutions and that of pure water was determined by 
properly adjusting the pipette, and reading the levels of the 
columns of oil in the longer limbs of the syphon-formed 
tubes. As the liquid used as a manometer-fluid was olive- 
oil of spec, gravity -9276 (1 — -000708 t) the readings were 
about fifteen times more accurate than those of a mercury- 
column. Several experiments with solution?, of calcium 
chloride agreed well among themselves. 

Quite a different process, applicable at low temperatures, 
was put forward by von Helmholtz.^ If the air in a speci- 

' Bee. trav. Pays-Bas, 6, p. 122 [1887]. ' Wied. Ann. 27, p. 568 [1886]. 
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fied space is suddenly rarefied, this adiabatic process results 
in a decrease of temperature which can be calculated by a 
well-known thermodynamical formula. If the air is satu- 
rated with water-vapour, the lowering of temperature, cor- 
responding with the smaller expansion, suffices to produce a 
cloudiness. If the air is in contact with a salt solution, it 
is not saturated as regards water, and a decrease of pres- 
sure of corresponding amount is required to bring about 
such a fall of temperature as shall cause saturation, and 
therefore the formation of a cloud. Eeference must be 
made to the original memoir for details, and for the method 
ofcalculation. Experiments were conducted with solutions 
of sulphuric acid and common salt ; the first gave results 
which agreed well with those obtained by Regnault ; the 
results for common salt differed from those of Wiillner. 

Finally, J. Walker ' has made determinations of the 
vapour-pressures of salt-solutions at low temperatures by a 
method proposed by me. The method consists in slowly 
passing a stream of air through a system of three Liebig's 
bulbs, and a U tube containing pumice soaked in sulphuric 
acid. The first and second bulbs contain the solution which 
is being examined, and the third contains pure water. As 
the air streams through the first and second bulbs it takes, 
up a quantity of water corresponding with the vapour-pres- 
sure, by far the greater part of this being taken from the 
first bulb, the solution in the second bulb indeed undergoing 
no notable change. In passing through the third bulb, 
which contains water, the air takes up water-vapour suffi- 
cient to saturate it ; and finally the whole of the water 
which the air contains is given up as it passes over the 
pumice moistened with sulphuric acid. The loss of weight 
of the bulb containing water, and the gain of weight of the 
absorption-tube, are determined after the experiment has 
continued for a long time, generally for twenty-four hours. 
The proportion of these two gives immediately the relative 
lowering of the vapour-pressure of the salt-solution ; for as 
' Zeitschr. f. physikal. Chemie, 2, p. 602 [1888]. 
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much water is taken up by the air from the water-bulb as 
corresponds with the difference of the vapour-pressures over 
the solution and over pure water, while the total water given 
up to the sulphuric acid is a measure of the vapour-pres- 
sure of pure water. The method rests on the suppositions 
that the vapour-pressures of water and the salt-solution are 
the same in air as in vacua, and that water-vapour obeys the 
law of Boyle : the investigations of Eegnault have shown 
both suppositions to be permissible. 

The results obtained by this method are given in the 
table which follows. The parts of the dissolved substance 
per 100 parts of water are given under g ; c gives the mole- 
cular lowerings of vapour-pressure, i.e. the relative lowering 
of vapour-pressure brought about by one molecule of the 
substance dissolved in 100 molecules of water. The values 



m 



- , where a 



of c are obtained by the formula c = - . ^ „ 

•' s 18 X g 

= loss of weight of the bulb which contained water, s = 

gain of weight of the sulphuric acid tube, m = molecular 

weight of the dissolved substance, 18 = molecular weight of 

water, and g = percentage contents of the solution. 





Q 


c 


c (Emden) 


NaCl .... 


5-96 


2-07 


2-12 












18-60 
32-265 


2-18 
2-29 


2-14 
2-25 


KCl 










7-66 


2-02 


1-81 


NH4CI 










5-697 


1-99 


2-08 


NaNOj 










8-791 


1-97 


— 


KNO3 










11-222 


1-61 


1-66 


CaOl, 










11-386 


8-30 


3-39 


SrClj 










16-002 


3-28 


— 


BaCl, 










21-443 


3-00 


— 


MgCl, 










4-791 


8-57 


— 


ij 










9-691 


4-01 


— 


ZnCL, 










8-624 


8-45 


— 


ZnSO, 










17-889 


1-26 


1-44 


CuSO, 










16-061 


1-43 


1-26 


CO(NHj)j 








6-667 


1-11 


— 










13-338 


1-07 


— 










26-667 


0-91 


— • 


^12-^22^11 * 






38-000 


1-30 


— 


H,C,0^ . . 






5-000 


1-58 


— 
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The last column contains the values of c calculated from 
Emden's results : the two series of values for c agree fairly 
well. The observations made with solutions of common 
salt of different concentrations bring out the fact, which had 
been noticed repeatedly, that more concentrated solutions 
of this salt exhibit relatively greater lowerings of vapour- 
pressure than more dUute solutions. 

Other methods might be proposed, besides those noticed, 
for determining the vapour-pressures of salt-solutions at low 
temperatures ; especially might the use of a sensitive 
hygrometer be suggested. But no investigations in such 
directions have been made known as yet. 

6. Investigations of Raoult. — The attempts made to ad- 
vance our knowledge of the laws which express the vapour- 
pressures of dilute solutions were greatly hindered by the 
circumstance that water was the only solvent used by the 
older investigators, and that compounds belonging to the 
class of salts alone were examined. But it is just in the 
cases of salts, and almost in these cases only, that deviations 
occur from the simple laws which were soon arrived at 
when the investigation was extended to other substances 
and other solvents. 

The first investigations of this kind were conducted by 
Eaoult.i He used ether as the solvent, and employed the 
barometric method for measuring the vapour-pressures. 
The following general results were obtained. 

Influence of temperature. — The ratio ^ ~ P has the 

P 
same value between 0° and 20° ; p = vapour -pressure of 
pure ether, p' = vapour-pressure of an ethereal solution. 

The relative lowering of vapour-pressure, ^ ~^ , is there- 
in 
fore independent of temperature. 

Influence of concentration. — For solutions of medium 

concentration the relative lowering of vapour-pressure, 

^—^P-, is proportional to concentration. If g — the weight 

' Compt. rend. 103, p. 1125 [1886]. 
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of dissolved substance in 100 parts of ether, and m =the 
molecular weight of the dissolved substance, the expression 



c= P-:zl. 



m 



gives the molecular lowering of vapour- 
P 9 

pressure. 

Influence of the nature of the dissolved substance. — The 
molecular lowering of vapour-pressure is independent of 
the nature of the dissolved substance. The following table 
exhibits the validity of this law. 







m 


c 


Carbon hexaohloride 


C,C1, 


237 


•71 


Turpentine . 


Ci(|H,s 


136 


-71 


Methyl salicylate . 


C„H.03 


152 


-71 


Methyl azocuminate 


C^,«N,0, 


382 


-68 


Cyanic acid . 


CNOH 


43 


•70 


Benzoic „ . . . 


C,H,0, 


122 


-71 


Trichloracetic acid 


C2CI3HO2 


163-5 


-71 


Benzaldehyde 


C,H„0 


106 


•72 


Caprylic alcohol 


C,H,„0 


130 


•73 


Cyanamide 


CN^H, 


42 


•74 


Aniline .... 


C.H,N 


43 


•71 


Mercuric ethide 


C,H,„Hg 


258 


•69 


Antimony chloride . 


SbClj 


228-5 


•67 



Although the nature of the substances iii solution varies 
much, yet the molecular lowerings of vapour-pressure show 
only very small differences. 

The first of the foregoing statements made by Eaoult is 
identical with the statement of von Babo (p. 157), and the 
second is identical with that of Wiillner (p. 157). Eaoult's 
third statement agrees with that put forward by me (p. 159) 
so far that the nature of the dissolved substance seems to 
be without influence when ether is the solvent, but when 
aqueous solutions of salts are examined different molecular 
lowerings of vapour-pressure are observed, and these are 
dependent on the type to which the salt belongs. 

At a somewhat later time, Eaoult ' was led to another 
law which had not been observed before. This law 
expresses the relative lowerings of vapour-pressures observed 

> Compt. rend. 104, p. 1430 [1887]. 
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in different solvents. The lowerings of vapour-pressures of 
solutions in different solvents are equal when the proportion 
of the number of molecules of ike dissolved substance to the 
number of molecules of the solvent is the same. 

Twelve solvents were chosen, and many different 
substances were dissolved in these. If the relative lowerings 
of vapour-pressures are calculated for one molecule of each 
substance in 100 molecules of the solvent, the following 
numbers are obtained : — 





Molecular weight 


Molecular lowering of 
vapour-pressure 1:100 


Water . 

Phosphorus trichloride 
Carbon disulphide . 
Carbon tetrachloride 
Chloroform . 
Amylene 
Benzene 
Methyl iodide 
Methyl bromide 
Ether . 
Acetone 
Methyl alcohol 








18 
137-5 

76 
154 
119-5 

70 

78 
142 
109 

74 

58 

32 


-0102 
-0108 
-0105 
•0105 
-0109 
-0106 
-0106 
-0105 
-0109 
-0096 
-0101 
-0103 



If m = the number of molecules of the dissolved sub- 
stance, and N = the number of molecules of the solvent, then 

P-P' _ -« 

— o , 

p N 

where c is a constant the value of which falls between "96 
and 1-09. 

7. Other methods of fornmlation. — The deviations from 
proportionality between the relative lowering of vapour- 
pressure and the quantity of substance dissolved in 100 
parts of the solvent, which had led Eaoult to confine the 
statement of his law to medium concentrations, induced 
him to adopt a more complicated formula,' which he 
afterwards abandoned in favour of another method of 
calculation '■* adapted to the special experiments. The 



Compt. rend. 104, p. 976 [1887J. 

Zeitschr. f. physikal. Chemie, 2, p. 353 [1888]. 
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following consideration will show that the foregoing formula 
is only applicable to solutions of small concentration. If 
we put c = 1, the equation takes the form 

p — p' _n 
p N 

If w = N, i.e. if the number of the molecules of solvent 
and dissolved substance is the same, then 

X, 

P 

and hence p' must = . That is, the vapour-pressure of 
a solution containing an equal number of molecules of 
solvent and dissolved substance must be nil ; but this is 
against the experimental facts. 

The actual relations are said by Eaoult to be expressed 
very accurately by slightly changing the form of the 
equation : — 

P -P' ^f. n 



p N + M 

This expression does not assert the relative lowering of 
vapour-pressure to be proportional to the ratio of the 
number of molecules of the dissolved substance and the 
solvent, but it says that the relative lowering of vapour- 
presswe is proportional to the ratio of the number of molecules 
of the dissolved substance to the total number of molecules in 
the solution. The factor of proper cionality is nearly equaP 
to unity. 

It is easy to see that this formula does not lead to 
conclusions which are contradictory to the facts. If n 

increases, the fraction always remains less than one, 

and p' therefore always retains a finite value. It is only 
when n is infinitely large compared with n, i.e. when no 
solvent is present, that p' becomes equal to zero. 

The following measurements made by Eaoult ' (taken 

' Zeitschr. f. physikal. Chemie, 2, p. 353 [1888]. 
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from his memoir of 1888) show that the formula leads to 
results which are ia agreement with those observed with 
more concentrated solutions : — 



Turpentine in Etheb 



n 


p 






Observed 


Calculated 


5-9 
121 
23-4 
35-5 
47-9 
64-5 


6-0 
11-9 
21-9 
32-4 
43-8 
57-9 


5-3 
10-9 
21-1 
32-0 
43-1 
58-0 



The numbers under ' Calculated ' are obtained by assuming 
that c = -90. 



Nitrobenzene in Ethek; c = -74 



n 
K+n 


100 ^--P' 
p 






Observed 


Calculated 


6-0 
17-9 
35-5 
53-2 
75-9 
84-0 


5-5 
14-2 
25-6 
38-0 
55-6 
64-5 


4-4 
13-2 
26-3 
39-4 
56-2 
62-2 



Aniline in Ether; c = '90 



n 


100 ''-P' 


i 


N+n 


P 






Observed 


Calculated 


3-85 


4-0 


3-4 


7-7 


8-1 


6-9 


14-8 


15-4 


13-3 


20-5 


19-7 


18-4 


49-6 


42-4 


44-6 


68-7 


59-6 


61-8 
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n 
N+n 


100 P-P' 
p 






Observed 


Calculated 


4-9 
9-6 
27-1 
53-0 
75-5 
94-4 


5-1 
9-1 
24-8 
47-1 
70-0 
87-6 


4-4 
8-6 
24-4 
47-7 
67-9 
85-0 



These numbers show that the formula represents the 
results even to very great concentrations (the last solution of 
ethyl benzoate contained less than 3 per cent, ether to 97 per 
cent, of the dissolved substance) ; hut the fact must not be 
overlooked that the dilute solutions always gave larger 
values than those calculated by the formula. The value of 
the constant, c, which is generally about -9, approaches 
unity for those solutions which are of medium concentra- 
tion. If the numbers given on p. 169, which refer to one 
molecule of the dissolved substance in 100 parts by weight 
of ether, are calculated to 100 molecules of the solution, 
the numbers obtained clearly approach the value -01 ; the 
same result holds good for the numbers in the table on 
p. 170. The factor, c, may, then, be taken as 1 for dilute 
solutions ; the formula becomes, 

p — f' _ n 

p N + n 

The decrease of vapour -pressure produced by the dissolved 
substance is related to the vapour-pressure of the solvent 
as the number of molecules of the dissolved substance is 
related to the total number of molecules. 

8. Applications. — It follows from the foregoing statement 
that the measurement of the lowering of vapour-pressure 
can be used as an aid in finding the molecular weight of a 
substance. If the molecular weight of the substance in 
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solution, m, is unknown, the number of molecules in solution 

may be put as — , where s = weight of substance dissolved 
m 

in one molecular weight of the solvent (all weights being 

Q 

expressed in grams). Then putting n = — , and n = 1, in 

llv 

the equation ^ ~ ^ = — ^ — , and solving this equation for m, 

p N + M 

it follows that m = ^^ , . For instance, Kaoult examined 

P -P 
a solution of 11-346 grams turpentine in 100 grams ether ; 
he found p' = 36-01 centims. and p = 88-3 centims. As 
the molecular weight of ether is 74, the value of s was 

11-346 „. „„„„ , 8-396x36-01 ,qo a 
74 = 8-396 ; hence m = = 132. As 

the actual molecular weight of turpentine-oil is 138, the 
value found by this method is sufficiently near the true 
value. 

This method makes it possible to find the molecular 
weight of any substance which dissolves in a volatile sol- 
vent. As before the introduction of this method, only the 
molecular weights of those substances which were gasi- 
fiable without change could be determined, the sphere 
within which determinations of molecular weights can be 
made has been very much extended. It becomes, then, a 
matter of much importance to find a certain and accurate 
process for measuring the vapour-pressures of solutions. 

Eaoult made almost exclusive use of the immediate 
method of determining vapour-pressure by placing the 
solution over mercury in the barometric vacuum. I do not 
give the details of procedure which Eaoult ' lays down as 
giving satisfactory results. All the ' statical ' methods of 
measuring vapour-pressure, i.e. the methods which consist 
in determining the pressure of the vapour given off by a 
solution, labour under two disadvantages. One is, that the 
portion of the solvent which becomes vapour is proportion- 

Zeitschr. f. physikal. Chemie, 2, p. 353 [1888]. 
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ately very small ; should any more volatile impurity be 
present, e.g. an absorbed gas, this passes into the vapour 
and increases the pressure to a disproportionate extent. 
The second disadvantage is that the equilibrium between 
the vapour and the solution is dependent on the nature of 
the solution only in so far as this is in contact with the 
vapour. If the solvent should evaporate superficially at 
the beginning of the experiment, a more concentrated layer 
will be formed, and the vapour-pressure will be too small. 
On the other hand, if any of the vapour should be con- 
densed by some diminution of the space, a superficial layer 
of the pure solvent will be formed, and the vapour-pressure 
will be too large. G. Tammann has very carefully studied 
and clearly indicated the influence of both these conditions 
on measurements of vapour-pressures.' 

E. Beckmann ^ has also fuUy examined the difficulties of 
the statical method, in his attempts to develop a methodical 
process for determining molecular weights on the basis of 
measurements of vapour-pressures. The difficulties caused 
Beckmann to abandon this method. A method which was 
partially statical alone gave fairly good results ; the error 
due to the presence of air was diminished by making the 
space containing the vapour large, and the changes of con- 
centration at the surface of the solution were rendered 
harmless by agitating the liquid. The pressure of the 
vapour was not measured directly, but was obtained from 
the weight of liquid which evaporated. The small flask 
E (fig. 22) was filled with ether and weighed accurately. It 
was then connected with the/'i^ask A by means of the tube 
B, which was ground into the neck of e. Before the 
experiment began a partial vacuum was produced in a ; 
this vacuum was measured by~^ manometer c. It was 
not necessary to remove the ^ole of the air from a, but 
only to produce a partial vacuum by the use of a good 
water-air pump ; but care had to be taken that the remaining 

> Wied. Ann. 32, p. 683 [1887]. 

' Zeitschr. f. physikal. Chemie, 4, p. 532 [1889]. 
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air should have exactly the same pressure in each experi- 
ment. On opening the stopcock B, a quantity of ether, a, 
was evaporated; this depended on the temperature of e 
and A, and was measured by re-weighing E. A second ex- 
periment was then made with a solution, care being taken 
that the temperature of e did not vary more than -01° from 
what it was in the first experiment, and a smaller loss of 




Fig. 22 



weight, a', was found. Now as the quantities a and a' are 
proportional to the pressures p and _p', under the conditions 
observed, a and a' may be substituted in the equation given 

.. Some measurements 



on p. 174, and we have m = - 
gave the following values : — 





a 


a' 


5 


m 
found 


m 
calculated 


Camphor 
Aniline . 
Ethyl benzoate 


1-5754 
1-5754 
1-5754 


1-5086 
1-4785 
1-4829 


7-35 
6-04 
9-26 


157 

87 

141 


152 

93 

150 



The observed molecular weights are sufficiently near the 
calculated values. 



VAPOUE-PRESSUEES OF SOLUTIONS 



177 



The process given by. me, and described for aqueous 
solutions on p. 166, exemplifies the change to the dynamical 
methods. As the process is frequently required for finding 
the molecular weights of organic compounds, and as aqueous 
solutions of these compounds are rarely obtainable, Will and 
Bredig ' have worked out a process for alcoholic solutions 
which differs from that described on p. 166 chiefly in that 
the quantity of solvent evaporated is not determined by 
absorption, but from the loss of weight of the apparatus. 
Dry air is led, by an aspirator, through a bulb-apparatus 
containing the solution, and then through a similar ap- 
paratus containing pure alcohol. The loss of weight in 
the first apparatus, b^, corresponds with the vapour-pressure 
ji', and the loss of weight in the second apparatus, b^, 
corresponds with the vapour-pressure p — p'. The formula 
for calculating the molecular weight is then 

sb, 
m = ^p-'. 

K 

To insure the complete saturation of the air with alcohol- 
vapour, each bulb- apparatus was furnished with 9 bulbs ; 
both were placed in large water-baths, the tempera- 
tures of which were kept equal. The current of air was 
maintained for 24 hours, at the rate of about 1 litre per 
hour. Some of the results are given in the following 
table : — 



1 


6, 


h 


S 


m 
found 


m 
calcuJated 


Nitrobenzene . 


2-034 


■0684 


4-1 


122 


128 


Acetamide 


•6073 


•0525 


5-04 


58 


59 


Benzoic acid . 


1-8315 


-0731 


4-28 


107 


122 


Atropine . 


1-467 


-027 


6-05 


275 


289 


Vanilline . 


1-6895 


•0312 


2-4 


130 


152 



This method is thus shown to be applicable for laboratory- 
purposes. 

' Berichte, 22, p. 1084 [1889]. 

N 
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9. Beckmann's boiling-method. — In place of determining 
the vapour-pressures of solutions at equal temperatures, it 
is evidently possible to find the temperatures at which the 
vapour-pressures are equal. If the general form of the 
curve of vapour-pressure of the solvent is known, it is easy 
to calculate the vapour-pressure of the solvent which 
corresponds with the higher boiling-point of the solution, 
and thus to obtain the data needed for calculating the mole- 
cular weight of the dissolved substance. 

The calculation is sufficiently simple. Let the curve of 
vapour-pressure of the solvent he dd (fig. 23), the tempera- 
tures being taken as abscissae 
and the pressures as ordinates. 
The part of the curve which 
corresponds with the observed 
small difference of tempera- 
ture may be taken as a 
straight line ; then putting 
i, = boiling-point of the sol- 
vent, t^ = boiling-point of the 

* solution, ^' = & = atmospheric 

pressure, p becomes b + ^ 
(*2 "~ *i)> where /S = the tan- 
gent of the angle which the curve of vapour-pressure forms 
with the axis of abscissae at the place under consideration, 
i.e. at mean atmospheric pressure. 

There are several ways of finding /3. If the curve of 
vapour-pressure of the solvent has been determined by 

separate experiments, the value of /3 = -=^ can be ob- 
tained by an interpolation-formula or by a graphical 
method. Or measurements may be made of the corre- 
sponding boiling-points at the greatest possible differences of 
barometric pressure — which must be measured accurately 
— and the value of /3 may then be found by the equation 



1 1 
Fig. 23 



/3 = 



V — h" 

— , where V and h" are the barometric readings 



t' - f' 
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and t' and t" are the boiling-points. Arrhenius' has 
shown that use may also be made of the formula of the 

dynamical theory of heat -^ = A, where p = heat of 

d t VT "^ 

vaporisation, v = volume occupied by the saturated vapour, 
and T = the absolute boiling-temperature. Eeplacing v 
by its value from the gas-equation pv = nT,the formula 

obtained is -yi = ^^. Now if molecular quantities are 

considered, r = 2 cals. ; and in this ease p must be taken 
as the molecular heat of vaporisation. Hence 

P 2t^' 

by this formula y8 is found from measurements of the heat 
of vaporisation, the pressure, and the absolute boiling- 
temperature. This formula can give altogether correct 
results only when the supposition on which it depends is 
fulfilled, viz. that the equation for gases pv = -rt is 
applicable to the vapour under examination. The specific 
gravity of the vapour is generally greater than that which 
the formula leads to, and therefore corresponding deviations 
occur. 

The first formula ~J^ = £- does not imply the validity 

of the equation for gases ; but it is very difficult to obtain 
accurate values for the volume, v, of the saturated vapour. 
The greatest difficulty in the procedure lies in the 
•estimations of temperature. The differences of tempera- 
ture are very small ; this difficulty may be got over by 
using very delicate thermometers. But the temperature 
of the boUing-liquid must be determined, not that of the 
vapour; and it has been recognised since Eudberg's 
researches that the temperature of a liquid boiling under 
ordinary conditions varies considerably. This variability 
depends on the production of bubbles of .vapour within the 

' Zeitschr. f. physikal. Cherme, 4, p. 550 [1889]. 

w 2 
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warm liquid ; the capillary pressure -within the bubbles is 
added to the external pressure to be overcome ; when the 
bubbles are small the capillary pressure becomes very 
considerable. The boiling of a liquid under ordinary condi- 
tions is, therefore, 
a constant process 
of oscillation be- 
tween overheating 
and sudden forma- 
tion of vapour, 
and these changes 
are accompanied 
by corresponding 
movements of tem- 
perature. 

Beckmann ' has 
overcome these dif- 
ficulties. The re- 
tardation of boiling, 
and the bumping 
consequent there- 
upon,were obviated 
by fixing (by the 
help of fusible 
glass) a small piece 
of stout platinum 
wire in the bottom 
of the small boiling- 
flask. The boiling 
then takes place 
exclusively from the 
piece of platinum, 
because of the very 
much greater 
thermal conductivity of the metal, and bumping is avoided 
entirely. To prevent local differences of temperature, the 

' Zeitschr. f. physikal. Cheviie, 4, p. 539 [1889]. 
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bottom of the boiling-flask was covered with a layer, which 
was a few centimetres deep, of coarsely powdered material 
such as glass beads or common garnets. The bubbles of 
vapour produced in the hquid pass through this layer, and 
thereby acquire a temperature which is so nearly equal to 
that of the liquid that no oscillations of temperature can 
be detected by the most delicate thermometer in a liquid 
boiling under these conditions. 

Beckmann's apparatus is represented in fig. 24. The 
boiling-flask, shown at A, has three necks, and is furnished 
with the device for aiding boiling, s ; one neck carries a 
thermometer ; another, B, is attached to a reversed con- 
denser ; and the third, C, serves for the introduction of the 
substance. An experiment is conducted by placing a dry 
layer of garnets in A, adding a weighed quantity of the 
solvent, arranging the thermometer and condenser, and 
causing the liquid to boil quietly by a flame placed in a 
proper position. When the thermometer-reading has be- 
come constant, the temperature is noted, and a weighed 
quantity of the substance under examination is introduced 
by C. The temperature quickly rises, and after five to ten 
minutes it reaches its maximum-point, whereat it remains 
stationary. 

The calculation is made most simply by taking into 
consideration the changes of pressures which are pro- 
portional to the changes of temperature. By applying the 

formula ■?- — ^ = to a solution of one molecule of 

p N + w 

the substance in 100 molecules of the solvent, the change 

of pressure is obtained to a hundredth part of its value, at 

the mean atmospheric pressure of 760 mm. One hundred 

times the temperature-difference which corresponds with 

this pressure-difference may be called the molecular raising 

of boiling-point. For instance, the value of this for ether 

is 28'44, i.e. one molecule of a substance dissolved in 99 

molecules of ether raises the boiling-point of the latter by 

•2844°, Putting S as the molecular raising of boiling-point, 
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the unknown molecular weight of a substance, g grams of 
which are dissolved in one molecular weight, i.e. in 74 grams, 
of ether, is obtained from the equation, 

where A = the observed raising of boiling-point. The 
constant S may be referred to 100 grams, instead of to the 
molecular weight, of the solvent ; the calculation is thus 
slightly simplified. 

It is most convenient, in actual practice, to determine 
S empirically by conducting an experiment with a substance 
of known molecular weight. 

The experiments which Beckmann conducted with the 
view of finding the molecular weights of iodine, phos- 
phorus, and sulphur, may be taken as examples of the 
application of the method.' A solution of 1-065 grams 
iodine in 30' 14 grams ether produced a rise of the boiling- 
point equal to -296°. The quantity of iodine dissolved in 

74 grams ether was therefore x 74 ; and, as S = 

28-44, the molecular weight was, 

oo ^^ 1-065 X 74 „_i 
m = 28-44--—— — „„„ = 251. 
30-14 X -296 

The formula I^ corresponds with the molecular weight 254. 
The molecular raising of boiling-point for carbon di- 
sulphide was obtained as follows. Andrews found the heat 
of vaporisation of 1 gram C Sj to be 86-72 cals., the 
molecular heat of vaporisation is therefore 6,593 cals. In 

the formula ~ = ^? ,oj:dt = — . ^, t is equal to 
at 2t^ P P 

278 -f 46 = 319 ; and therefore 2 t^ = 203,522 ; hence d t 

= 30-9 — ^ . For one molecule of the dissolved substance 
p 

in 100 of the solvent, we have-^ = P ~ ^' = ^ = -01 ; 

p p N -f « 

' Zeitschr. f. physikal. Chemie, 5, p. 76 [1890]. 
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hence to obtain the one hundred times greater molecular 
raising of boiling-point, as defined above, we must put 

'^ = 1 ; then S = 30-9. 
P 

Beckmann found that 1*4475 grams phosphorus in 

54-65 grams carbon disulphide raised the boiling-point by 

•486°. Hence, 

m = 3o.9i-4475 x 76 ^ 

' 54-65 X -486 

The molecular weight of phosphorus as determined from 
the vapour-density = 124. Hence the molecular weight of 
phosphorus dissolved in carbon disulphide is the same as 
that of gaseous phosphorus. 

The values obtained for the molecular weight of sulphur 
in carbon disulphide varied between 245 and 315. The 
formula Sg, which had been generally adopted as the maxi- 
mum molecular formula for sulphur, gives the molecular 
weight as 192 ; the numbers found by Beckmann point to 
the formula Sg = 256. At any rate, these measurements 
show that the high specific gravity of sulphur vapour 
at a red heat is not caused only by deviations from the 
gaseous laws, but by the existence of complex molecules. 
Beckmann' s results make it probable that the composition 
of these molecules is to be represented by the formula Sg 
rather than by Sg ; and experiments conducted recently by 
Hertz,' by the method dependent on the lowering of the 
freezing-point of a solution (see next Chapter), confirm the 
formula S,. 

10. Theoretical considerations. — The similarity between 
the laws of the diminution of vapour-pressure and those 
of osmotic pressure (both magnitudes are proportional to 
concentration, and are equal for equimolecular solutions) 
suggests the question whether these laws are not causally 
connected. That the connexion is indeed causal was first 
pointed out by van 't Hoff.^ In place of the thermodyna- 

' Zeitschr. f. physikal. Chemie, 6, p. 358 [1890] . 
2 Ibid. 1, p. 494 [1887]. 
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mical demonstration employed by van 't Hoff I give here a 
process of deduction, communicated by Arrhenius,' which 
is more easily followed. 

Let there be a vessel of the shape of an inverted funnel, 
closed beneath by a semi-permeable membrane; let this 
vessel be filled with the solution L (fig. 25), and let it stand 
in another vessel, F, containing the solvent only ; finally let 
the whole arrangement be covered by a bell-jar, within 
which a vacuum can be produced. The solution will be in 
equilibrium with the outer liquid when 
the pressure, which is exerted by the 
column h G, is equal to the osmotic 
pressure. Now the solvent evaporates 
at G, and the solution at h. The vapour- 
pressure of the solution at h must be 
equal to the pressure which the vapour 
of the solvent possesses at the same 
place, for if it were greater or less than 
this, liquid would either evaporate or 
condense at li ; but in either case the 
pressure on the semi-permeable mem- 
■ brane would alter, and liquid would 
escape or would enter ; this process 
would proceed endlessly ; a perpetual motion would be 
produced, and this is impossible. 

The pressure which the vapour of the liquid F must 
exert at h is equal to the vapour-pressure of the solvent 
diminished by the weight of a column of vapour of the 
height h G. The vapour-pressure of the solution must be 
equal to this pressure. 

Let us now assume the laws of osmotic pressure to be 
given. The solution contains n molecules of the dissolved 
substance and N molecules of the solvent. The osmotic 
pressure is equal to the pressure which the dissolved 
substance would exert were it present as gas in the given 
space ; this pressure is given by the equation pv = rmi; 
' Zeitschr. f. physikal. Chemie, 3, p. 115 [1889]. 




Fig. 25 
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it is fl = -!?^^lL , where E = 84,700, and T is the absolute 

V 

temperature. To find v, we pay regard to the fact that 
the N molecules of the solvent weigh M N, where M = mole- 
cular weight, and occupy the volume — , where s = spe- 

cific gravity of the solvent. We thus obtain p = . 

MN 

The height, h, of the column of solution, which corresponds 
with this pressure, is given by the equation p = h s', where 
s' = specific gravity of the solution. If we regard solutions 
so dilute that their specific gravities do not differ substan- 
tially from that of the solvent, then s' may be replaced by 

s, and we have, h = As MN is equal to the weight 

MN 

of the solvent in which are contained n molecular weights 
of the dissolved substance, the statement may be put 
thus : — ^the osmotic ascent is independent of the nature of 
the solvent for solutions of equal contents. 

As regards the pressure which is exerted by a column of 
vapour of the height h, it was already shown that the 
vapour-pressure of the solution/' is smaller than that of 
the solvent. Putting the latter as /, then f =f — hd, 
where d = density of the vapour. This value may also be 
found from the formula pv = b,t; p, which is the pressure 
of the vapour, is equal to/; and, as the formula is referred 

to one molecular weight of the vapour, d is equal to — . 

V 

Hence we obtain d =-'^. 

Finally, by substituting in the equation/' =f—dh the 
values h = "^^ and d =^—, we obtain /' =/ (l - '^V 

MN KT \ N/ 



or 



tie formul; 
the experiments of Eaoult. The difference depends on the 



f — f n 

The formula*^ — /^ = was obtained (p. 173) from 

/ N -f w 
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fact that these experiments were made with solutions of 
limited concentrations, while the calculations are made for 
infinitely small concentrations ; as a matter of fact, if n is 
very small compared with N, both formulae give the same 
result. 

11. Limited concentrations. — If the contents of a solu- 
tion are not very small, the osmotic ascents become very 
considerable. The pressure in a normal solution which 
contains one gram-molecular weight of dissolved substance 
per litre amounts to about 22 atmospheres, and corresponds 
with an ascent of more than 220 metres. For such heights 
the pressure of the vapour can no longer be put as simply 
equal to d h, but the density d must be considered as vari- 
able with the height. We must, therefore, put dp =d.dh, 

and integrate from to h. li d = — is replaced by 
the value - = ^ , it follows that — . ^ = d/i : or, by 

t' R T M p 

integrating, /i = — I i^, where «„= the pressure for /i=0 

M p^ 

— i.e. for the surface of the outer liquid — and pi, = the 
pressure at the height h in the osmometer : the first of these 
is the vapour-pressure,/, of the solvent, the second is the 
vapour-pressure, /', of the solution. By substituting this 
value for h in the equation which gives the height of the 

column of liquid, viz. h = , we have 

M N 

Writing I =^, in the form I (l + •' ~/ j , and considering 

that y — /' is small compared with /', the logarithm may 
be developed in a series 

,(i + /z/l)=/^/'-j(/r/:>+.... 
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or, breaking off at the first term, 

f-f _n 
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This expression may be transformed into 

f-f _ 
f 

This, which is the empirical formula of Eaoult, is thus 
deduced by general reasoning. 

If the formula J -= — is applied to the measurements 

/ N 

of Eaoult, given on p. 172, a fair agreement is found for the 
numbers for dilute solutions, but the numbers for concen- 
trated solutions depart much from the calculated numbers. 
For example, the solutions of turpentine in ether give the 
following results :— 



n 


'f^ 


n 


iP- 
p' 


•0627 


•0619 


•5504 


•391 


•1377 


•1278 


•9194 


•576 


•3055 


•2473 


1^817 


•865 



The formula cannot be expected to hold good for more 
concentrated solutions, to which the assumptions made in 
deducing the formula are not applicable. This formula, 
however, gives better results than that of Eaoult for solu- 
tions where — < '1 ; as the calculation is simple enough, it 

N 

may be employed for such solutions in place of Eaoult's 
formula. 

12. Solutions of salts. — The laws which have been 
developed for solutions of indifferent substances in various 
solvents do not apply to solutions of salts in water. A 
solution of the composition KCl + 100 HjO, instead of 
showing a lowering of vapour-pressure of -01, as re- 
quired by the law, shows a lowering about double this. The 
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deviations are still greater for salts of the type of barium 
chloride ; this is seen by the numbers given on p. 162. 
Deviations of this kind are not exhibited by all aqueous 
solutions. Solutions in water of indifferent substances, 
such as urea, show normal diminutions. Walker found 
•0091, in place of -01, for CON^H, + 100 H^O ; andEaoult 
showed that aqueous solutions of indifferent substances 
obey the law (p. 170). 

Moreover, these deviations are not a constant pecuHarity 
of salt-solutions. Solutions of salts in alcohol behave like 
all other substances and give normal diminutions of vapour- 
pressure. Eaoult,' who made a special investigation of this 
matter, gave the following table : — 



Substance 


Formula 


Lowering of 
vapour-pressure 


Sodium perchlorate 


NaCl 0^ 


•0098 


Potassium acetate . 






K C.PjHj 


•0100 


Sodium ethylate 






C^HjONa-SC^^O 


•0105 


Lithium chloride . 






LiCl-SCBeO 


•0104 


Lithium bromide . 






Li Bro CyEjO 


•0104 


Potassium sulphocyanid 






KSCN 


•0105 


Calcium nitrate 






CaN.O, 


•0099 


Calcium chloride . 






CaCVSC^H^O 


•0099 


Mercuric cyanide 






HgCA 


•0110 


Thymol . 






C,.H„0 


•0106 


Picric acid 






C^NjO, 


•0103 


Nitrobenzene . 






C^H^NO, 


•0097 


Ethyl salicylate 






C,H,„03 


•0097 


Ethyl benzoate 






C,H,„0, 


•0094 


Diphenylamine 






C,3„N 


•0100 


Naphthalene 


C,o'H, 


•0091 



The last column contains the molecular loweriags of vapour- 
pressm-es, for the proportion 1 : 100 molecules ; they do 
not deviate much on either side from the theoretical value 
•01 ; it is especially to be noted that the salts do not 
behave at all differently from the organic compounds which 
are placed towards the end of the table. 

The especial peculiarity under consideration is evidently 
confined to aqueous solutions of salts {to ivhich may be added 



Compt. rend. 107, p. 442 [1888]. 



VAPOUR-PRESSURES OF SOLUTIONS 189 

the strong acids and hases). The behaviour of these sub- 
stances is as if the solutions contained a considerably 
greater number of molecules of the dissolved substances 
than corresponds with their formulae, i.e. as if the substances 
in solution were broken up into smaller molecules. 

The solutions which exhibit these deviations from the 
laws of vapour-pressure possess another characteristic 
peculiarity : they, and only they, are good conductors of 
the electric current, and they conduct electrolytically, i.e. 
the movement of electricity is accompanied by a movement 
of ponderable particles which are called iojis. By ions is 
understood the constituent parts of salts, acids, and bases, 
viz. on one side, the metals, the metal-like radicles such as 
N H^, and hydrogen, and on the other side, the halogens, 
the acidic radicles such as NO3 or SO4, and hydroxyl. The 
positive electricity moves along with the first-named, or 
positive, ions ; while the negative electricity accompanies 
the second, or negative, ions. The consideration of these 
relations, along with the deviations from the laws of 
vapour-pressure, leads to the supposition that in their 
aqueous solutions the substances in questions, i.e. the electro- 
lytes, are already separated for the most part into their ions. 
This conclusion was arrived at by Arrhenius ; ' the conclu- 
sion, it must be admitted, is, to some extent, opposed to the 
views which generally prevail, but it is in agreement with 
quite a remarkable number of facts.^ 

The relations in question are similar to those which are 
observed in the cases of so-called 'abnormal vapour-densities.' 
The same difficulties which formerly prevented chemists 
from representing to themselves the . existence of un- 
combined ammonia and hydrochloric acid in the vapour of 
sal ammoniac, now militate against the supposition that, 
e.g. potassium and chlorine can exist side by side in a 
solution of potassium chloride. I do not attempt here to 

' Zeitschr. f. physikal. Chemie, 1, p. 631 [1887]. 

^ The supposition in question is fully considered in a later chapter of 
the Lehrbuch. — Translator. 
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explain these difficulties, which can be shown to be erro- 
neous ; we are concerned at present with the hypothetical 
expression that the aqueous solutions of electrolytes behave 
as if the electrolytes were separated into their ions. The 
amount of this separation can easily be calculated by 
comparing the observed lowering of vapour-pressure with 
that calculated on the assumption of an unchanged 
molecular condition. It has already been remarked that 
the measurements of the diminutions of vapour-pressure 
are not very accurate. As we shall find hereafter a much 
more accurate method by which more trustworthy results 
can be obtained, we shall defer calculations of this kind 
until then. 

Meanwhile, the results of a very extended series of 
measurements of the vapour-pressures of salt-solutions at 
100°, made by G. Tammann,' are given here, as a foundation 
for further advances. The method consisted in placing the 
solution in a U tube ; one limb of this tube was Closed, 
mercury was placed in the bend of the tube, and the open 
end was connected with a manometer and an air-pump. 
The U tube was heated in the vapour of boiling water, and 
the decrease of pressure required to make possible the 
formation of vapour at this temperature was measured. 
The numbers in the following table represent the diminu- 
tions of vapour-pressure, in millimetres, which were caused 
by the solution of n molecular weights, in grams, of the 
salts in 1,000 grams of water. 

' M&m. Acad. Pitersb. 35, No. 9 [1887]. 



Notes t.q Table, pp. 191-193 

30, sodium phenolsulphonate (probably j)am-) ; 41, noi-mal potassium 
butyrate ; 42, potassium isobutyrate ; 48 and 49, the corresponding sodium 
salts ; 71, glycolio acid ; 72, lactic acid ; 73, succinic acid ; 74, malic acid ; 
75, tartaric acid ; 76, raoemic acid ; 77, citric acid ; 93, sodium paratung- 
state ; 104, potassium malonate ; 105, tartar-emetic ; 106, potassium succi- 
nate ; 108 and 109, potassium and sodium tartrate ; 110 and 111, potassium 
and sodium citrate. 
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n=0-6 


1 


2 


3 


4 


6 


6 


8 


10 


1 


KCl . . 


12-2 


24-4 


48-8 


74-1 


100-9 


128-5 


162-3 





_ 


2 


KSCN 


10-8 


22-8 


48-8 


76-0 


100-5 


128-5 


152-8 


200-2 


241-0 


3 


KBr . . . . 


120 


24-2 


60-8 


76-5 


105-6 


132-8 


160-0 


— 


— 


i 


KI 


12-6 


25-3 


62-2 


82-6 


112-2 


141-6 


171-8 


226-5 


278-5 


5 


KF . . . . 


10-6 


22-3 


46-0 


76-0 


106-0 


136-6 


166-8 


233-0 


— 


6 


NaCl .... 


12-3 


25-2 


62-1 


80-0 


111-0 


143-0 


176-6 


— 


— 


1 


NaSCN . . 


11-6 


24-6 


66-7 


89-2 


122-0 


156-2 


195-0 


266-2 


314-0 


8 


NaBr .... 


12-6 


25-9 


570 


89-2 


124-2 


169-6 


197-6 


268-0 


— 


9 


Nal . . . . 


121 


25-6 


60-2 


99-5 


136-7 


177-6 


221-0 


301-5 


370-0 


10 


NaF . 


11-4 


23-0 


— 


— 


— 


— 


— 


— 


— 


11 


KH,CI . . 


12-0 


23-7 


451 


69-3 


94-2 


118-5 


138-2 


179-0 


213-8 


12 


NH.SON . 


10-8 


220 


46-0 


68-6 


93-0 


117-6 


140-0 


179-6 


218-0 


13 


NH.Br . . . 


11-9 


23-9 


48-8 


741 


99-4 


121-5 


146-5 


190-2 


228-6 


U 


NH.I . . . 


12-5 


26-1 


49-8 


78-5 


104-5 


132-3 


156-0 


200-0 


243-5 


15 


LiCl . 


12-1 


25-5 


67-1 


95-0 


132-6 


176-6 


219-5 


311-6 


393-5 


16 


LiBr .... 


12-2 


26-2 


60-0 


97-0 


140-0 


186-3 


241-6 


341-6 


438-0 


17 


Lil . . . 


13-6 


28-6 


64-7 


105-2 


164-5 


"206-0 


264-0 


367-0 


446-0 


18 


BbCl . . 


12-2 


24-6 


50-0 


76-6 


101-0 


128-6 


156-0 


203-6 


247-0 


19 


KNO, . . 


11-1 


22-8 


44-8 


67-0 


90-0 


110-6 


130-7 


167-0 


198-8 


20 


KNO, 


10-3 


21-1 


40-1 


67-6 


74-5 


88-2 


102-1 


126-3 


148-0 


21 


Kao, . . . 


10-6 


21-6 


42-8 


62-1 


80-0 


— 


— 


— 


— 


22 


KCIO. . . 


11-5 


22-3 


— 


— 


— 


— 


— 


— 


— 


23 


KBrO, 


10-9 


22-4 


45-0 


— 


— 


— 


— 


— 


— 


24 


KHSO. 


10-9 


21-9 


43-3 


65-3 


85-6 


107-8 


129-2 


170-0 


— 


25 


NaNO, 


11-6 


24-4 


50-0 


75-0 


98-2 


122-6 


146-5 


189-0 


226-2 


26 


NaNO; 


10-6 


22-5 


46-2 


68-1 


90-3 


111-5 


131-7 


167-8 


198-8 


27 


NaClOj . 


10-5 


23-0 


48-4 


73-5 


98-6 


123-3 


147-5 


196-5 


223-5 


28 


NaBrO, 


121 


25-0 


541 


81-3 


108-8 


136-0 


— 


— 


— 


29 


NaHSO. . 


10-9 


22-1 


47-3 


760 


100-2 


126-1 


148-5 


189-7 


231-4 


30 


C.H,0-SO,Na . . 


11-8 


22-6 


49-8 


75-5 


104-5 


— 


— 


— 


— 


31 


NH.NO3 


12-8 


22-0 


42-1 


62-7- 


82-9- 


103-8 


121-0 


162-2 


180-0 


32 


NH^'H-SOj 


11-5 


22-0 


46-8 


71 '0 


94-6 


118-0 


139-0 


181-2 


218-0 


S3 


NH^BF. . 


10-6 


22-2 


45-0 


67-0 


93-6 


— 


— 


— 


— 


H 


LiNO^ 


12-2 


25-9 


65-7 


88-9 


122-2 


165-1 


188-0 


253-4 


309-2 


35 


LiHSO^ 


12-8 


27-0 


57-0 


93-0 


130-0 


168-0 


— 


— 


— 


36 


EbNO, . . . 


10-9 


22-1 


42-1 


58-2 


73-8 


89-2 


— 


— 


— 


37 


EbHSOj 


10-9 


21-9 


43-0 


63-6 


83-8 


104-0 


— 


— 


— 


38 


HCO.K 


11-6 


23-6 


69-0 


77-6 


104-2 


132-0 


160-0 


210-0 


256-0 


39 


CH3CO.K 


12-4 


24-0 


64-6 


86-0 


119-0 


162-0 


186-2 


250-0 


307-0 


40 


C.H.CC5,.K . 


12-3 


24-0 


53-0 


84-8 


116-8 


148-0 


181-0 


234-0 


288-4 


41 


o;h,co;k . 


12-4 


24-0 


54-4 


84'0 


113-4 


141-0 


169-0 


2I9-O 


266-0 


42 


i-O^RfiO.K 


12-2 


24-0 


62-2 


80-4 


110-0 


139-0 


167-4 


218-0 


266-0 


43 


c.ilco.k; . 


11-5 


22-0 


49-6 


74-4 


99-8 


122-4 


146-6 


190-0 


230-6 


44 


o,h,co;k . 

HCO,Na 
CH,CO.Na 


12-2 


22-0 


48-2 


72-4 


96-0 


118-8 


142-0 


— 


— 


45 


12-9 


24-1 


48-2 


77-6 


102-2 


127-8 


162-0 


198-0 


239-4 


46 


11-5 


26-0 


52-0 


83'0 


113-4 


143-0 


173-0 


227-0 


278-0 


47 


C^H^CaNa 


10-9 


22-6 


46-2 


71-4 


97-4 


122-2 


146-0 


189-0 


232-0 


48 


C,H,CO;Na . . 
i-0,H,CO,Na . 


12-6 


26-0 


530 


81-6 


108-2 


131-0 


163-6 


193-0 


230-0 


49 


11-8 


24-0 


62-0 


81-6 


108-4 


133-4 


158-0 


200-4 


237-0 


50 


C.H,CO,Na 


11-4 


24-0 


51-0 


73-8 


96-0 


114-8 


132-0 


164-0 


199-0 


51 


0,H,CO;Na 


11-2 


23-0 


44-2 


65-0 


86-0 


103-0 


— 


— 


— 


52 


NH^OHOl . 


11-2 


22-0 


45-0 


69-0 


900 


110-5 


— 


— 


— 


53 


N(CH3).C1 . 


11-1 


22-0 


49-0 


76-2 


106-1 


134-9 


163-5 


219-3 


275-2 


54 
55 


N(CHJ,HC1 
N(CH,);,H^C1 . 
N(CH,)H,01 . . 


7-0 
9-6 


19-6 


41-8 


65-0 


91-8 


116-3 


142-0 


186-8 


230-3 


56 


9-4 


200 


43-0 


68-4 


92-0 


114-3 


137-0 


180-0 


218-0 


57 


N"(C,H,)jHCl 


6-5 


— 


. — 


— 


— 


— 


— 


— 


— 


58 
59 


N(CX)AC1 
N(C,HJH,C1 
CNjH.Cl . . . 
N(0,H,)H,CI . 


7-9 
9-9 


15-8 


39-0 


62-7 


85-0 


107-9 


129-1 





— 


60 


11-6 


22-2 


42-0 


61-8 


80-9 


99-5 


118-0 


1S2-0 


1850 


61 


10-6 


20-4 


39-0 


67-0 


73-8 


88-6 


101-0 


— 


— 


62 


N(C„HJH^N03 


9-9 


18-6 


34-8 


48-6 


60-0 


71-6 


82-4 


102-8 


— 


63 


LiOH .... 


16-9 


37-4 


78-1 


— 





— 


— 


— 


— 


64 


KOH . 


15-0 


29-5 


64-0 


99-2 


140-0 


181-8 


223-0 


309-5 


387-8 


65 


NaOH 


11-8 


22-8 


48-2 


77-3 


107-6 


139-1 


172-5 


243-3 


314-0 


66 


Ba(OH), . 
H.SO^ 


12-3 


22-6 


39-0 


— 


— 


— 


— 


— 


— 


67 


12-9 


26-5 


e2'8 


104-0 


148-0 198-4 


247-0 


343-2 


— 


68 


h;aso. . . 

HjPO. 


7-3 


15-0 


30-2 


48-4 


64-9 — 


— 


— 


— 


69 


6-6 


14-0 


28-6 


45-2 


62-0 81-6 


103-0 


146-9 


189-6 


70 


H,BO, 


6'0 


12-3 


25 1 


38-0 


61-0 1 — 


— 


— 


— 


71 
72 


CH,OHCOJI . . 
C,H.(OH)COjH 
O.H.(CO,H), . . 


7-0 
6-6 


140 
12-4 


26-6 
24-0 


39-2 
34-3 


60-0 — 
44-7 65-0 


65-6 


88-0 


110-6 


73 


8-2 


12-4 


24-8 


36-7 


48-6 


68-7 


71-2 


94-1 
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74 
75 
76 
77 
78 




n=0-5 


1 


2 


3 


4 


6 


6 


8 


10 


C.HjOHCOO.H), 
C,H,(OH),(CO,H), . 
C,H..(OHWCO,m, . 
0,H.(OH)COO,H), . 


6-6 
6-9 
7-8 
7-9 
13-9 


13-5 
14-3 
15-4 
150 
33-0 


27-4 
80-0 
32-3 
31-8 
750 


44-0 
47-7 
48-3 
60-0 
123-8 


69-7 
66-8 
66-9 
71-1 
175'4 


76-8 
86-4 
86-6 
92-8 
226-4 


91-6 
103-1 
106-2 


124-9 
135-0 
151-0 


166-6 
167-8 


79 
80 


K,CrO. 


14-1 
16-2 


31-6 
29-5 


70-0 
60-0 


117-6 


164-6 


213-0 


— 


— 


— 


81 


K^SO. 


13-7 


26-7 


— 


— 


— 










82 
83 
84 
85 
86 




12-1 
13-7 


24-0 
26-0 


460 
53-5 


83-0 


113-8 


144-6 


175-5 


235-0 





14-4 
16-6 
14-8 


31-0 
37-0 
33-6 


68-3 
71-6 


105-5 
115-7 


162-0 
162-6 


209-0 


258-5 


3500 


E 


87 


N"a,;MoO^ . 
Na.CrO. 


16-6 


33-2 


70-8 


119-0 


169-2 


216-0 


— 


— 


— 


88 


14-5 


30-0 


65-8 


106-0 


146-0 


— 


— 






89 


Na^SO. 


12-6 


25-0 


48-9 


74-2 


— 


— 






__ 


90 
91 


lSIa;s.O„ . 
Na^S'O, 


13-5 
141 


29-5 
29-5 


63-5 
62-1 


100-5 
97-0 


137-0 


177-7 


215-6 


278-0 


_ 


92 


Na.'CO,' 


14-3 


27-3 


53'S 


80-2 


111-0 


— 


— 




— 


93 


Na:w;o„ . 


12-1 


20-3 


51-8 


106-6 


— 


— 


— 






94 
95 
96 
97 
98 


NalB.O, 

mH:j..so. 

Li^OrO. . 


20-7 
11-0 
13-2 
11-5 
16-4 


33-8 

24-0 
28-2 
25-0 
32-6 


54-0 
46-5 
59-0 
44-5 
74-0 


69-5 
91-0 

12U-0 


93-0 
120-0 

171-0 


117-0 


141-8 


- 




99 


Li .SO. 


13-3 


28-1 


56-8 


89-0 


— 


— 


— 






100 


lCs..o„ 


15-4 


36-5 


91-0 


158-0 


225-0 


— 


— 





— 


101 


LCsiF„ 


16-4 


34-0 


70-0 


106-0 


— 


— 








102 


Rb,SO. 


14-6 


28-3 


67-8 


86-8 


— 


— 








103 


C,O.K. . 


13-9 


28-3 


59-8 


94-2 


131-0 


z 




_ 


~ 


104 


CH,{Cb.,K), . . 


13-4 


— 


— 


— 


— 










105 
106 
107 
108 
109 
110 
111 
112 


C.H.KSbO, . . 
O.H/CO,Na), . 

c;h.o.(,co.k), 

C,H,Oa(CO.Na), 
C,H.0H(C6,K), . 
C,H.OH(00,Na), . 
KH.PO, . 


27-1 
16-7 
16-7 
14-6 
14-7 
16-9 
16-2 
10-2 


36-0 
34-6 
29-6 
28-7 
37-9 
36-7 
19-6 


80-5 
76-2 
60-1 
58-0 
89-7 
75-0 
33-3 


1301 
122-6 
92-0 
83-0 
140-6 
119-2 
47-8 


180-9 
165-6 
126-0 
110-0 
205-4 

60-6 




230-6 

187-9 
132-0 
258-2 

73-1 


188-0 
15S-0 

85-2 


- 


— 


113 

114 


KHAsO, . 
NaH.PO. . 


10-9 
10-6 


20-0 
20-0 


37-2 
36-6 


64-0 
61-7 


69-5 
66-8 


82-0 


96-5 


126-7 


157-1 


115 
ll6 


NaHiAsO. 
Na.HPO. . 


11-3 
12-1 


20'6 
23-5 


38-8 
43-0 


57-0 
60-0 


74-9 
78-7 


92-8 
99-8 


1221 


— 


— 


117 


NalHAsO. 


14-3 


26-5 


60-7 


75-8 


— 


— 


— 




"~ 


118 
119 
120 


Na^PO. . . 
Na.P,0, . . . 
(NaPO,), . 
(NaPO.). . . . 
AlCIj . 


16-6 
13-2 
171 


30-0 
220 
36-5 


52-5 





- 


- 


- 


— 


„ 


121 
122 
123 
124 
125 


11-6 
22-5 


61-0 


179-0 


318-0 


— 


— 


— 


— 


— 


CeCla 


21-6 


52-8 


137-0 


229-0 


— 


— 


— 






BeBr^ 


17-8 


46-0 


125-2 


227-6 


329-0 


— 


— 


— 


— 


BecC 


17-4 


43-2 


110-5 


195-5 


291-1 


368-7 


— 




— 


126 
127 
128 


BeN.O. 
MgB'r, . 
MgCL 
MgNA 
CaBr^ 


16-5 
17-9 
16-8 


440 
39-0 


115-8 
100-5 


205-3 
183-3 


298-5 
277-0 


377-0 


- 








129 
130 
131 
132 
133 
134 


17-6 
17-7 


42-0 
44-2 


101-0 
106-8 


174-8 
191-0 


283-3 


368-6 


_ 


_ 


— 


CaCL 


17-0 


39-8 


95-3 


166-6 


241-5 


319-6 


— 


— 


— 


CaN.O, 
SrBr 


16-4 
17-8 


34-8 
42-0 


74-6 
101-1 


139-3 
1790 


161-7 
267-0 


206-4 


z 





— 


SrCl * 


16-8 


38-8 


91-4 


166-8 


223-3 


281-5 


— 


— 


— 


135 
136 


SrN.O. 
BaBr„ 


15-8 
16-8 


31-0 
38-8 


04-0 
91-4 


97-4 
150-0 


131-4 
204-7 


- 


— 


— 


— 


137 


BaCl. 


16-4 


36-r 


77-6 


— 


— 





— 






138 
139 


BaClaO, 

BaN.O. . ■ 


15-8 
13-5 


83-3 
27-0 


70-5 


108-2 


— 


— 


— 


- 


- 


140 


Ba(BP,). . 


17-5 


— 


— 


— 












141 


(C^H.SOOaBa . 


14-2 


— 


— 














142 


(C.H.O-SOJ.Ba 


14-5 


— 


— 


— 












143 


(CH,CO.)=Ba 


146 


— 


— 














144 


(C,H,COJ,Ba 
(0,H,00..),Ca 


13*9 


— 


— 














145 


13*8 


— 
















146 


(0,H,OCO,):,Ca . 


10-4 


— 




"~ 
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M=0-5 


1 


2 


3 


4 


5 


6 


8 


10 


147 


NiCl, 


16-1 


37-0 


86-7 


147-0 


212-8 










148 


NiN^O. . 


lG-1 


37-3 


91-3 


156-2 


235-0 











149 


CoCl, 


15-0 


34-8 


83-0 


136-0 


186-4 












150 


CoN.O, 


17-3 


39-2 


89-0 


152-0 


218-7 


282-0 


332-Oi 






li>i 


MnCl, 


15-0 


34-0 


76-0 


122-3 


107-0 


209-0 









16i! 


Feci, 


16-7 


36-14 


86-3 


139-0 


195-0 


247-2 


298-0 


_^ 





J 1)3 


ZnCL 


•9-2 


18-7 


46-2 


75-0 


107-0 


153-0 


195-0 







1S4 


ZnNjO, . 


16-6 


39-0 


93-6 


167-5 


223-8 












155 


CdCl, 


9-6 


18-8 


36-7 


67-0 


77-3 


99-0 










156 


OdBr„ 


8-6 


17-8 


36-7 


55-7 


80-0 











15V 


OdI. 


7'6 


14-8 


33-5 


52-7 














158 


CdN.O, 


15-9 


36-1 


78-0 


122-2 















159 


CdClA . 


17-6 






















160 


UO.N„0. 


18-4 






















161 


HgC.N. 


6-4 


12-1 





















162 


PbN.Or . 


12-3 


23-6 


45-0 


63-0 
















163 


(OH,CO,),Pb 


8-0 


14-1 


23-3 


33-0 


41-8 


50-2 


69-3 







164 


CaS.O, 


9-9 


23-0 


56-0 


106-0 















165 


SrS.O, 


7-2 


10-3 


47-0 


















166 


BaS.O, 


6-6 


15-4 


34-4 








__ 









167 


A1,(S0.), . 


12-8 


36-5 










^^ 











168 


BeSO. 


6-3 


12-6 


27-5 


52-0 


85-0 


123-0 


161-0 







169 


MgSO, 


6-5 


12-0 


24-5 


47-5 


— 









170 


MgH,(SOJ, . 


18-3 


46-0 


116-0 
















171 


JeSO. 


6-8 


lll-V 


24-0 


42-4 


— 


__ 


' 





m 


CoSO, 


5-6 


10-7 


22-9 


45-5 








, 





m 


NiSO, 


5-0 


10-2 


21-5 


^ 













1/4 


ZnSO. 


4-9 


10-4 


21-5 


42-1 


66-2 





1 


. , 


175 


CdSO. 


4-1 


8-9 


18-1 

















. 


1/6 


CuSO. 


6-0 


12-5 


27-7 


48-5 


— 


— 










177 


MnSO. 


60 


10-6 


21-0 


— 


— 


. 





__ 


__ 


r/8 


TJO.SO, . 


4-1 


10-4 


23-2 


40-8 


64-0 





, . 








1/9 


UO.H.(SO.), . 


13-3 


44-0 


109-0 


— 


— 


— 


. 





_ 


180 


Al,(S6j.-(NHJ,S0. 


24-1 


66-0 


— 


— 


- 1 - 


— 


— 


~ 



13. Vapour-pressures of amalgams. — Although the gene- 
ral validity of the law of vapour-pressure might lead one 
to suppose that it would apply to solutions of metals in 
metals, yet the verification of this expectation by W. 
Eamsay ' possesses an especial interest, inasmuch as "the 
metals differ sufficiently from other substances in their 
properties to make the application of the law in question 
appear somewhat doubtful. The experiments were made 
with mercury. Two U tubes were used, each with one 
short closed limb and one long open limb ; one tube was 
filled with the amalgam to be examined, and the other with 
pure mercury. The two tubes were placed side by side in 
a bath of mercury-vapour, and the difference between the 
heights of the metals was read off. In every case there 
was noticed a diminution of vapour-pressure. The following 



Cheni. Soc. Journal, Trans. 1889, p. 521. 
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table gives the molecular weights calculated from the 
observed lowerings of vapour-pressure : — 



Metal 


Molecular weiglit found 


Atomic weiglit 


Li 


7-1 


7-02 


Na 


21-6- 15-1 


28-04 


K 


30-2- 29-1 


39-1 


Ca 


19-1 


40-1 


Ba 


75-7 


1B7-0 


Mg 


24-0- 21-5 


24-3 


Zn 


70-1- 65-4 


65-4 


Cd 


99-7-103-8 


112-1 


Al 


331- 36-7 


27-0 


Ga 


69-7 


69-9 


T-l 


163-6-197-6 


204-2 


Sn 


117-4-149-5 


119-1 


Pb 


200-250 


206-9 


Sb 


136-301 


120-0 


Bi 


214-232 


208-0 


Mil 


55-5 


55-0 


Ag 


112-4 


107-9 


Au 


207-4-208-1 


197-2 



A comparison of the two columns shows that the metals 
tend to form the simplest molecules possible, i.e. molecules 
consisting of single atoms. The same thing has been 
noticed for those metals which have been gasified. The 
numbers found for the molecular weights of calcium and 
barium are very noteworthy ; they are about half as large 
as the atomic weights ; the number found for potassium is 
also much smaller than the atomic weight. No satisfactory 
explanation of these numbers has yet been found. The 
molecular weights of most of the other metals, when in solu- 
tion, are the same as their atomic weights ; aluminium, 
and, more markedly, antimony, show a tendency to form 
complex molecules. This behaviour agrees with that of 
these metals in the gaseous state. 

14. Vapour-pressiures of solutions of volatile liquids. — 
The evaporation of three kinds of pairs of liquids was 
considered in Chapter III. ; to which of these cases the 
vapour-pressure of a mixture of liquids belongs, depends 
upon the nature of both constituents, and cannot be deter- 
mined beforehand by the means at present in our hands. 
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But an approximate law can be deduced, by a method put 
forward by M. Planck ' for the case that one of the liquids 
is present in considerably smaller quantity than the other, 
that is, for the case of a dilute solution. 

We consider a solution wherein N molecules of the 
solvent are present to n molecules of the dissolved substance, 
and which has been partially vaporised so that the vapour 
contains vf molecules of the dissolved substance to n' 
molecules of the solvent. We then define the ' numerical 
concentration ' as 

_ n ' _ ^' 

WH- N w' + N' 

where the undashed letters refer to the solution and the 
dashed letters to the vapour. 

Thermodynamical considerations ^ lead to the equations 

c — c' = Ik 

I % = lK„ 
c 

where I is the natural logarithm, and K and Kj are two 
functions of pressure and temperature, which are not 
themselves known, but for which the following relations 
hold :— 

^^M = ^-, and'^^=-^, 

dT ET^ dp ET 

where Q = heat of evaporation, v = volume-change accom- 
panying evaporation of the solvent, respectively to the 
dissolved substance, for specified values of T and p. 

If 2^0 is the vapour-pressure of the pure solvent, I K may 
be developed in a series 

lK = lKa- (.p-Po) (-^)o + - • • • 
which may be stopped at the first member, inasmuch as 

' Zeitschr. f. physikal. Chemie, 2, p. 405 [1888]. 
2 Wied. Ann. 32, p. 489 [1887]. 

o 2 
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rp _ j,^ is small compared with -p. Substituting the value 

for -, — , we have 
dp 



c-c'=lK,-{p-p,)^. 



Bringing in the gaseous law p v = BT, we must put 
RT 



T> rp 

ij = v„ = — , and we obtain 



C - c' = Z K„ - PjZlo^ 



If the equation is applied to the pure solvent, c = c' = 0, 
and p = Pg, therefore lK„ — 0, and hence 

i.e. the relative lowering of vapour-pressure is equal to 
the difference between the concentrations of the dissolved 
substance in the liquid and in the vapour. 

The equation shows that c ~ c' and p^ — p have always 
the same sign. If c — c' is positive, then p^ > p, i.e. the 
concentration in the vapour is less than in the liquid, and 
therefore the vapour-pressure of the solution is smaller 
than that of the pure solvent, and vice versa. If c = c', 
then pg = p, i.e. when the solution evaporates without 
change its vapour-pressure is equal to that of the pure 
solvent. These statements had been put forward already 
by Konowaloff. 

If the dissolved substance is not volatile, then c' = 0, 

and therefore c= ^° ~ ^ ; or — - — = ^° ~^ , in accord- 
n N -*- n j?o 

ance with the law mentioned before. The first equation 

may be developed in the same way for powers of T - Tj. 

Carrying out the calculation in quite the corresponding way, 

one obtains, 

c - c' = (T - To) -A ^. 
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The same conclusions may be drawn in this case : c — c' 
has the same sign as T — t„, so that for c > c', also T > t„. 
It should be noted especially that a dilute solution which 
can distil imdecomposed has the same boiling-point as the 
solvent. If c' = 0, i.e. if the dissolved substance is not 

volatile, then c = (t - t„) A_ which is the equation used 

in Beckmann's boUing method (p. 178). 

The second formula given above may be treated in a 

similar way. By differentiating, i- = Zk, and then cZi — = 

c c 

dlK^, and by using the formula on p. 195, the complete 

differential is obtained, 

dl- = -^^ dT- Jj^dp. 
C ET^ ET 

This formula cannot be apphed in the present state of 

knowledge. For a homogeneous liquid, or generally for a 

c' 
liquid such that — remains constant, there is obtained 
c 

— L di = ■ — L dp, or the known equation, 

E T E T 

dp _ Q 
d/i ~ TV,' 

The equations of Planck have been subjected to experi- 
mental proof by A. Winkelmann.' If the concentration, c, 
and the vapour-pressure, p, of the solution are known, then 
knowing the vapour-pressure of the pure solvent, p^, the 
concentration of the vapour, c', can be calculated by the 

equation c — c' — ? s>~~ P . Winkelmann determined the 

concentration of the vapour experimentally, by condensing 
the vapour and examining the few drops of liquid so ob- 
tained by Abbe's refractometer. The results confirmed the 

' Wied. Ann. 39, p. 1 [1890]. 
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theory on the whole, but some considerable deviations were 
noticed in particular cases, which may have been due to 
the fact that Winkelmann did not determine directly the 
vapour-pressures of the solutions he used, but employed 
observations made by Konowaloff. 
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CHAPTEE VIII 

FEBBZING-POINTS OP SOLUTIONS 

1. Historical. — The laws which express the effect of 
dissolved substances on the temperature of solidification of 
solvents were made known by Blagden,' quite a hundred 
years ago. Blagden showed that the depressions of the 
freezing-points of aqueous solutions of the same substance 
below the freezing-point of wa,ter were proportional to the 
quantities of substance in solution. Blagden also found 
that two substances present together acted so that the 
lowering of the freezing-point of the common solution was 
equal to the sum of the effects which would be exerted 
were the substances present each by itself. Further 
experiments brought to light deviations from the first law, 
in the sense that the lowering of the freezing-points of 
solutions containing large quantities of dissolved substance 
increased more rapidly than the quantity of substance in 
solution. Deviations of this kind were observed for 
potassium carbonate, sulphuric acid, &c. Blagden also 
observed that the lowering of freezing-point sometimes 
increased more slowly than the contents of the solution ; 
but he gave this result only with reservation. Although 
the work of Blagden was remarkably accurate, for the time, 
yet it fell into oblivion. Eiidorff made again the same 
discovery in 1861. It was only in 1871 that Coppet drew 
attention to the older investigations. 

Before proceeding to consider the investigations in 
detail, an answer must be found to the preliminary 
question whether ice only, or ice and salt together, separate 

' PMl. Trans. 78, p. 277 [1788]. 
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from solutions of saJts. The fact, which has long been 
known, that melted sea-ice gives drinkable water, is in 
favour of the first alternative ; and the question has been 
answered in this sense in a discussion between Eiidorff and 
Dufour. Eiidorff showed especially, by many experiments 
of different kinds, that the trace of salt which is generally 
found in ice that separates from a salt-solution is not 
present as solid salt, but as mechanically enclosed liquid ; 
for instance, he showed that a solution of magnesium 
platino-cyanide, which solution is colourless, yielded colour- 
less ice, whereas the colour of the solid platino-cyanide is 
intensely deep red. Fritzsehe ' obtained similar results ; by 
freezing coloured solutions he got colourless ice, while the 
colouring material remained in solution. The same thing 
was alluded to in the older observations of Kries,^ but 
nothing specially belonging to the subject is to be found in 
the work of this observer. 

2. Investigations of Riidorff. — Without being aware of 
Blagden's work, Eiidorff ' took up the same problem in 
Magnus's laboratory, and arrived at the conclusion that 
the lowering of the freezing-point is proportional to the 
quantity of salt in solution. I give the following as examples 
of his observations (m = salt-contents of the solution) : — 



KCl 


NaNOj 


3C,C03 


M 

1 
2 
4 
6 
8 
10 
12 


t 


t 


51 

1 

2 

4 

6 

8 

10 

12 

'14 

16 


< 1 ^ 

M 


M 


/ 


( 
M 


-0^45° 

-0^9 

-1^8 

-2^65 

-3^55 

-4.4 

-5^35 


-•450 
-•450 
-•450 
-•442 
-•443 
-•440 
-■446 

-■446 


-0-4° 

-0-75 

-1-5 

-2^35 

-2-9 

-3^6 

-4^3o 

-4^9 

-5-65 


-•400 
-•375 
-•391 
-•362 
-•360 
-•363 
-•350 
-•355 


1^41 
3-06 
529 
7^715 
1220 
14-86 


-0^45° 

-0^95 

-1^7 

-2-45 

-3^9 

-4-7 


-•319 
-•310 
-■321 
-•318 
-•319 
-■316 


-•317 


-■370 



' Petersb. Akad. Bull. 6, pp. 385, 495 [1863]. 

^ Schweigger's Joum. 11, p. 26 [1814]. 

^ Fogg. 114, p. 63 [1861] ; 116, p. 55 [1862] ; 146, p. 599 [1871]. 
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The proportion between the lowering of temperature 
and the quantity of salt in 100 parts of water, — , is seen 

to be nearly constant. This is not, however, always the 
case ; for instance, the quotient in question increases with 
increase of the contents of the solution when calcium 
chloride is the salt used. 



CaCL 




CaCl,.6H,0 




M 


( 


t 


M 


( 


/ 






M 






M 


1 


-0-4° 


-■40 


1^99 


-0-4° 


-•201 


2 


-0-9 


-•45 


4-02 


-0^9 


-•223 


4 


-^85 


-•462 


8-21 


-1^85 


-•225 


6 


-2-85 


-•476 


12-57 


-2^85 


-•226 


8 


-3^9 


-•487 


17-20 


-3^9 


-•226 


10 


-4-9 


-•490 


21-80 


-4-9 


-•224 


14 


-7.4 


-■528 


31-89 


-7-4 


-•232 


18 


-10^0 


-•555 


43-05 


-10-0 


-•231 
-•227 



A constant quotient is found, however, in such, cases if 
the salt is supposed to be in combination with water, and 
the percentage contents are calculated on this assumption ; 
in the case of calcium chloride, it suffices to suppose that 
the solutions contain CaClg.SHjO. To determine r, the 
number of molecules of water which must be taken as in 
combination with the salt, in such cases, it is necessary to 
find the contents of the solution in terms of this hydrate. 
If M is the weight of the anhydrous salt, with molecular 
weight A, then in place of M parts of the salt there must be 

/■ 18 \ 

taken in the calculation M [ 1 + — r ] parts (18 = mole- 
cular weight of water), and therefore there remain 

18 
100 — — r. M, in place of 100 parts, of water ; the quan- 

A 

tity of the hydrate, S, in 100 parts of water is, therefore — 
„ (A + 18r) M 



100 a — 18rM 



100 



202 SOLUTIONS 

In a second experiment, in a similar way, 

,_ (A + 18r)M' ^„Q 
100a -18rM'' 

and as the law of proportionality shows that 
s : s' = t:if 

it follows that 

100A(Mi'— M'i) 



r = 



18 M. M' (f — t) 



Calculations made by this method lead to the supposition 
that the following hydrates exist in aqueous solutions : — 



CaCl2.6H20 . 
BaCL,.2H,0 . 
NaBr.4H;0 . 
NaI.4H,0 . 
MnCl2.12HjO 
CuCl,.12H20 
CuCl2{NHjCl)i,.4H20 . 


-•227 
-•192 
-•189 
-•152 
-•138 
-•127 
-•373 


HCI.6H2O . 
HI.4H,0 . 

HN03.4iH.,0 
NH,.1^H,0 
NaOH.liH,0 
K0H.2Hi,0 




-•251 
-•157 
-•129 
-•230 
-•423 
-•509 
-•394 



The following seem to exist in solution as anhydrous 

salts : — 



NHjCl 


-•653 


NaNOj 


-■370 


NaCl .... 


-•600 


KNOs .... 


-•267 


KCl . . . . 


-•443 


K,C03 


-•317 


NH.NO3 . 


-•384 


Ca(N03), . . . 


-•277 



The lowerings of the freezing-points are given for 1 per 
cent, of each salt in solution. Eiidorff lays especial weight 
on his experiments with common salt and copper chloride. 
The first appears as anhydrous in the above table. But 
it acts in this way only until the freezing-point is lowered 
to — 9° ; the results after this are explained by supposing 
that the hydrate NaC1.2H20 is present. The following 
table illustrates the results : — 
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NaCl 


M 


t 


( 


( 






M 


M, 


1 


-0-6° 


-•600 


_ 


2 


-1-2 


-•600 


— 


4 


-2^4 


-•600 


— 


6 


-3-6 


-•600 


— 


8 


-4-8 


-•600 


— 


12 


-7^2 


-•600 


— 


14 


-8^4 


-•600 


— 


15 


-92 


-•613 


-■340 


16 


-9-9 


-■619 


-■341 


17 


-10-6 


-•628 


-•341 


18 


-11-4 


-•633 


-•343 


19 


-12^1 


-•637 


-■342 


20 


-12-8 


-•640 


-•342 



The numbers in the column headed — are calculated on 

the assumption that the solution contains NaCl. 2H2O. 

The change in the constitution of the solution is shown 
more forcibly by the results with copper chloride, where 
there is an accompanying colour-change. Dilute solutions 
are blue, and, according to Eiidorff, give quotients agreeing 
with the formula CuCl^. I2H2O ; more concentrated solutions 
are green, and give values pointing to the existence of the 
hydrate CUCI2.4H2O. M is referred to the anhydrous 
salt : — 







( 


t 






M. 


M„ 


2-39 


-0-85° 


--229 


-•125 


4^91 


-1-8 


--232 


--129 


11^04 


-4-6 


-•257 


--131 


14^94 


-6-6 


-■264 


-•128 


16^43 


-7-4 


-•267 


-•127 


16^53 


-7-5 


-■269 


-127. 


20^70 


-10-0 


-•280 


-•124 


22-45 


-10-95 


-■280 


-•lis 


24^04 


-12^05 


-■284 


--118 


25^46 


-12-85 


-■284 


-•114 


26^04 


-13-1 


-■282 


-■110 


28^46 


-14-55 
-17-4 


-•282 


-•105 


3300 


-•282 


-•0S5 


33^88 


-18-15 


-•285 


-■093 
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The numbers in the column for CuClj. ISH^O are con- 
stant until 16 per cent, of CuClj has been added; after 
that the numbers in the column for CuClj. 4H2O are 
constant. 

It may be remarked here that later investigations have 
brought to light much more complicated relations than 
Elidorff supposed to exist. These investigations have 
shown, especially, that the change in the constitution of 
the solutions does not take place suddenly, but quite slowly, 
so that it is very doubtful whether the observations are to 
be interpreted as pointing to the existence of definite 
hydrates in solution. 

3. Experiments of Coppet. — Ten years after the publica- 
tion of Eiidorff's first paper, Coppet ' took up the investiga- 
tion and developed it in two directions. On the one hand, 
he made sure that the law of proportionality held good for 
supersaturated solutions also, and in this way he made it 
possible to obtain more accurate determinations for salts 
which had scarcely been examined before because of their 
small normal solubility in cold water. On the other hand, 
he referred the lowering of the freezing-temperature, not 
to equal quantities of salts, as Eiidorff had done, but to 
quantities which stood in molecular proportions. By doing 
this he arrived at a very simple expression for the influence 
of the salt on the freezing-point of the solution, as he 
found that the molecular lowerings of freezing-point were 
nearly equal for similar salts. Solutions whose contents 
were in the ratio of the molecular weights of the dissolved 
salts froze at nearly the same temperature. 

I give the table in which Coppet combined the results 
of his own experiments with those of the experiments 
of Blagden and Eiidorff. The numbers in the column 
headed h represent depression-coefficients for 1 per cent, 
of salt, those under H represent the molecular depres- 
sions. 

'» 

> Ann. Chim. Phys. (4) 23, p. 366 [1871] ; 25, p. 502 ; 26, p. 98 

[1872]. 
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h 


H 


KCl . 


■451 


33^6 


KBr - 


•292 


34-8 


KI . . . 


•212 


35^2 


NaC1.2H,0* . 


— 


<B3^8 


NaC1.3HjO* . 


— 


>Sl-4 


NaBr.3fi^0 


•216 


33-9 


NaI.3Rp . 


•170 


34^7 


NH.Cl . 


•650 


84-8 


K0H.2H.,0 


• — 


<33^9 


NaOH-l^H^O . 


— 


<34^1 


NH.OH* . 


■542 


19^0 


BaCL,.15H,0* . 


— 


>43-4 


SrCL,.15H„0* . 


— 


>4r6 



CaClj-lSHjO* 

CuCl2.15H,0* 

MnClj-lSH^O* 

KNO3 . 

KaNO, . 

K^COa-eHjO* 

K,CrOi . 

KjSO, . 

(NH,),SO, 

FeSO,.7H20 

ZnS0,.7K,0 

MgS0,.7H;,0 

CuSOi-SH^O 



h 


H 


•1135 


43^2 


•127 


44^5 


•138 


47^2 


•267 


27^0 


•310 


26^4 


•161 


39-6 


•196 


38-1 


•201-^244 


35-0 -39-0 


•276 


36-4 


•055 


15^3 


•055 


15^8 


•073 


18-0 


•070 


17^5 



The formulae with an asterisk express hydrates which are 
not known in the solid state ; the numbers preceded by 
> or < are calculated on certain assumptions which 
cannot be developed here. 

The molecular depressions of the freezing-point are seen 
to be nearly equal in groups of similar compounds. They 
differ from group to group, but the numbers are of the 
same dimensions. It is noteworthy that the anhydrous 
salts give the same result as the salts with water of crys- 
tallisation ; this is well seen in the haloid compounds of 
potassium and of sodium, e.g. KBr and NaBr.3H20. 

Coppet devoted a great part of his labour to the study 
of the deviations from the law of proportionality which are 
exhibited by certain substances. The explanation which 
Eiidorff gave of those cases wherein the depression increased 
more rapidly than the contents of the solution has been 
noticed already ; he supposed that water was combined 
chemically with the salt in solution. Coppet showed that 
Elidorff's representation of the behaviour of common salt 
did not express the facts. Coppet's own experiments led to 
the result that the quotient began to increase, indicating a 
change of condition, even with the most dilute solutions, 
and not, as Eiidorff said, only when the temperature of 
about — 9° was reached. In the other case carefully examined 
by Eiidorff, viz., that of copper chloride, the very gradual 
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change of colour from green to blue, which accompanies in- 
creasing dilution and falling temperature, indicates processes 
which are extended over a considerable space and do not 
take place suddenly. 

Similar difficulties attend the explanation of the beha- 
viour of those substances which lower the freezing-points of 
their solutions in a decreasing degree. Eiidorff gave no 
examples of this kind in his earlier communications, al- 
though he said afterwards ' that such cases were known to 
him. Coppet was the first to make these cases known. 
Ammonium nitrate is a very striking example : 



M 


t 


i 


M 


( 


t 
M 


2 


-0-83° 


-•415 


30 


-9^35° 


-■312 


5 


-203 


-■406 


40 


-11^75 


-•294 


6 


-2^40 


-■400 


50 


-13^60 


-•272 


10 


-3^85 


-■385 


60 


-15^60 


-■260 


12 


-4^55 


-•379 


70^24 


- 17^40 


-■248 


20 


-6-90 


-•345 









The nitrates of sodium, barium, calcium, strontium, and 
lead, and sulphate and carbonate of sodium, belong to the 
same class. Eiidorff adds also silver nitrate, ammonium 
sulphoeyanide, and acetic acid. 

Eiidorff did not publish his measurements of cases of 
this kind, because he could not suggest an explanation of 
them. Coppet, who had laid down the theoretical possibi- 
lity of occurrences similar to these in the case of the exist- 
ence in the solution of several partially decomposed 
hydrates, supposed that the substances in question, many 
of which are certainly anhydrous, were 'modified,' in some 
way not more fully explained, by the action of the water or 
by the lowering of temperature. It will be shown after- 
wards that a modification of a peculiar kind, viz. electro- 
lytic dissociation, gives an account of these facts. 

The explanation which Lothar Meyer has given may, 



' Fogg. 145, p. 599 [1871]. 
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perhaps, also be adopted, viz., that several molecules are 
gathered together into one in the more concentrated solu- 
tions — so that, e.g., molecules of the composition (NH4N03)2 
may be present in a somewhat concentrated solution of am- 
monium nitrate — and that these gradually fall asunder as 
water is added. As the depression of freezing-point depends 
on the number of molecules in solution, but not on the 
number of atoms in these molecules, this depression must 
be less the greater the number of molecules which com- 
bine to form a single molecule. 

The occurrence of cases of this kind throws great doubt 
on the calculations referred to on p. 201, which suppose the 
existence of hydrates in certain solutions. For as we 
cannot know, in these cases, whether the depression-coeffi- 
cients of the salts themselves increase or decrease with 
increasing concentration, the foundation is removed on 
which the calculations were based, for that foundation was 
the supposition of an unchangeable coefficient. 

4. Investigations of Raoult. — The problem of the mole- 
cular depression of the freezing-points of solutions has been 
very fully examined by Eaoult within recent years. Eaoult 
extended his investigations to other substances than salts. 
At the outset he subjected aqueous solutions of organic com- 
pounds to examination ; ' the result was that the molecular 
depressions of freezing-point were nearly the same for these 
compounds. The extreme values found were 15-5 and 22-9 ; 
or, rejecting these two, the extremes were 16-9 and 19-9. 
The molecular depressions of freezing-point were calculated 
for solutions of one-gram molecular weight of substance in 100 
grams of water ; the observations were generally made with 
solutions ten times more dilute, and containing, therefore, 
one gram-molecule per litre. In a second communication,^ 
Eaoult gave the results of similar experiments with solutions 
in very pure benzene, solidifying at 4-96°. Here, again, the 
depressions of freezing-point, calculated for quantities pro- 
portional to the molecular weights of the dissolved sub- 

• Comst. rend. 94, p. 1517 [1882]. ^ Ibid. 95, p. 188 [1882]. 
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stances, were found to be very nearly constant ; they varied 
only from 48-6 to 51-8. Eaoult obtained similar results with 
other solvents, viz., nitrobenzene, melting at 5-28° ; ethylene 
dibromide, melting at 9-72° ; formic acid, melting at 8-52° ; 
and acetic acid, melting at 16"75°. He examined solutions of 
more than 200 different substances.' In the case of one 
series of substances, he found the molecular lowerings of 
freezing-point to be only half as great as the values obtained 
in most cases ; the supposition at once suggests itself that 
the substances in question form double molecules in the 
solutions. 

These simple relations were found to hold good not only 
for all solutions in one and the same solvent ; Eaoult also 
thought he found the same relations when he compared the 
constants for different solvents. The mean molecular de- 
pressions of freezing-point were — for solutions in water, 37 
(or 18'5) ; in formic acid, 28 ; in acetic acid, 39 ; in benzene, 
49 ; in nitrobenzene, 70'5 ; and in ethylene dibromide, 117. 
By dividing each of these numbers by the molecular weight 
of the solvent the following results are obtained : — 



Water . 
Formic acid 
Acetic acid 



. 205 = 3 X -683 
. -608 
. -650 



Benzene 
Nitrobenzene 
Ethylene dibromide 



•628 
■600 
•623 



These quotients are approximately constant. Eaoult ex- 
pressed the empirical results of his measurements in the 
following ' law ' : — ' One molecule of any compound, when dis- 
solved in 100 molecules of a liquid, lowers the solidification-point 
of the liquid by an amount ivhich is nearly constant, viz. '62°.' 
This statement involves the doubling, or trebling, of some 
of the molecular weights in common use ; the molecular 
weight of water, for instance, must be multiplied by three. 
More recent work, which will be referred to later, has 
shown that such a general law as the above does not hold 
good. 

The numbers which led Eaoult to the foregoing 



Compt. rend. 95, p. 1030. 
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statement were communicated by him in detail in 1884. 
The solutions used contained generally from i to 1 gram 
molecular weight of the substance under examination 
in 1,000 grams of the solution; sometimes the solutions 
were even more dilute than this.^ 

The following table contains what Eaoult calls the 
molecular depressions. If d be the lowering of freezing- 
point of a solvent caused by solution of p grams of a sub- 
stance, having the molecular weight m, in 100 grams of 

the solvent, then — is the specific depression, and — is the 
p p 

molecidar depression. The molecular depression is, then, 

the lowering of the freezing-point which would be observed, 

assuming the law of proportionality, in a solution of one 

gram-molecular weight in 100 grams of the solvent. 



Solutions in Acetic Acid. 



Mol. depression 


Mol. depression 


Methyl iodide 


. 38-8 


Butyric acid . 


. 37-3 


Chloroform . 


. 38-fi 


Valeric „ . 


. 39-2 


Carbon tetrachloride 


. 38-9 


Benzoic „ . 


. 43-0 


Carbon disulphide 


. 38-4 


Camphoric acid 


. 40-0 


Hexane 


. 40-1 


Salicylic „ 


. 40-5 


Ethylene chloride 


. 40-0 


Picric „ 


. 39-8 


Turpentine oil 


. 89-2 


VS^ater . 


. 33-0 


Nitrobenzene 


. 41-0 


Methyl alcohol 


. 35-7 


Naphthalene 


. 39-2 


Ethyl 


. 36-4 


Methyl nitrate 


. 38-7 


Butyl 


. 38-7 


Methyl salicylate 


. 391 


Amyl 


. 39-4 


Ether . 


. 39-4 


Allyl 


. 39-1 


Ethyl sulphide 


. 38-5 


Glycerin 


. 36-2 


Ethyl cyanide 


. 37-6 


Salicin 


. 37-9 


Ethyl formate 


. 37-2 


Santonin 


. 38-1 


Ethyl valerate 


. 39-6 


Phenol .... 


. 36-2 


Mustard oil . 


. 38-2 


Pyrogallol . 


. 37-3 


Aldehyde 


. 38-4 


Hydrocyanic acid 


. 36-6 


Chloral 


. 39-2 


Acetamide . 


. 36-1 


Benzylic aldehyde 


. 39-7 


Ammonium acetate 


. 35-0 


Camphor 


. 39-0 


Aniline „ 


. 36-2 


Acetone 


. 38-1 


Quinine „ 


. 41-0 


Acetic anhydride . 


. 36-6 


Strychnine „ 


. 41-6 


Formic acid . 


. 36-5 


Brucine „ 


. 40-0 



Ann. Chim. Phye. (6) 2, p. 66. 
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Solutions in Acetic Acid — continued. 



Codeine acetate 
Morphine ,, 
Potassium „ 
Sulphur chloride 
Arsenious ,, 
Stannic „ 



Mol. depression 
. 38-3 
. 430 
. 39'0 
. 38-7 
. 41-5 
41-3 



Sulphuretted hydrogen 
Sulphur dioxide . 



Sulphuric acid 
Hydrochloric acid 
Magnesium acetate 



Mol. depression 
35-6 
38-5 



18-6 
17-2 
18'2 



Solutions in Foemic Acid. 



Chloroform 
Benzene 
Ether . 
Aldehyde 
Acetone 
Acetic acid 


Mol. 


depression 
. 26-5 
. 29-4 
. 28-2 
. 26-1 
. 27-8 
. 26-5 


Brueine formate 
Potassium „ 
Arsenious chloride 


Mol 


depression 
. 29-7 
. 28-9 
. 26-6 


Magnesium formate 




. 13-9 



Solutions in Benzene. 



Mo 


1. depression 


Mo 


1. depression 


Methyl iodide 


. 50-4 


Benzaldehyde 


. 50-1 


Chloroform . 


. 51-1 


Camphor 


. 51-4 


Carbon tetrachloride 


. 51-2 


Acetone 


. 49-3 


Carbon disulphide 


. 49-7 


Valeran 


. 51-0 


Ethyl iodide . 


. 51-6 


Acetic anhydride . 


47-0 


Ethyl bromide 


. 50-2 


Santonin 


. 50-2 


Hexane 


. 51-3 


Picric acid . 


. 49-9 


Ethylene chloride 


. 48-6 


Aniline 


. 46-3 


Turpentine oil 


. 49-8 


Narcotine 


. 52-1 


Nitrobenzene 


. 48-0 


Codeine 


. 48-7 


Naphthalene 


. 50-0 


Thebaine 


. 48-0 


Anthracene . 


. 51-2 


Sulphur chloride . 


. 51-1 


Methyl nitrate 


. 49-3 


Arsenious „ 


. 49-6 


Methyl oxalate 


. 49-2 


Phosphorous chloride 


. 47-2 


Methyl salicylate . 


. 51-5 


Phosphoric „ 


. 51-6 


Ether . 


. 49-7 


Stannic „ 


. 48-8 


Ethyl sulphide 


. 51-8 










Ethyl cyanide 


. 51-6 


Methyl alcohol 


. 25-3 


Ethyl formate 


. 49-3 


Ethyl 


. 28-2 


Ethyl valerate 


. 500 


Butyl 


. 43-2 


Mustard oil . 


. 51-4 


Amyl 


. 39-7 


Nitroglycerin 


. 49-9 


Phenol 


. 32-4 


Tri-butyrin . 


. 48-7 


Formic acid . 


. 23-2 


Tri-olein 


. 49-8 


Acetic „ . 


. 25-B 


Aldehyde 


. 48-7 


Valeric „ . 


. 27-1 


Chloral 


. 50-3 


Benzoic „ . 


. 25'4 
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Solutions in Nitrobenzene. 





Mol. depression 


Mol. depression 


Chloroform . 


. 69-9 


Codeine 


. 73-5 


Carbon disulphide 


. 70-2 


Arsenious chloride 


. 67-5 


Turpentine oil 


69-8 


Stannous „ 


. 71-4 


Benzene 


. 70-6 
. 73-6 






Naphthalene 






Ether . 


. 67-4 


Methyl alcohol 


. 35-4 


Ethyl valerate 


. 73-2 


Ethyl 


. 35-6 


Ethyl acetate 


. 72-3 


Acetic acid . 


. 36-1 


Benzaldehyde 


. 70-3 


Valeric „ 


. 42-4 


Acetone 


. 69-2 


Benzoic „ 


. 37-7 




Solutions in Ethylene Beomide. 






Mol. depression 


Mol. depression 


Carbon disulphide 


. 117- 
. 118 


Arsenious chloride 


. 118 


Chloroform . 






Benzene 


. 119 


Acetic acid 


. 58 


Ether . 


. 117 


Alcohol 


. 57 




Solutions 


IN Water.' 






Mol. depression 


Mol. depression 


Methyl alcohol 


. 17-3 


Hydrocyanic acid . 


. 19-4 


Ethyl 


. . 17-3 


Acetamide 


. 17-8 


Butyl 


. 17-2 


Urea 


. 17-2 


Glycerin 


. 17-1 


Ammonia 


. 19-9 


Mannite 


. . . 18-0 


Ethylamine . 


. 18-5 


Invert sugar 


. 19-3 


Propylamine 


. 18-4 


Milk 


. 18-1 


Aniline 


. 15-3 


Cane „ 


. 18-5 






Salicin 


. 17-2 


Hydrochloric acid 


. 39-1 


Phenol 


. 15-5 


Hydrobromic „ 


. 39-6 


Pyrogallol 


. 16-3 


Nitric „ 


. 35-8 


Chloral hydrate 
Acetone 


. 18-9 
. 171 


Perohlorie „ 
Arsenic „ 


38-7 
. 42-6 


Formic acid . 


. 19-3 


Orthophosphoric acid 


. 42-9 


Acetic „ 


. 190 


Sulphuric „ 


. 38-2 


Butyric „ 


. 18-7 


Selenious 


. 42-9 


Oxalic „ 


22-9 


Potash 


. 35-3 


Lactic „ 


. 19-2 


Soda . 


. 36-2 


Malip 


. 18-7 


Lithia . 


. 37-4 


Tartaric „ . 


19-5 


Potassium chloride 


. 33-6 


Citric „ 


. 19-3 


Sodium „ 


. 35-1 


Ether . 


. 16-6 


Lithium „ 


. 36'8 


Ethyl acetate 


. 17-8 


Ammonium „ 


. 34-8 



' Ann. Chim. Phys. (5) 28, p. 137 [1883]. 
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Solutions in Water — continued. 



Mol. 


depression 




Mol. depression 


Potassium iodide . 


. 35-2 


Sodium tartrate . 


. 44-2 


Potassium bromide 


. 351 


Sodium di-tartrate 


. 31-2 


Potassium cyanide 


. 32-2 


Baryta . 


. 49-7 


Potassium ferrooyanide 


. 46-3 


Strontia 


. 48-2 


Potassium ferrioyanide 


. 47-3 


Lime 


. 48-0 


Sodium nitroprusside . 


. 46-8 


Barium chloride . 


. 48-6. 


Potassium sulphooyanide 


. 33-2 


Strontium „ 


. 51-1 


Potassium nitrate 


30-8 


Calcium „ 


. 49-9 


Sodium „ 


. 340 


Copper ,, 


. 47-8 


Ammonium „ 


. 32- 


Barium nitrate 


. 40-5 


Potassium formate 


. 35-2 


Strontium „ 


. 41-2 


Potassium acetate 


. 34-5 


Calcium „ 


. 87-4 


Sodium „ 


. 32-0 


Lead „ 


. 37-4 


Potassium carbonate 


41-8 


Barium formate . 


. 48-2 


Sodium „ 


. 40-3 


Barium acetate 


. 48-6 


Potassium sulphate 


39-0 


Magnesium „ 


. 47-8- 


Potassium-hydrogen sulphate 34-8 


Sulphurous acid . 


. 20-0 


Sodium sulphate . 


. 35-4 


Sulphuretted hydrogei 


1 . 19-2 


Ammonium „ 


. 370 


Arsenious oxide . 


. 20-3 


Borax . 


. 66-0 


Metaphosphoric acid 


. 21-7 


Potassium chromate 


. 38-1 


Boric „ 


. 20-5. 


Potassium dichromate 


. 43-7 


Tartar emetic 


. 18-4 


Di-sodium phosphate 


. 37-9 


Mercuric cyanide . 


. 17-5 


Sodium pyrophosphate 


. 45-8 


Magnesium sulphate 


. 19-2 


Potassium oxalate 


. 46-8 


Ferrous „ 


. 18-4 


Sodium „ 


. 43-2 


Zinc „ . 


. 18-2 


Potassium tartrate 


. 36-3 


Copper „ . 


. 18-0- 



A glance through the series of numbers in the foregoing 
table shows that the molecular depressions of the freezing- 
point are generally nearly constant for solutions in one and 
the same solvent. But besides the normal values, which are 
found for by far the greater number of substances, there are 
abnormal values belonging to a small number of substances. 
Omitting the salts and the mineral acids, which must be 
dealt with separately, all the values obtained for solutions 
in acetic acid and formic acid are normal. Solutions of the 
alcohols and acids in benzene show abnormal values, and 
these values are generally half as large as those of the other 
substances. The same compounds show quite similar de- 
viations when dissolved in nitrobenzene and in ethylene 
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bromide. The supposition is at once suggested that the 
compounds in question have molecular weights in these 
■solutions twice as great as those usually adopted for these 
compounds. The circumstance that the molecular weights 
of the fatty acids in the gaseous state are greater than the 
formulae of these acids indicate, and that normal values 
are attained only at temperatures considerably above the 
boiling-points of the acids, is in favour of this supposition. 
The alcohols, it is true, do not behave in this way ; but the 
phenomena of surface-tension make it probable that the 
liquid alcohols consist of polymeric molecules.' 

We may then conclude that the action of acetic and 
formic acids as solvents is unfavourable to the existence of 
polymeric molecules, just as the action of a high tempera- 
ture or a small pressure is unfavourable to the existence 
of such molecules ; but that benzene, nitrobenzene, and 
ethylene bromide act in an opposite way, and do not 
promote the falling asunder of the more complex into the 
less complex molecules. This way of viewing the subject 
is made more probable by the fact that the same substances 
form double molecules in all three solvents. 

5. Aqueous solutions. — Different conditions prevail in 
aqueous solutions. All the organic compounds examined 
show agreement when dissolved in water ; neither alcohols 
nor fatty acids show any tendency to cause molecular 
depressions of half the normal value. We may conclude, 
therefore, that water, like acetic acid, acts against the 
formation of polymeric molecules. 

But, in contradistinction to the other solvents, water 
shows not too small, but too great, molecular depressions, 
when it is used as a solvent for the acids, bases, and salts, 
that is, for electrolytes. The molecular depressions caused 
by strong monobasic acids, monoacid bases, and salts of 
the type of potassium chloride, are almost twice as great 
as those caused by indifferent substances ; and the values 

• These phenomena are considered in an earlier part of the Lehrbuch. — 
Translator. 
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become almost three times the ordinary values in the cases 
of the hydroxides and haloid compounds of the divalent 
earth metals. Such more complex salts as borax, ferro- 
cyanide of potassium, &c., give yet larger values. 

The supposition which was made use of in dealing with 
the other solvents cannot find acceptance here. The converse 
conception must rather be adopted. We must regard the 
substances which give abnormally large molecular depressions as 
dissociated. 

This supposition receives considerable support from the 
conclusions arrived at by Arrhenius,' and simultaneously 
by Planck,^ by comparing the depressions of freezing-point 
with the lowerings of vapour-pressure. In each case the 
molecular weight of the dissolved substance may be deter- 
mined, in reference to that of the solvent, by the formula 

P ~P = — ; the organic compounds were generally found 

to be normal, but aqueous solutions of electrolytes showed 
a greater number of molecules than the formula requhed, 
and consequently it was necessary to assume that a 
separation of molecules had occurred. The method based 
on measurements of the lowerings of freezing-point does 
not appear to furnish an immediate criterion of the kind 
required. We shall see later, however, that van't Hoff has 
arrived at a formula, from considerations similar to those 
made use of for vapour-pressure, which makes possible the 
immediate estimation of molecular weights. Meanwhile it 
is clear that a comprehensive survey of the observations 
renders the supposition untenable that all indifferent 
substances are polymerised, and that the values found for 
salts are the normal values. This is shown at once by the 
fact that the molecular depression caused by the salts 
themselves is by no means constant, but varies with the 
nature of the salt. If potassium chloride, and salts 

' Zeitschr. f. physikal. Chemie, 1, p. 631 [1887] ; from Ofv. Stoclch. 
Akad. June 8 and November 9, 1887. 
■' Ibid. 1, p. 576 [1887]. 
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similar to this, for instance, are taken as normal, then it is 
necessary to suppose that barium chloride, &c.,haYe under- 
gone separation, inasmuch as they show a greater molecular 
depression. Eaoult's numbers show that this supposition 
is to be avoided only by taking as normal the salt with the 
greatest molecular depression, i.e. borax : but the choice 
of this salt as the normal substance could scarcely be 
expected to be generally accepted. 

Eaoult thought he could place the behaviour of water 
as a solvent parallel with that of the other solvents ; ' but 
at that time he did not know the relations between the 
facts and those of vapour-pressures, which do so much to 
make the subject clear, and which he himself at a later 
time has greatly advanced. In a communication made 
soon after that just referred to, Eaoult ^ developed a way of 
regarding the subject which differed from his former 
method. Following the announcement of de Tries, that 
the metals and acidic radicles may be grouped in accord- 
ance with their valencies, Eaoult sought to express the 
freezing-points of solutions as approximately the sums of 
two constants, one of which belonged to the metal and the 
other to the acidic radicle. I do not go into this subject 
here, inasmuch as Eaoult's expression has been replaced by 
one put forward by Arrhenius, which is much more compre- 
hensive and more convenient, and which will be considered 
in its proper place. 

6. Use of the law of solidification for determining molecular 
weights. — The simple relations between the molecular 
weight and the depression of freezing-point afford a very 
convenient means for determining the molecular weights 
of dissolved substances. Eaoult, especially, has made 
reference to this subject ; he has given the following rules 
of procedure. The molecular weight, m, of any organic 
substance is given by the formula 

m = —, 

A 
' Ann. Chim. Fhys. (6) 2. p. 85 [1884]. -' Ibid. (6) 4, p. 401 [1886]. 
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where a is the specific depression of freezing-point, i.e. the 
quotient obtained by dividing the observed depression by 
the percentage contents of the solution, and k is a constant 
dependent on the nature of the solvent. The values of this 
constant are 

Water K = 19 

Acetic acid K = 39 

Benzene K = 49 

If different (multiple) values are obtained for solutions in 
different solvents, the smaller value is the more accurate. 
The molecular weights of certain inorganic chlorides, e.g. 
AICI3, PCI3, &c., may be determined, similarly to organic 
compounds, from the freezing-points of their solutions in 
acetic acid or benzene. 

In dealing with salts it is necessary to distinguish two 
cases, according as the basicity of the acid or the valency 
of the metal is to be determined. In the first case, the 
sodium or potassium salt is to be used, and the observed 
depression of freezing-point is to be referred to one atom 
of the metal ; i.e. the equivalent, and not the molecular, 
depression is to be found. If the value is about 35, the 
acid is monobasic ; if 20, the acid is dibasic ; and if about 
15, it is tri- or tetra-basic. If it is desired to find the 
valency of the metal, the nitrate should be used, and 
the equivalent depression of freezing-point is to be deter- 
mined. If the number which is found is about 35, the 
metal is monovalent ; a divalent metal gives about 22-5, 
and if the number is still smaller the metal is poly- 
valent. 

One might well suppose that a process which enriches 
chemical method by extending the determination of mole- 
cular weights from the comparatively narrow field of gasi- 
fiable and vaporisable substances to the much ampler 
domain of solutions, would have been received with enthu- 
siasm and put into practice with eagerness. But it must 
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he admitted that nothing of the kiad occurred. Notwith- 
standing their significance, Eaoult's results remained, at 
first, unnoticed ; and the demonstration of the practical 
importance of these results which was given in the first 
€dition of this Lehrbuch, pubhshed in 1885, did not effect 
any immediate change. In 1886, it is true, Paterno and 
Nasini ' repeated some of Eaoult's experiments, and insti- 
tuted some new ones with various substances, especially 
with polymerides, which for the most part confirmed the 
laws arrived at by Eaoult. In spite of the great service 
which these results seemed likely to render to organic 
chemistry, two years elapsed before the method began to 
come into general use. 

The theoretical considerations which van 't Hoff put 
forward regarding the nature of solutions had a decided 
effect in increasing the interest in the phenomena examined 
by Eaoult. There was a certain hesitation in dragging into 
chemical disputes the regularities which Eaoult had arrived 
at by observation, because, although they had been verified 
sufficiently, they were yet purely empirical statements; 
but when these statements were shown to be necessary 
consequences from more general laws, it was felt that they 
might be used with greater security. 

7. Comparison of the lowerings of freezing-points and 
vapour-pressures. — The close relation between the change of 
vapour-pressure and the change of freezing-point following 
the addition of a salt to water, which makes itself apparent 
in the corresponding forms of the laws, suggests a con- 
nexion between the numerical values of both effects. Such 
a connexion has been established by Eaoult ^ in a purely 
empirical way. He examined 18 salts with respect to both 
properties ; the depressions of vapour-pressure refer to 
100° ; they were determined partly by the barometric, and 
partly by the boiling-point, method. 

' Lincei, 3 [1886] ; Berichte, 19, p. 2522. 
^ Cmipt. rend. 87, p. 167 [1878]. 
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Salts 


Freezing- 
point 


Yapour-pressure 




Mercuric cHoride . 


•048 


•058 X 7-6 


15-7 


Mercuric cyanide 


•059 


•087 X 7-6 


219 


Lead nitrate .... 


•104 


•110x7^6 


36-3 


Barium „ . . 


•145 


•137 X 7^6 


35^6 


Silver , 


•145 


•160 X 7-6 


27^2 


Potassium ferricyanide . 


•146 


•165 X 7-6 


54-3 


Potassium chromate 


•200 


•218 X 7^6 


41^3 


Potassium sulphate 


•210 


•201 X 7-6 


35^0 


Potassium iodide . 


•215 


•225 X 7^6 


37^3 


Potassium chlorate 


•215 


•240 X 7^6 


29-4 


Potassium nitrate . 


•245 


•280 X 7-6 


28-3 


Ammonium sulphate 


•273 


•230 X 76 


28^1 


Potassium bromide 


•295 


•310 X 7^6 


36^9 


Sodium nitrate 


•347 


•380 X 7^6 


323 


Ammonium „ 


•378 


•361 X 7-6 


32^5 


Potassium chloride 


•446 


•450 X 7-6 


33-5 


Sodium „ 


•660 


•604 X 7^6 


353 


Ammonium „ . . 


•639 


•565 X 7-6 


30-2 



This tabulation of the results shows that the salts stand in 
nearly the same order as regards their influence both on 
the freezing-point and on the boiling-point ; to make the 
comparison more evident, the numbers in the second 
series are divided by 7" 6, which is the mean value of 
the ratio. I have added in each case the products ob- 
tained by multiplyiag 
the observed numbers 
by this mean ratio. 
Speaking generally, 
the effect of the salt 
increases in propor- 
tion as the atomic 
weight decreases. 

The relation thus 
established empiric- 
ally by Eaoult had 
been deduced theoretically, some years before, by Guldberg.^ 
Inasmuch as salt-solution and ice exist together at the 
freezing temperature of a salt-solution, it may be shown * 

' Compt. rend. 70, p. 1349 [1870]. 

' The method of proof is elucidated in an earlier chapter. — Translator. 
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that the vapour-pressure must be the same over ice as over 
the solution at the freezing temperature, as otherwise a 
perpetual motion would be possible. In a system of co-or- 
dinates, the abscissffi of which represent temperatures and 
the ordinates represent vapour-pressures (fig. 26), let iv be 
the pressure-curve of water, and e that of ice (which 
Kirchoff has shown to agree with that of water with a 
break at 0°), and let I be that of the solution; then the 
freezing-point of the solution is determined by the abscissa 
of the point of intersection of e and I. Now, by the law of 
Babo and Wiillner (p. 157) the proportional decrease of the 
vapour-pressure of the solution, p, compared with that of 

water, p,^, is expressed by the formula ^° -^^ =ac, where 

c is the concentration, i.e. the quantity oi' salt divided by 
the quantity of water, and a is a constant! 

Another expression may be found for the magnitudes 
of the pressures. According to the dynamical theory of 
heat, the relation between the quantity of heat, r„, required 
to evaporate unit weight of liquid, which in this case 
is water, the pressure, and the volume of the saturated 
vapour, V, is expressed thus : — ' 

AT dl ' ' 

where t is the absolute temperature, and — is the me- 

A 

chanical equivalent of heat. By substituting for v from 
the equation p^v = b.t, ii follows that 

= -ST- ^og- Po- 



AEX^ dt 

A similar formula holds good for ice, only the heat of 
vaporisation, r,, is greater, as the heat of fusion must be 
added ; we have 

r, d , 

ABT^ dt 
' Strictly speaking, v, should be diminished by the volume of the water. 
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■where Pi is the vapour-pressure of ice ; the difference 
between these two is 

r, — r„ d 



Llllo = d r ^ p, >. 

AET^ dt \ ^ P^J 



Now, as was seen above, r, — r„ is the heat of fusion of ice, 
r, and this has the value, r = 79-04 + -49 t. Substituting, 
we obtain 

^log.F^^ 79-04 + -49 1^^^ 
Pq a r t ^ 

The integral gives approximately log. -^ — .-00954 1 for the 

Po 

vapour-curve of ice. Now it was found above that ^^ — ^ 
= ac, therefore ^ = 1 — a e, and we have 

log. Pi = -00954 1 = log. (1 -ac). 
Po 

By developing the logarithm, and neglecting the terms from 
the second onwards, it follows that -00954 t = — ac, or 

t = — 105 a c. 

By combining the equation for the vapour-curve of ice with 
that for the salt-solution, with elimination of the equal 
pressure, the point of intersection of both curves is found, 
and we thus obtain the relation between the change of 
vapour-pressure and the change of freezing-point caused 
by the salt. This turns out to be nothing else than the 
law of Blagden ; the freezing-point, — t, changes in propor- 
tion with the salt- contents, c. If the constant a, the 
proportional lowering of vapour-pressure by the unit 
quantity of salt, is calculated from the experiments of 
Wiillner, and the corresponding values are put in the 
equation t = — 105 a c, the lowerings of freezing-point are 
obtained. The results of this calculation are given in the 

annexed table, c being taken as . Considering the 
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approximate character of the calculation, and the dififerencea 
of kind between the numbers, the agreement may be 
regarded as suf&ciently close. 





WUUuer 


BUdorff 


NaCl .... 


■601 


•600 


KCl . . . 


•390 


•443 


Na,SO, . . 


•236 


•297 


K,SO, . . 


•383 


•201 


NaNOs ... 


•315 


■370 


KNO3 ... . . 


•196 


•267 


CaCl2.5K,0 . . . . 


•247 


•227 


K0H.2a,0 


•332 


•395 


NaOH.liH,0 .... 


•409 


•509 



8. Theory of van 't Hoflf. — From the foregoing demon- 
stration given by Guldberg, that the depression of the 
freezing-point and that of the vapour -pressure must be pro- 
portional, and from the proportionality -which has been 
shown (p. 184) to exist between the latter and osmotic pres- 
sure, the existence of a corresponding connexion between 
osmotic phenomena and those shown in the freezing of 
solutions follows necessarily. This connexion was first made 
known by van 't Hoff, who has made use of it to deduce 
the laws of the lowering of the freezing-points of solutions in 
a more general form than Guldberg could give to them 
twenty years ago. The following exposition repeats, in 
slightly altered form, the reasoning used by van 't Hoff. 

Let there be a large quantity of a solution consisting of 
n molecules of the dissolved substance, and n molecules of 
the solvent. Let t be the freezing-temperature of the 
pure solvent. We lower this temperature to t — A tiU the 
solvent separates in the solid form, and we allow as much to 
solidify as served to dissolve one molecule of the substance, 

that is - molecules — the quantity corresponding with the 
n 

molecular weight, taken in grams, being always reckoned as 

a molecule. The heat thus produced is an infinitely small 

quantity of the first order, — X, where X is the molecular 
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heat of fusion of the solvent. We now separate the ice and 
the solution and warm both to the original temperature t ; 
by this process the ice is melted, and the quantity of heat, 

— \, is again used. Finally we allow the quantity of pure 
n 

solvent thus obtained to mix with the solution through a 
semi-permeable partition. If 2^ is the osmotic pressure of 
the solution, we gain the work p v, where v is the volume of 
the solvent which was present as ice. 

According to a statement already made use of, the 
relation which the amount of work to be gained bears to the 
total quantity of heat added, in a reversible cyclical pro- 
cess, is equal to that of the temperature-difference to the 
absolute temperature of the change. The work is p v, the 

total quantity of heat is - X ; we have then, 
n 

p V n _ A 
nX, t 

Now pv = E T ; the constant r has the ordinary value, viz. 
2 cals. in thermal measure. As we are dealing here, as 
elsewhere, with one gram-molecule of the dissolved sub- 
stance, it follows, therefore, that 

2 — = - or A= ^ . — . 

N X, T NX, 

The depression of the freezing-point. A, caused by the dis- 
solved substance is proportional to the number of molecules 
of this substance in a specified number, n, of molecules of 
the solvent, and farther, it is proportional to the quantity 

— - , which is dependent only on the nature of the solvent. 
X 

Comparing this result with the empirical law of Eaoult, 

given by him in the form (p. 215) 

K 

m =— . 

A 

it becomes possible to calculate the constant, z, as follows. 
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The specific depression, a, is equal to — , -where p is the 

P 
percentage contents of the solution, and A is the corre- 
sponding depression of the freezing-point. The number of 
molecules of the dissolved substance, n, in 100 grams of the 

solvent is therefore m = £- , and the number of molecules 

m 

of the solvent is n = , where m and m are the molecular 

M 

weights of the dissolved substance and the solvent, re- 
spectively. By substituting the first values in Eaoult's 
equation we have, 

A = KW ; 

and substituting n = — in van 't Hoff's equation we ob- 

M 

tain. 



. _ « M ij X 



100 



2j2 



and from both of these, 



K = 



100 






2t2 
IOOl' 



if we put \ = L M, where l is the ordinary heat of fusion 
calculated for I gram of the substance. 

It is possible then to calculate the constant e, found 
empirically by Eaoult, from the heat of fusion, l, and the 
melting-point. Van 't Hoff has carried out this calcula- 
tion with the following results : — 





T 


L 


2T' 
lOUL 


K 


Water .... 


273° 


79 


18-9 


18-5 


Acetic acid 


290 


43-2 


38-8 


38-6 


Formic acid . 


281-5 


55-6 


28-4 


27-7 


Benzene 


277-9 


29-1 


53-0 


50-0 


Nitrobenzene . 


278-3 


22-3 


69-5 


70-7 



Considering the difficulties and uncertainties which 
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attend determinations of heats of fusion, the agreement 
between the figures in the fourth and fifth columns may 
well be regarded as a remarkable confirmation of the theory 
of van 't Hoff. The heat of fusion of nitrobenzene was 
not known before the publication of van 't Hoff's memoir ; 
he calculated it to be 22-1 cals., using the constant found 
by Eaoult ; and Petterson, who made a direct determination 
at the request of van 't Hoff, found the heat of fusion to be 
22-3 cals. 

The testing of the foregoing formula has been carried 
farther. The formula is not in keeping with the statement 
made by Eaoult, that one molecule of a substance dissolved 
in 100 molecules of a solvent bring about a depression of 
the freezing-point the mean value of which is •62°. This 
statement is represented by the equation 

TO _ A 

N ~ -62 xTOO 

where the letters have the same significance as before. But 
the equation of van 't Hoff reads, 

71 _ A X . 

N 2t2 ' 

hence, if both equations are right, it follows that 

_ 2 T^ _ T^ 
~162 "■ ST" 

The molecular heat of fusion must then be proportional 
to the square of the fusion-temperature. 

Eykman ' has examined the depressions of the 
freezing-points of several solvents produced by dissolving 
in them substances of known molecular weights. The 
following table exhibits the results of comparing the ob- 
served molecular depressions with those calculated by the 
formula of van 't Hoif, on the one hand, and those calcu- 
lated by Raoult's rule, on the other hand : — 

' Zeitschr. f. physikal. Chemie, 3, p. 203 [1889]. 
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Observed 


According to 
van 't Holl 


According to 
Haoult 


Phenol 

Naphthalene .... 

^-Toluidine 

Diphenylamine .... 
Naphthylamine .... 

Laurie acid 

Palmitic acid .... 


74 
69 
51 
88 
78 
44 
44 


77 
69-4 
49 
98-6 
102'5 
45-2 
(about) 44-3 


58-3 

79-4 

66-3 

104-8 

88-7 
124 
158-7 



Van 't Hoff's formula gives decidedly better results than 
Eaoult's rule for phenol, naphthalene, and toluidine ; both 
formulae show considerable, and about equal, deviations from 
the numbers observed for diphenylamine and naphthylamine ; 
the numbers calculated by van 't Hoff's formula for lauric 
and palmitic acids are almost identical with the observed 
numbers, whereas Eaoult's rule leads to numbers which are 
three to four times too large. The reason for the discre- 
pancies between the observed and calculated numbers for 
diphenylamine and naphthylamine probably lies in the un- 
certainty of the values found for the heats of fusion of 
these compounds ; the melting-points of the specimens 
used by Batelli did not point to the complete absence of 
impurities. If the heats of fusion, l, are calculated, by 
the formula of van 't Hoff, from the observed molecular 
depressions of freezing-point, the results are as follows : — 



Phenol . 
Naphthalene . 
p-Toluidiue 
Diphenylamine 
Naphthylamine 
Lauric acid 
Palmitic acid . 



Observed 


Calculated 


25 


26-1 


35-5 


35-7 


39 


38-6 


21-B 


24-4 


, 19-7 


26-4 


43-7 


44-9 


50(?) 


50-4 



The number for palmitic acid was not observed 
directly, but it was calculated from the values for lauric 
and myristic acids. More recently, Eykman' has tested 



' Zeitschr.f.physikal. Chemie, 4, p. 517 [1889]. 
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and confirmed the formula of van 't Hoff by direct and in- 
direct estimations of some heats of fusion. The numbers 



are: 





Direct observation 


Calculated by van 't 
HofE's formula 


Thymol 

Diphenyl 

Azobenzene .... 
Urethane 


27-5 
28-5 
29 

40-8 


27-9 
29-4 
29-4 
41 



The agreement is satisfactory in every case. 

9. Practical application of the method. — The law of the 
depression of the freezing-point began to be more used in the 
solution of special chemical problems about the year 1888. 
I was able to show, by the application of this law, that an 
aqueous solution of chromium trioxide contains dichromic 
acid, H^Cr^O,, and not chromic acid, H^Cr 0^, as was gene- 
rally supposed.' Soon after this V. Meyers and Auwers ^ 
pointed out the usefulness of the freezing-method in a 
special case, and Auwers described a method of procedure. 
Methods were also described by Hollemann,* Hentschel,* 
and Beckmann.^ The last-named took up the problem very 
zealously, and to him we owe both a practical arrangement, 
which is now pretty widely used, and also a large number of 
accurate determinations. 

The apparatus used by Beckmann ^ is represented m fig. 27 . 
It consists of a vessel, a, the size of a large test-tube, furnished 
with a side-tube ; this is placed in the wider but shorter 
tube, B, which serves as an air-jacket. Both vessels pass 
through the lid of a stout cylindrical glass, c, in which the 
cooling material is placed. The tube a is closed with a 
cork which carries a thermometer, and also a piece of stout 
platinum wire bent at the end to form a stirrer. The 

' Zeitschr. f. physikal. Chemie, 2, p. 78 [1888]. 
' Berichte, 21, pp. 536, 701 [1888]. » Ibid. 21, p. 860. 

• Zeitschr. f. physikal. Chemie, 2, p. 306. ^ Ibid. 2, p. 638 [1888]. 
' Beckmann has recently described certain changes and improvements 
(see Zeitschr. f. physikal. Chemie, 7, p. 823 [1891]). 
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thermometer must be very delicate — it is advantageous to 
divide it into hundredths of a degree — but the readings need 
only extend over a small range, 5° to 10° being sufficient. 

To make the thermometer ap- 
plicable for different solvents, 
the upper end of it is attached 
to the contrivance shown in 
j|jj fig. 28, which is an improve- 

ment on a device introduced by 
Walferdin. The capillary tube 
of the thermometer is bent, and 
then widened into a little vessel, 
which ends in a capillary tube 
opening upwards for the purpose 
of more easily filling the thermo- 
meter. The instrument contains 




Fig. 27 




Fig. 28 



enough mercury to allow readings to be taken at the lowest 
temperatures likely to be found in the experiments. To make 
th€ thermometer available for some solvent, e.g. for acetic 
acid, it is warmed slightly above the melting-point of the 
solvent, and then shaken with a short perpendicular motion. 

Q 2 
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The mercury in the small vessel at the top of the thermometer 
is thus separated at the part -where the little vessel becomes 
capillary, and the mercury-thread passes into the graduated 
part of the tube when the thermometer is cooled. If too 
much mercury has been cut off, the thread is caused to 
enter the little vessel by warming, the mercury in the 
vessel is joined to the thread by a swinging motion, and the 
mercury is again separated when the required temperature 
has been carefully established. 

An experiment is conducted as follows. The vessel a is 
weighed, and about 25 grams of the solvent, weighed 
to within -01 gram, are placed in it. The pieces of the 
apparatus are then put together ; the outer vessel contains 
cold water if acetic acid is the solvent used, ice and 
water if benzene is used, and ice and common salt if water 
is the solvent employed. The solvent is allowed to freeze, 
while the stirrer is kept in constant motion, and the freezing- 
point is noted. The substance under examination is now 
added, through the side -piece, from a convenient weighing- 
vessel, which is then again weighed, and the weight of the 
substance added is thus determined. As the temperature at 
which the solution and ice are in equilibrium is dependent, 
for one and the same solution, on the quantity of the latter, 
it follows that this quantity should be made as small as 
possible. In order to get an accurate measurement, it is 
advisable to overcool the solution somewhat at first, and then 
to cause the ice to form by careful stirruig. For this pur- 
pose, the vessel a is at once plunged into the cooling 
material without the mantle b, and some ice is thus formed ; 
this ice is then allowed to melt until only a little of it 
remains, and then a is surrounded by the mantle b, and 
" placed in the cooling material. As soon as the temperature 
has sunk a few tenths of a degree below the freezing-point 
(which is supposed to be known approximately), the stirrer 
is set into vigorous motion, and the separation of finely 
divided ice soon begins. The thermometer rises for a few 
moments, it then remains stationary for a longer time, and 
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then, as greater quantities of ice separate, it sinks slowly. 
The highest temperature observed is the correct temperature 
of freezing. 

A second portion of the substance under examination 
should be added to the solution, immediately the first ex- 
periment is finished, and a new determination should be 
made to control the first. 

The molecular weight is calculated by Eaoult's formula 
(p. 215) 



m = 



That the observed number may be directly put into this 
equation, we must pay attention to the fact that a is the 
lowering of the freezing-point caused by 1 per cent, of the 
dissolved substance. If we have used g grams of the 
solvent, and g grams of the dissolved substance, and have 
observed the lowering of the freezing-point of the solvent to 

be A, then A ^ ^ 



100 r/ 



, and hence 



m = 100 K -^ , 
A G 



The values of k are, 





Raoult's mean value 


Calculated from lieat 
of fusion 


Water 

Acetic acid . . . . 
Benzene ... 


18-5 
38-6 
50-0 


18-9 
38-8 
53-0 



The numbers in the second column are to be preferred 
to those in the first, inasmuch as the heats of fusion of the 
three solvents are known very accurately. 

Other pieces of apparatus have been described. Klo- 
bukoff devised an arrangement which is convenient to 
work with, and gives accurate results, but the construc- 
tion is rather complicated.^ The arrangement proposed by 
Eykman ^ is very simple. It consists of a small flask with 

' Zeitschr. f. physikal. Cheniie, 4, p. 10 L1889]. ' Ibid. 2, p. 964 [1888]. 
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a thermometer ground into the neck, and placed in an ordi- 
nary glass cylinder (fig. 29). There is a contrivance, 
similar to that used by Beckmann, at the top of the ther- 
mometer, to make it suitable for different regions of tem- 
perature. Eykman contents himself with a division into 
tenths of a degree, as the freezing-temperature remains 
constant sufficiently long to enable hundredths of a degree 
to be estimated by the help of a telescope. 
This apparatus is especially applicable for 
solvents which melt above the ordinary 
temperature of the laboratory, e.g. for 
phenol and similar solvents. 

Finally, it should be mentioned that 
E. Fabinyi ' used naphthalene as a sol- 
vent; he rubbed the (solid) substance to 
be examined with the proper quantity of 
naphthalene to fine powder in a mortar, 
and then determined the melting-point of 
the mixture, in the ordinary way, by 
placing a little of the mixture in a small 
capillary tube, strapping this to a thermo- 
meter, and warming slowly. The results 
of this process served only as first approxi- 
mations ; Fabinyi, therefore, at a later 
time, preferred to heat slowly larger quan- 
tities of the mixture in a test tube, with an 
immersed thermometer and a stirrer, and 
thus to determine the temperature of melting. The process 
is limited to solvents which, like naphthalene, do not take 
up moisture from the air, as the presence of moisture often 
affects melting-points to a considerable extent. 

10. Solidification-points of alloys of metals. — The general 
laws regarding freezing-points, like those regarding vapour- 
pressures, have been found to hold good for solutions of 
metals in metals. Tammann ^ examined solutions of metals 




Fig. 29 



Zeitschr. f. physikal. Chemie, 3, p. 38 [1889]. 
Ibid. 3, p. 441 [1890]. 
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in mercury, and also in sodium, and obtained the following 
numbers : — 

Solutions in Mercuey; K = 425. 



Potassium 
Sodium 
Thallium 
Zinc . 



Molecular weight calculated 



25-8-55-2 

20-6-24-9 

141-221 

52-66 



Atomic weight 



39-1 

23-0 

204-1 

65-5 



These metals seem to be separated into monatomic 
molecules. The value which was used for k was calculated 
from the heat of fusion by van 't Hoff's formula. The 
solutions in sodium gave results for which no simple explana- 
tion could be found. 

These phenomena have been examined more fully by 
Heyeock and Neville.' In their first communication they 
used sodium as a solvent, and they found the following 
depressions caused by solution of one atom of the specified 
metal in 100 atoms of sodium : — 



Atomic depression 



Gold . 

Thallium 

Mercury 

Cadmium 

Potassium 

Indium 



4-87-4-50 
4-27-4-73 
4-37-4-53 
3-17-3-92 
3-34-3-85 
3-37-8-77 



In their second communication tin was used as the 
solvent. The observed atomic depressions were as follows 
for solutions of small concentrations : — 





Atomic 




Atomic 




depression 




depression 


Nickel . 


2-94 


Lead 


2-76 


Silver 


2-93 


Tin . 


2-64 


Gold 


2-93 


Cadmium 


2-43 


Copper . 


2-91 


Mercury . 


2-39 


Thallium 


2-86 


Bismuth . 


2-40 


Sodium . 


2-84 


Calcium . 


2-40 


Palladium 


2-78 


Indium . 


1-86 


Magnesium 


2-76 


Aluminium 


1-25 



Chem. Soc. Journal, Trans. 1889, p. 666 ; 1890, p. 376. 
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These solutions evidently obey the law of Coppet and 
Eaoult. Indium, and especially aluminium, show a depres- 
sion which is too small, and, therefore, these metals exhibit 
a tendency to form complex molecules. 

11. Influence of concentration. — An account has been 
given of the observations which show that solutions of 
many salts do not obey Blagden's law of proportionality. 
The depression-coefficients of some substances decrease, and 
those of other substances increase, as concentration increases. 



350 




Bechtseamp/te y-O.vim 

Icbfii nzaldi xim (Cmttritl-estimOr 
oTto.vim tion) 



Bensophenon 
Aceiaajivtf Cimtnil' 

estimation} 
Becktscamjili/tr 

cet»phenon 
Benzaldehyd, 



Aceten 



Fig. 30 

Similar phenomena are noticed with solutions of indifferent 
substances, and when different solvents are used. Eaoult 
subjected such cases to a fairly thoroughgoing investigation,' 
which, however, applied almost wholly to solutions of salts, 
whose special behaviour will not be discussed by us at present. 
The first thorough examination of the effect of concen- 
tration on the freezing-points of solutions of indifferent 
substances was made by E. Beckmann,^ with the following 
results. In by far the greater number of cases, the mole- 
cular weight calculated by the formula changes nearly in 

' Ann. Chim. Phys. (6) 8, p. 289 [1886J. 

- Zeitschr. f. physikal. Chemie, 2, p. 715 [1888]. 
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proportion to the concentration, and it generally increases, 
but occasionally it decreases, as the concentration increases. 
If the relation is represented graphically, using the concen- 
trations — or the freezing-points which are nearly propor- 
tional to the concentrations — as abscissae, and the calculated 



BechtscamphertOanm 




CkloralalKoholat/Bumal) 



Chlfm lalJliiJi olat (Eisesngj 

iJLk Chloralanhydrid IKisesng) 
Chloralhi/drat (Eisessig) 



Fig. 32 



molecular weights as ordinates, the curves run almost 
straight, with a slight inclination towards the axis of the 
abscissae. Figures 30 to 34 show the relations in question 
very clearly.' 

' As these plates are printed from the German electrotypes, the German 
names for the various compounds are retained ; these names are so nearly 
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The behaviour of some of the compounds represented 
in fig. 30 differs considerably from that of most of the other 
substances ; these abnormal compounds are dextro-camphor- 
oxim, benzaldoxim, acetophenoxim, and acetoxim. The 



3no 



tjien/oesm. re-AnhydriA 




ffenzaJ'ttoxiTTfAirfhylaether 

Aethi/lbenzoat 

Essigstmire 

Phenetol 



'Aelhml/enzoat 

'Setiza JdtoHmrAttlii/la^her 



AelhylaliCoJi ol 



curves of these compounds show a marked curvature, in 
place of being nearly straight lines, and indicate an increase 
of the molecular weights to nearly double the original 



the same as the English names that English students will find no difficulty 
m translating them. — Translator, 
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values. Eelations different from those which hold good in 
other cases evidently prevail here. One will not go wrong 
in regarding solutions of these oxims in benzene as ana- 
logous with the vapour of nitrogen peroxide at a moderate 
temperature. Most of the molecules in dilute solutions, 
on the one hand, and at small pressures, on the other 
hand, exist as simple molecules ; the greater the concentra- 
tion, or the greater the pressure, the more do the molecules 
combine to form double molecules. 

Not many substances show a behaviour of this kind. 
Eykman has examined a very great number of substances 
in very different solvents ; the results of his measurements 
are represented on the next page by the same method as 
is employed in figs. 30 to 34. The names with two lines 
beneath denote the solvents, the others denote the dissolved 
substances.^ The numbers express the constant k of Eaoult's 
equation, determined from the observed lowerings of 
freezing-point and the molecular weights (taken as known) 
of the dissolved substances. Almost all the curves are seen 
to be straight lines. 

This investigation shows that the best approximations to 
the true molecular weights are obtained by prolonging the 
lines which represent the observed values as far as the 
axis of the ordinates, and regarding the portions which are 
cut off, that is, the molecular weights at infinite dilution, as 
correct. This result might be foreseen, inasmuch as the 
theory of van 't Hoff gives only approximate results for finite 
concentrations, and can be accepted as strictly correct only 
for infinitely small concentrations. 

12. Theory of the deviations. — As one gram-molecular 
weight of a gas at 0° and 760 mm. pressure occupies 22-4 
litres, so the osmotic pressure which prevails in a solution 
of the same quantity in 1 litre amounts to 22-4 atmospheres. 
Now the compound gases of simple composition show 
marked deviations from the gaseous laws at such pressures 
as this, and similar deviations, but to a greater degree, are 

' See footnote on p. 233. 
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to be expected in the cases of the more complex substances 
with which we are now concerned. 

As the behaviour of gases may be expressed, even to 
great pressures, with a near approximation to the truth, by 
the formula of van der Waals, 



(p + ^2) {v -b) =-RT, 



so it is possible, by using a similar formula, to calculate 
the deviations from the simple laws which are shown by 
solutions. After I, led thereto by the results of electrical 
measurements, had pointed out the need of looking at these 
secondary actions in the way referred to already,' the neces- 
sary calculations were furnished by Bredig ^ and A. Noyes.^ 
The demonstration of the last-named author is given here. 
Let p be the osmotic pressure, and v be the volume, of 
a solution which contains one gram-molecular weight of a 
substance ; let b be the molecular volume of the dissolved 
substance, in the ordinary meaning of the term, h the space 
occupied by the molecules of the dissolved substance, and c 
the space occupied by the molecules of the solvent, referred 
to the unit-volume of the same. Then the correction to be 
made for volume, corresponding with the formula of van 
der Waals, ish + {v — b) c. The correction for pressure is 

proportional to, on one side, - , and on the other side, 
^■. ~ •^ ; if a is the corresponding constant for the attraction, 

V 

the corresponding value may be put as - . — - — , and we 

have 

a V — B 



i' 



V 



p-"l . "-^^l (t; - [6 + (V - B) c]) = K, or 



(,_i<i^)a-.)(.-\^0="- 

' Zeitschr. f. physikal. Chemie, 2, p. 280 [1888]. 

« Ibid. 4, p. 444 [1889]. ' Ibid. 5, p. 53 [1890]. 
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Now B is small as regards v, and as - is sniall as regards 

V 

p, we may put — ^- = 1. Hence it follows that 

b — BC\ b—Bc , a b — Bc k 



/ a\ f b — BC\ b—Bc , a b — J 

Ip ][v-- ]=pv-a-p- + - - — 

v vJ\ 1 — cJ 1 — c V 1 — 



1-c" 



In the term - . , which is not large, - may be re- 

V 1 — c V 

placed, in accordance with the simple gaseous law, by a^p, 

where aj is a new constant ; we thus arrive at the formula 

f ,1 . b — B ] K , 

^{^•-(i-«')T^}=rz-, + «' 

or, by introducing two new constants, (1 — a.) ~'^^ —^ 

1 — c 

and — ^ — 4 « = k,, we have 
1 — c 

p{v - d) = K,. 

The simplifications which have been made have led to a 
form of the equation which regards the pressure-forces due 
to the interactions of the molecules as absent, and takes 
cognisance only of a correction for volume. It has been 
shown that a formula similar to this is in keeping with the 
facts concerning gases.' 

To make this formula applicable to observations of 
freezing-points, it is only necessary to remember that the 
lowering of freezing-point. A, is proportional to the osmotic 
pressure. If v has the same meaning as before, the product 
A{v — d) must be constant. As d is to be found from the 
experimental results, it is calculated from two observations 
which have given corresponding values, A^ and v,, Aj and 
«2 ; A, (v - ci) = Aj (Vj - d) ; 

^ _ Ai t>, - A, r , 
A, -A, 

' Reference is made here in the original to an earlier chapter in the 
Lehrbttch. — Translator. 
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An example is given to show in how far the formula is in 
keeping with the observed results : — 

Agetone in Benzene (Beckmann). 



A 


V 


At) 


A(v~d) 


Deviation 


0-405 


14-010 


5-674 


5-700 


+ -0021 


1-220 


4-594 


5-606 


5-684 


+ -0005 


3-615 


1-507 


5-448 


5-679 


0-0000 


5-365 


0-992 


5-322 


5-666 


—■0013 


8-470 


0-609 


5-157 


5-686 


+ •0007 



The mean value of A (z; — d) is 5*679, and the mean 
value found for d is •064. The last column shows that the 
deviations, as far as the first doubtful number, do not exceed 
2 per thousand. The agreement is equally good in a great 
many other measurements. As an example, the numbers 
obtained in a series of experiments with chloral hydrate are 
appended ; the solution used for the last measurement con- 
tained about 85 per cent, of the substance. 

Chloraij Hydbate in Wateb (Beckmann). 



A 


V 


A!) 


A (v-d) 


Deviation 


0-775 


2-596 


2-012 


1-942 


+ -001 


1-B65 


1-506 


2-955 


1-932 


--009 


1-915 


1-097 


2-101 


1-929 


-012 


3-145 


0-705 


2-216 


1-933 


-■008 


4-165 


0-5585 


2-326 


1-951 


+ -010 


5-350 


0-4564 


2-442 


1-960 


+ -017 


6-120 


0-4074 


2-495 


1-943 


+ •002 



The value of d was found to be -09 ; while A v increases 
from 2-01 to 2-5, i.e. by a fourth of its value, A {v — d) 
remains constant to within a half per cent. 

We have still to inquire into the meaning of the constant 
d. The value of this constant is sometimes positive and 
sometimes negative ; but a negative volume is unthinkable. 

We have 

L=A(&_Bc); 



d = 



1-c 
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the factor ^p^— is always positive, hence the sign of d will 

agree with that of 6 — b c. Now b is the volume of the 
ponderable substance of the molecules of the dissolved sub- 
stance, and B c is the corresponding volume of the molecules 
■of the solvent in the same exterior space; for b is the 
molecular volume, as this term is commonly used, of the 
dissolved substance, and c is the space occupied by the 
molecules of the solvent, in the unit of space. The quan- 
tities b and b c are not known immediately. But if we take 
h„ and b^ as the volumes of one molecule of the solvent and 
the dissolved substance, respectively, and Ap and a, as the 
relative number of these molecules in the unit of space — or 
the quotients of the specific gravities by the molecular 
weights — then we can substitute b and b c by the propor- 
tional values &i A, and b^ Aj. By working this out, and 
combining all unknown quantities into one constant x, we 
obtain the equation 

-1 X = A, fcj - Ao fc„, 

and for a second substance 
cl 



X — Ag Og Aq Oq J 
B, 



hence 



^ ? = Ai 6, — Aj fej. 

Bi B„ 



This equation enables conclusions to be drawn, under cer- 
tain conditions, as to which of the molecules that are com- 
pared is the greater. Inasmuch as x is positive, both 
differences have the same sign. Now let the left side of the 
equation be positive, then Aj — Aj will be negative. It is then 
necessary that b^ should be greater than b^, as otherwise the 
difference a, &, — Aj b^ could not be positive. On the other 
hand if a, — a^ is positive, no conclusion can be drawn as 
to the relative magnitudes of b^ and b^. In the same 
way, if the left side of the equation is negative and Aj — a^ 
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is positive, it is necessary that 6, < b^ ; if both sides 
of the equation have the same sign, no conclusion can 

be drawn. The equation — ' x = Aj b, — a„ &g maybetreated 

in exactly the same way. 

In the case of the solutions in benzene, the ' irreducible ' 
case seldom occurs, and by determining, in the way de- 
scribed, which molecules are greater than others, the follow- 
ing order is obtained : 

Acetone < benzene < acetophenone < acetal < cam- 
phor < ethyl benzoate < naphthalene < benzaldehyde 
< nitrobenzene < benzophenone < phenetol. 

The mutual relations of these compounds have been 
determined independently in several cases (generally six), 
and no deviation has been found in any case. The method 
of procedure may then be regarded as a suitable one, and 
as well fitted for setting forth the facts. 

13. The molecular weights of dissolved substances. — The 
use of the law which has been set forth in preceding para- 
graphs is sometimes opposed on the ground that it does not 
always lead to the ' proper ' molecular weight. For instance, 
the molecular weight of acetic acid dissolved in benzene 
was found by Eaoult to be 120, which is twice that required 
by the formula CjH^Oj ; therefore, it has been argued, ben- 
zene is not a suitable solvent when the molecular weight of 
acetic acid is to be determined. The supposition which 
underlies this argument is that a specified substance can 
have but one molecular weight ; but this supposition is quite 
erroneous. Even when attention is confined to the classical 
method of determining molecular weights, the method of 
vapour densities, it is necessary to admit that the value of 
the molecular weight of one and the same substance is 
sometimes dependent on the temperature and pressure. 
Nitrogen peroxide, for instance, has the molecular weight 
92, and the formula ' 'Rfi^, at low temperatures and great 
pressures, and at high temperatures and small pressures it 
has the molecular weight 46 and the formula NO^. In the 
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same way, we know that iodine, sulphur, and many other 
substances exist in two different molecular conditions. 

It is not, then, to be wondered at that a definite substance 
should exhibit different molecular conditions when dissolved 
in different solvents. The different solvents act like different 
temperatures or pressures. So far as experiments have 
gone, it appears that hydrocarbons exert the smallest effect 
on the molecular state of the dissolved substance. Such 
hydroxyl compounds as acids, alcohols, phenols, &c., gene- 
rally show greater molecular weights when dissolved in 
benzene than correspond with their accepted formulae 
Naphthalene and ethylene bromide behave like benzene, 
while those compounds which show greater molecular 
weights in solutions in hydrocarbons generally give ' normal ' 
values when dissolved in ether, the determinations being 
made by the method of vapour-pressure or boiling-point. 
Acetic acid exerts a more marked action in breaking down 
such weak combinations, and the action of water is still 
more energetic. 

As it is essential for the chemist, at present, to be able 
to determine only the smallest of the possible molecular 
weights of the substances whose properties he examines, he 
will generally prefer water or acetic acid as a solvent, as in 
these solvents substances show molecular weights which 
agree, for the most part, with those determined by the 
method of vapour-density. The cases wherein greater mole- 
cular weights are found are, however, of especial importance 
in understanding the nature of chemical af&nity, and the 
equivalency of atoms : for such cases throw light on those 
finer and weaker combinations which are almost invariably 
torn asunder, and, therefore, do not come into consideration, 
in the comparatively coarse processes of chemical change, 
although they certainly exist, and have an influence on 
these processes. If acetic acid, dissolved in benzene, has a 
molecular weight corresponding with the formula 2(6211402), 
then the molecules of pure liquid acetic acid are not smaller 
than this, although they may be greater. On the other 
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hand, ethylic acetate does not show, in any solvent, a mole- 
cular weight greater than the formula G^Kfi.^ requires; 
hence it is probable, but not certain, that this compound 
does not possess any tendency to form more complex mole- 
cular aggregates, at the ordinary temperature, and there- 
fore it is also probable that the liquid compound consists 
of molecules agreeing with the simple formula given 
above. 

The results obtained by this way of looking at the 
matter show a remarkable agreement with those arrived at 
by Eotvos,' concerning the molecular state of certain 
substances, from measurements of surface-tensions. In 
alcohol and acetic acid he found molecules greater than 
corresponded with the ordinary formulae. In water also, 
according to Eotvos, there are complex molecules. The 
same thing has been found by Eykmann ^ for solutions of 
water in paratoluidine, and by Walker ^ for solutions of 
water in ether. 

14. Cryohydrates.— As the solubility of a substance in 
water generally decreases as temperature decreases, there 
must be, in most cases, a certain solution for each substance 
which is just saturated at the freezing-point. If such a 
solution is cooled, and supersaturation is prevented by 
addition of ice and solid substance, the substance in solu- 
tion and ice must separate in the same proportion as that 
in which they are present in the solution ; the temperature 
wiU remain unchanged untU all is solidified. So on adding 
heat, the solid mixture will liquefy and the temperature will 
remain unchanged, as occurs with homogeneous substances, 
until all is melted. 

Guthrie * gave the name Cryohyclrates to the bodies 
produced in this way; he looked on them as chemical 
compounds because they possessed constant melting and 

> Wied. An7i. 27, p. 452 [1886]. 

^ Zeitschr. f. physikal. Chemie, 4, p. 510 [1889]. 

^ Ibid. 5, p. 197 [1890]. 

' Phil. Mag. (4) 49, p. 1 [1875] ; (5) 1, p. 49 ; 2, p. 211 [1876]. 

K 2 
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solidifying points and constant compositions. An investi- 
gation made by Offer ' has shown, however, that there 
is no ground for regarding these substances as true 
compounds. The relations stated above account completely 
for the constancy of the melting-points and the composition ; 
and the composition cannot be expressed quite accurately 
in accordance with atomic proportions. We have evidently 
to do with substances which are similar to the mixtures 
having constant boiling-points, spoken of on pp. 45, 46 ; it 
is also probable, although the matter has not yet been 
examined, that the composition of the cryohydrates, like 
that of the liquids referred to, is dependent on pressure, 
inasmuch as pressure exerts different effects on solubility 
and freezing-point. 

Offer showed that the cryohydrates are not produced 
in well-formed translucent crystals, but always in opaque 
masses ; that alcohol dissolves ice from them and leaves a 
network of solid salt ; that the heat of solution of a cryohy- 
drate is the sum of the heats of solution of the ice and 
salt which form it ; and, lastly, that the specific gravity is 
equal to the mean specific gravity of the constituents. The 
third and fourth observations show that neither a volume- 
change nor a thermal change occurs in the formation of the 
cryohydrates ; but these changes are never absent in the 
formation of true chemical compounds. The cryohydrates 
cannot, then, be regarded as chemical compounds. 

These mixtures are particularly useful for maintaining 
constant temperatures below zero, inasmuch as by causing 
the melted part to solidify in a freezing-mixture the tempera- 
ture may be kept at the melting-point of the cryohydrate 
for an indefinite time. 

The peculiar properties of mixtures which were observed 
by Guthrie are completely explained by the mutual in- 
fluence of the substances on their solubility. 

The further developments made by Guthrie concerning 
the solubilities of salts below 0°, and the conception of 

' Wim. Akad. Ber. 81 (2nd part), p. 1058 [1880]. 
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unsaturated solutions as solutions of ice in cryohydrates, 
and of supersaturated solutions as solutions Of salts in 
cryohydrates, may be passed - over, as the observed facts 
may be predicted from our knowledge of the freezing of 
solutions. 
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CHAPTEE IX 

SALT-SOLUTIONS 

1. Generalities. — Aqueous solutions of salts, and aqueous 
solutions of the strong acids and bases, differ in many- 
respects from solutions of indifferent substances ; the former, 
however, follow certain simple and definite laws, which do 
not hold good for the latter. It is evident, then, that 
aqueous salt-solutions present peculiar relations ; the study 
of these forms the subject-matter of the present chapter. 

It has been pointed out several times already that salts 
in solution behave as if the solutions contained a greater 
number of molecules than corresponds with the formulae of 
the dissolved salts, and the conclusion has been drawn that 
these compounds are separated in their aqueous solutions 
into simpler constituents. The term ' salt ' is used here, for 
the sake of brevity, as including the free acids and bases. 
Now in the case of such a salt as potassium chloride, the 
only simpler constituents are potassium and chlorine; 
hence an aqueous solution of this salt must contain both 
elements in the free state. 

This conclusion, which was arrived at by Arrhenius,i 
and shortly afterwards (from quite different considerations) 
by Planck,^ seems to be in glaring opposition to all experi- 
ence. For potassium is a metal which cannot be in con- 
tact with water without decomposing the water violently, and 
chlorine is a greenish, strongly smelling gas. But none of 

' Zeitschr. f. physical. Chemie, 1, p. 631 [1887]. 
' Ibid. 1, p. 577 [1887]. 
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these properties can be detected in a solution of potassium 
chloride. 

Two replies may be made to this objection. The ele- 
ments chlorine and potassium, .as we know them, are mole- 
cular combinations, chlorine being composed of two atoms, 
and potassium of an unknown number of atoms. The 
chlorine and the potassium in solutions of potassium 
chloride are the elements in the atomic condition. Farther, 
the elements contained in a solution of potassium chloride 
are charged with enormous quantities of positive and 
negative electricity, respectively. This follows from the 
phenomena of electrolysis, which phenomena force us to 
the same conclusion as that now arrived at — to the conclu- 
sion, namely, that parts of the molecules, or ions, of salts 
are contained, like free molecules, in the solutions of these 
salts. 

It must be clearly understood that this freedom exists 
only within the solutions ; the removal of an ion from the 
solution is at once opposed by molecular and electrical 
forces of considerable magnitude. The development of 
these relations belongs to another place ; it will suffice to 
say here that the conclusions which follow from the theory 
of solutions are the same as those which are necessarily 
arrived at by following the theory of electrolysis. While, 
therefore, I do not put forth here the proofs of the possibility, 
and the necessity, of the existence of free ions in the 
solutions of salts, I shall develope the conclusions which 
follow from this supposition. 

The most general conclusion to be drawn from the 
hypothesis of free ions is that the properties of salt-solutions 
must he capable of representation as the binary sums of the 
properties of the two ions.^ As the ions are not in imme- 
diate combination with one another, no mutual determina- 
tion of the properties of the ions occurs, and as far as the 
effect of one ion on the total properties is concerned, it 
does not matter what other ion is present at the same time 

' Arrhenius, Zeitschr. f. physikal. Chemie, 1, p. 631 [1887]. 
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in the solution. But it must be clearly understood that 
this conclusion has reference only to the limiting case that 
the whole of the dissolved salt has separated mto ions. 
This occurs, theoretically speaking, only in infinitely dilute 
solutions. In actual practice, solutions of salts more 
nearly agree with the general law stated above, the more 
dilute they are. It is found that many salts are separated 
to such a great extent into their ions in solutions of 
moderate dilution that the additive character of their 
properties comes into view in a very clear way. 

2. Chemical properties of salt-solutions. — Before consider- 
ing the physical properties of salt-solutions it will be well 
to recall the additive character of their chemical properties.' 
Chemical compounds generally show behaviours that are 
characteristic of each, but these allow conclusions from 
analogy to be drawn only in departments that are closely 
allied, and even in these cases they do not exhibit regular 
agreements. We do not know why the chlorine compounds 
of carbon belong to the most stable compounds, especially in 
their indifference towards the action of water, while nitrogen 
chloride explodes under the smallest provocation, although 
it is not decomposed by water, and silicon chloride is 
decomposed rapidly by water, although it withstands the 
action of heat ; conclusions, drawn from the characters of 
the chlorides of carbon, regarding the chlorides of the 
allied elements silicon and titanium, would lead us into 
error, as certainly as conclusions regarding the chlorides of 
phosphorus and arsenic, drawn from the properties of 
the chloride of the allied element nitrogen, would be erro- 
neous. 

The regularities shown by the chemical reactions of 
aqueous solutions of salts stand in the most marked 
opposition to these differences. If barium compounds in 
solution produce a white precipitate in a solution, which 
precipitate is insoluble in hydrochloric acid, we are as sure 
that sulphates are present as we should be certain of their 

' Ostwald, Zeitschr. f. pJiysikal. Cheniie, 3, p. 596 [1889]. 
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absence did no precipitate form. The nature of the metal 
■with which the sulphuric acid was in combination does not 
exert the least influence, qualitatively or quantitatively, on 
the result. The same state of matters holds good in all 
analytical reactions. The law of the mutual independence 
of the constituents of salts in solution becomes very promi- 
nent in these occurrences. There is no reagent for detecting 
sodium chloride; the reagents used detect only chlorine 
and sodium ; and these reagents are effective for all solutions 
in which chlorine, on the one hand, and sodium, on the 
other hand, are present as ions. 

A substance which is not present as an ion ceases to 
show the characteristic reactions of that substance. Silver 
is a reagent for chlorine, but silver does not show the 
presence of chlorine in the perchlorates. This is because 
the ions of these salts are, e.g., K and CI 0^ ; chlorine is not 
an ion of the perchlorates, and these salts, therefore, do not 
show the reactions of chlorine. But if a perchlorate is 
changed into a chloride by heat, a solution of the chloride 
shows the chlorine-reactions because chlorine ions are now 
present. 

3. Specific gravity and specific volume. — The specific 
gravities of many salt-solutions have been determined with 
great care, with the object of furnishing aids of the simplest 
kind in analysis, because such salt-solutions are much used 
both in the laboratory and in manufacturing operations. 
As the specific gravities of such solutions, generally 
speaking, are direct functions of the contents of the solu- 
tions, it is easy to find the contents when the specific gravity 
is known. 

The customary representation of the relation between 
space and mass in the form of specific gravity has made 
difiicult, and tended to put aside, the comprehension of this 
relation. For in the simplest case, where no volume- change 
occurs on mixing a concentrated solution with water, the 
specific gravity of the mixture bears no simple relation to 
the specific gravities of the constituents. Let s be the 
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specific gravity of the concentrated solution, and s,, that of 
the pure solvent. If we mix m parts of the solution with 
mg parts of the solvent, then, on the supposition that no 
change of volume occurs, the total volume of the mixture is 

™ + '!!:?L, and as the total weight is m + lUf^, the specific 

s So 

gravity of the mixture is given by the somewhat obscure 
expression / . ^ 

mSp + m^s 

But if use is made of the specific volume, simple formulae 
are obtained. Let ^ be the specific volume of the solution, 
and ^0 that of the solvent, m and m,, being the parts of 

each, then the specific volume of the mixture is — ^ ^^, 

m + 1% 

which corresponds with the ordinary mixture-formula. If 
the supposition that the mixture takes place without 
volume-change is not fulfilled, then the difference between 
the specific volume calculated as above and the observed 
specific volume furnishes a direct survey of the direction 
and value of the volume-change, which survey can be gained 
only by a somewhat complex calculation when the notion of 
specific gravity is employed. 

As regards the question of the volume-changes which 
occur on diluting concentrated salt-solutions, it has been 
known for long that such dilution is accompanied by con- 
traction, i.e. by decrease of volume. This effect is most 
marked when concentrated solutions are used, and it 
decreases the more the greater the dilution. If a concen- 
trated salt-solution is diluted to twice its volume, and the 
same degree of dilution is repeated with the dilute solution, 
and' so on, the volume-changes which occur are smaller the 
farther the dilution is carried. And this holds good not only 
for equal quantities of the differently concentrated solutions, 
but also for those in which the same weight of salt is always 
present, and in which, therefore, the observed total volume 
increases on dilution. 
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These relations were called into question, for a time, by 
an investigation of Michel and Krafft,' who asserted, but 
on insufficient grounds, that no change of volume occurs 
when salt-solutions are diluted. Kremers,^ who had clearly 
demonstrated such volume-changes, soon contradicted this 
assertion, and subjected the questions regarding the specific 
gravities of salt-solutions to very full experimental examin- 
ation. Kremers did not arrive at any very clear results, 
because of an inappropriate method of considering the 
data, but he gathered together many measurements which, 
when properly treated, lead to important results. 

At a later time Nicol ' considered the changes of volume 
which accompany the dilution of salt-Bohitions with refe- 
rence to stoichiometrical considerations, but without any 
very special results. Nicol thought he had discovered a 
connexion between the volume-changes and the solubility of 
the salt in solution, but the data were too scanty to establish 
his statement with certainty. 

It is sufficient here to refer to the work of Charpj',"* 
which indicated certain stoichiometrical relations. 

Finally, the following facts should be mentioned. If 
the volume of the water in a salt- solution which contains a 
specified amount of a salt is deducted from the volume of 
the solution, the result gives the apparent volume of the 
salt in solution. It follows from what has been said already 
that this volume will be the less the greater the quantity of 
water, and that it will asymptotically approach a limit as 
dilution increases. Now, it is observed that the apparent 
volume of the salt in solution, in certain cases, may pass 
through zero and become negative, so that the solution 
may at last attain a smaller volume than that of the water 
which has been employed in making the solution. 

This fact is of interest in so far as it shows that the 
volume-change which occurs on dilution does not affect the 

> Ann. Chim. Phys. (3) 41, p. 471 [1854]. 

' Pogg. 95, p. 110 ; 96, p. 39 [1855]. 

= Phil. Mag. (5) 16, p. 121 [1883]. •■ Compt. rend. 109, p. 299 [1839]. 
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salt only, but that reactions occur between the molecules of 
the salt and those of the water, which, in turn, result in a 
decrease of volume. The apparent volume of the salt in 
solution, as defined above, is the difference between the true 
volume of the salt and the change of volume which is 
brought about by the reaction between the salt and the 
water. As the true volume of the salt cannot be negative, 
the fact that the difference may have a negative value 
shows that the change of the volume of the water, caused 
by the dissolved salt, has a value comparable with, and 
under certain conditions exceeding, the true volume of the 
salt. 

4. Valson's law of the moduli. — The first observations re- 
garding the stoichiometrical relations of salt-solutions were 
made by F. Valson ; ' the method was the inconvenient one 
of considering the specific gravities of the solutions, which 
had already been employed by Kopp in other inquiries. 
If solutions of various salts, each containing one gram- 
equivalent per litre, are considered, it is found that the 
differences between the specific gravities of solutions which 
contain two specified metals in combination with the same 
acid have an equal value, whatever be the acid, and, 
similarly, that the differences between the specific gravities 
of the solutions of two salts of the same acid are indepen- 
dent of the nature of the metal of the salts. The specific 
gravity of a salt-solution is obtained by adding, to a normal 
value, two numbers, one of which is determined by the 
metal and the other by the acid. Valson called these 
numbers moduli. He selected a liquid of very low specific 
gravity, viz. solution of ammonium chloride with S.G. 
1-015, as the standard solution. It would have been better 
had he chosen water ; it would then have been necessary 
to increase one series of moduli by 15. Valson's table is 
appended ; the numbers are referred to equivaleiit qaantities 
(H = 1), e.g. Mg is calculated as 12-2 and not as 24-4. 
The numbers are multiplied by 1,000. 

' Gompt. rend. 73, p. 441 [1874]. 
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Ammonium 






. 


Cadmium 


61 


Potassium 






. 30 


Lead 


103 


Sodium . 






. 25 


Silver .... 


105 


Calcium 






. 26 


Chlorine 





Magnesium 






. 20 


Bromine 


34 


Strontium 






. 55 


Iodine .... 


64 


Barium . 






. 73 


Sulphate 


20 


Manganese 






. 37 


Nitrate . 


15 


Iron 






. 37 


Carbonate 


14 


Zinc 






. 41 


Bicarbonate 


16 


Copper . 






. 42 







To find the specific gravity of a normal solution of 
potassium nitrate, for instance, it is necessary to add to the 
standard number, 1-015, the number -03 for potassium, 
and "015 for nitric acid ; the result is 1-06, which agrees 
with the experiments. The rule holds only for dilute 
solutions. An extension has been made to solutions of any 
concentration by C. Bender.' This investigator divided the 
differences of specific gravities by the number of equiva- 
lents, and found that the quotients agreed with Valson's 
moduli. In other words, he found that the difference be- 
tween the specific gravities of the solutions of two substances 
containing equal numbers of gram-equivalents in a litre ^ was 
proportional to the number of the equivalents. The follow- 
ing table illustrates this rule ; /* is the number of equiva- 
lents, and A is the difference of specific gravities : — 



H- 


NH.C1 


KOI 


KCl^ 


NaCl- 


LiCl^ 


JBaCL- 


1 






^ 


M- 


1^ 


f 


1-0157 


1-0444 


287 


244 


78 


738 


2 


1-0308 


1-0887 


289 


240 


78 


736 


3 


1-0451 


1-1317 


289 


238 


— 


732 


4 


1-0587 


— 


— 


234 


79 


— 


5 


1-0728 


— 


— 


232 


76 


— 



The specific gravities of solutions of NH^Cl and KCI 
are given in the table, only the differences are shown for 

' Wied. Ann. 20, p. 560 [1883]. 

^ Bender did not consider solutions containing one gram-equivalent in 
one litre of water, but those which contained one or several equivalents per 
litre of the whole solution. 
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the other salts. The differences divided by the number of 



equivalents are placed under K CI 



/* 



The other columns 



contain values for other salts calculated in the same way, 
all being compared with sal-ammoniac. Almost all the 
quotients decrease as /^ increases ; but this depends only 
on the choice* of the liquid for comparison — had NaCl been 
chosen the quotients would have remained more nearly con- 
stant. The quotients — are the moduli of Valson. The 

specific gravity of any solution containing /i equivalents in 
a litre is, then, obtained by adding the moduli of the salt, 
multiplied by /a, to the specific gravity of a solution of 
sal-ammoniac which contains the same number of equiva- 
lents. The following values for the moduli were obtained 
by Bender ; they hold good at 18° : — NH^ = 0, K = 296, 
Na = 235, Li = 72, iBa = 739, ^Sr = 522, ^Ca = 282,' 
iMg = 221, iZn = 410, ^Cd = 606, iCu = 413, ^Ag 
= 1069, CI = 0, Br = 370, I = 733, NO3 = 160, ^80, 
= 200. 

To take an instance : it is required to find the specific 
gravity of a solution of calcium bromide containing 3 
equivalents per litre. To the specific gravity of the corre- 
sponding solution of sal-ammoniac, viz. 1-0451, add 3 
(•0282 + -037) = -1956 ; the result is 1-2407 ; the number 
observed by Kremers was 1-2395. The specific gravities 
of sal-ammoniac solution are 



n 


S.G. 


1 
2 
3 

4 


1-0153 
1-0299 
1-0438 
1-0577 



One must not deceive oneself as to the consequences of 
these results. The stoichiometrical law on which they are 
based is not set forth clearly ; the method is not a rational 
one, inasmuch as it does not rest upon simple and present- 
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able conceptions. It was pointed out before, that the 
notion of specific gravity is not suited for representing 
stoichiometrical laws, because the quantities dealt with are 
not comparable ; the conception of specific, or molecular, 
volume should be employed. The extension of Valson's 
law to solutions of different concentrations is made possible 
by the fact that equivalent salt- solutions contract nearly 
equally on dilution. The magnitude of the contraction is 
unimportant ; a mean value is easily found which leads to 
results that are more in keeping with experiment than those 
calculated on the arbitrary assumption that all salt- solutions 
contract to the same extent as solution of ammonium 
chloride. 

The reason for the observed regularities which, as has 
been said, afford only a somewhat distorted representation 
of the true laws regarding the molecular volumes of salt- 
solutions, is to be found in the regular volume-changes 
which accompany the formation of salts in aqueous solutions. 
Before considering these volume-changes, notice should be 
taken of an investigation made by Groshans ' in which an 
addition is made to the molecular method of regarding the 
phenomena. Groshans found that the difference between 
the molecular volume of a salt-solution and that of the 
water in the solution decreases as the quantity of water in- 
creases, but approaches a limit asymptotically. This limit 
of the difference which may be regarded as the molecular 
volume of the dissolved salt, was determined by help of an 

interpolation-formula, d = 1 + , where d = specific 

gravity, iv = quantity of water referred to unit quantity of 
the salt, and a and /3 are constants. The limiting values 
thus obtained show a close correspondence with Valson's 
law of the moduli, for they are found to be the sums 
of two constants, one of which is determined by the acid 
and the other by the base. The farther development made 
by Groshans is not based on those limiting values, or ' rests,' 

■ Wisd. Ann. 23, p. 492 [18831. 
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as he calls them, but on the values of the quantity a, which 
is defined by the relation r — a {1 —J^, where r = the 
' rest ' and yfe-^ the molecular weight of the salt. This 
quantity has rather a complicated signification ; it is the 
amount by which the specific volume of the ' rest ' is less 
than unity. The further conclusions of Groshans become 
unreal ; they are algebraical relations without physical 
significance. The unsuitability of specific gravity to 
stoichiometrical considerations becomes evident once more ; 
had the author kept to the consideration of molecular 
volumes, and had he not brought in the quantity a in place 
of the specific gravity formula, his determinations of the 
volume-components of infinitely dilute salt-solutions would 
have been of great stoichiometrical interest. 

5. Changes of volume in chemical processes. — Valson's 
law of moduli bears a very close relation to the volume- 
changes which accompany chemical processes occurring in 
aqueous solutions. In 1859, Gerlach ' announced the im- 
portant fact that expansion, and not contraction, occurs 
when a solution of potash is neutralised by dilute acids. 
After this, Tissier ^ carried out experiments on the subject. 
Inasmuch as the chief results of this meritorious work do 
not belong to our present purpose, they are not given here. 
It may be mentioned, however, that Tissier established by 
direct experiments the expansion of alkali solutions on 
neutralisation which had been deduced by Gerlach by cal- 
culation. Solutions of ammonia showed contraction. 
Tissier explained this by supposing that water is formed 
when potash or soda is neutralised, but not when ammonia 
is neutralised. But it is to be noted that the volume- 
increase m the former cases is greater than the volume of 
the water formed, and that the atoms which formed water 
could not be supposed to have occupied no space before the 
neutralisation. 

At a later time J. Eegnauld ^ published some similar 

' Salzlosungen (1859), p. 73. " Jahresber. 1859, p. 45. 

= Ibid. 1865, p. 69. 
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measurements which, on the whole, confirmed the former 
results : expansion occurred on neutralisation of potash, 
soda, baryta, and thallium oxide ; contraction occurred with 
ammonia and ethylamine. Eegnauld's explanation was 
the same as that given by Tissier. 

An extended investigation of the volume-changes which 
accompany the neutralisation of solutions of potash, soda, 
and ammonia, by various acids, led me ' to sto'ichiometrical 
relations, which make clear the cause of the law of Valson. 
The solutions employed contained one gram-equivalent of 
the base, or acid, in one kilogram ; the changes of volume 
are expressed in cubic centime. It appears that the volume- 
change is dependent on the nature both of the acid and of 
the base, but that the difference of the volume-changes 
which accompany the neutralisation of two different bases 
by one and the same acid is the same whatever acid is used. 
In the same way, the difference in the neutralisation of any 
acids by the same base is independent of the nature of the 
base. The following table represents the relations in 
question : — 

Volume-changes accompanying Neuteaiisatioii. 





Potash 


Diff. 


Soda 


Diff. 


Ammonia 


Difl. 


Nitric acid 


20-05 


-28 


19-77 


26-21 


-6-44 : 26-49 




(-53) 




(-53) 




(-13) 


Hydroclilorio acid . 


19-52 


•28 


19-24 


25-81 


-6-57 , 26-09 




(-42) 




(-43) 




(-13) 


Hydrobromic „ . 


19-63 


•29 


19-34 


25-91 


-6-57 i 26-20 




(-25) 




(-23) 




(■00); 


Hydriodio „ . 


19-80 


-26 


19-54 


25-98 


-6^44 26-24 




(7-69) 




(7-64) 




(7-15) 


Formic ,, . 


12-36 


•20 


12-16 


25-75 


-13-59 25-95 




(10-53) 




(10-49) 




(9-82) 


Acetic „ . 


9-52 


-24 


9-28 


25-55 


-16-26 1 25-78 




(9-19) 




(9-14) 




(8-65) 




Monochloracetic acid 


10-86 
(7-10) 


-23 


10-63 
(7'07) 


25-72 


-15-09 
(8-45) 


25-95 


Dichloracetic „ 


12-95 
(2-69) 


■24 


12-70 
(2-70) 


25-68 


-12-98 
(2-23) 


25-92 


Trichloracetic „ 


17-36 

(12-22) 


•29 


17-07 
(12-09) 


25-74 


-8-67 
(11-38) 


26-03 


Propionic „ 


7-83 


-15 


7-68 


25-50 


- 17^82 


25-65 



J.fur^raU. Chemie (2), 18, p. 353 [1878J. 
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Volume-chanoeS Accompanying Neutralisation. 





Potash 


DifE^ 


Soda 


DM. 


Ammonia 


Difl. 


Butyric acid 


(13-07) 
6-98 


1 
-14 


(12^93) 
6^84 


25-47 


(12-19) 
-18-63 


25-62 


Ipobutyric „ 




(13-75) 
6-30 


•13 


(13-60) 
6-17 


25^44 


(12-83) 
-19-27 


25-57 


Glyeolic „ 




(10-43) 
9-62 


-10 


(10-25) 
9-52 


26^02 


(10-06) 
-16-50 


26-12 


Lactic „ 




(11-78) 

8-27 


•14 


(11-64) 
8-13 


25^87 


(11-30) 
-17-74 


-26-01 


Sulphuric „ 




(8-15) 
11-90 


■42 


(8-29) 
11-48 


25-83 


(7-91) 
-14-35 


26-25 


Oxalic „ 




(10-16) 
9-89 


-14 


(10-02) 
9-75 


25-87 


(9-68) 
-16-12 


26-01 


Succinic ,, 




(11-82) 
8-23 


-30 


(11-84) 
7-93 


25-56 


(11-19) 
-17-63 


25-86 


Malic 




(11-43) 
8-62 


•12 


(11-27) 
8-50 


25-94 


(11-00) 
-17-44 


26-08 


Tartaric „ 




(10-64) 
9-41 


•17 


(10-53) 
9^24 


26-20 


(10-52) 
-16-96 


26-37 



The numbers in the column headed ' Diff.' represent the 
volume-changes of potash viinus soda, soda minus ammonia, 
and potash 7ninus ammonia. The numbers in brackets 
placed above the values of the volume-changes represent the 
differences between the acid, in each case, and nitric acid. 
It is evident that the differences in the vertical columns, and 
the differences (in brackets) in the horizontal columns, 
remain nearly constant. The results also show the limits 
within which the law holds good, and make it clear that 
this law, like so many others, is only approximately correct. 
Similar laws hold good, as has been pointed out already, 
for very many other properties, both of solutions and of 
simple substances. All such laws may be expressed thus : 
the changes of properties which occur in chemical processes 
between analogous salts are composed, additively, of tioo con- 
stants, one of which belongs to one component and the other to 
the other component ; and each of these constants is inde- 
pendent of the substance tvith which the component may react. 
In the especial case under consideration, the volume-change 
is the sum of two changes, one of which is dependent only 
on the acid and the other only on the base. It is possible 
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that a third quantity is to be added to the sum of these two, 
which is independent of the two components and is con- 
ditioned only by the nature of the chemical change, which, 
in the present case, is formation of salts ; the third quantity 
must have a constant value. If the parts contributed by 
the acids to the total volume-change be represented by a, 
a', a" . . . . , and the parts contributed by the bases by 6> 
h', h", . . . . , and if c be the constant dependent on the 
nature of the change, then the following schematic table 
gives a systematic arrangement of the volume-changes : — 

a + h + c a' + h + c a" + l + c . . . 
a + h' + c a' + h' + c a" + I' + c . . . 
a+h"^c a' + h"-[-c a"+b"+c . . . 

The differences are here subjected to the same law as was 
found to hold good for the experimentally determined 
volume-changes : each term in a horizontal series deducted 
from the corresponding term in another horizontal series 
gives the same value, and the same value is also obtained 
by deducting any term in a vertical series from the corre- 
sponding term in any other vertical series. 

The connexion between these relations and Valson's 
law of moduli is obvious. The volume-change which occurs 
when a base is neutralised by different acids, consists of a 
constant part belonging to the base, and a changeable part 
which has a definite value for each acid ; i.e. the volume of 
the solution which is produced is the sum of two parts, one 
depending on the base and the other on the acid. What 
.holds good for the volumes also holds good, although less 
rigorously, for their reciprocals, the densities. As the 
volumes do not differ much from unity, the approximate 
method of calculation may be used, wherein a and /3 being 

small numbers, , -, is put as equal to 1 — a — /S. 

1 + a + p 

The fact that the volume of a salt-solution is equal to 
the sum of two volume-constants which belong to the two 

s 2 
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ions of the salt in solution, has been discussed more fully 
of late years, especially by Nicol,' but no important new 
developments have been made. Measurements of the 
volume-components, corresponding with Valson's moduli, 
have not been made for any wide range of substances. Nicol's 
observation ^ deserves notice, that there seems to be a con- 
stant difference between the volumes of equivalent solutions 
of the sodium salts of the fatty acids as an homologous 
series of these acids is ascended. The following numbers 
were obtained for the volumes of Na 4 + 100 H„0 at 20° : — 







A 


Fonnate . . . . 

Acetate 

Butyrate 


1825-2 
1840-1 
1867-5 


14-9 
13-7 X 2 



It is likely that relations will be found in such cases which 
will resemble those that prevail for the molecular volumes 
of organic compounds. 

6. Thermal expansions of solutions. — Inquiry into the 
changes which aqueous solutions of salts undergo when 
heated has accompanied the development of trustworthy 
methods for finding the specific gravities of these solutions ; 
but the subject has scarcely advanced beyond finding em- 
pirical and practical relations. Data have been accumulated 
by Bischoff, Muncke, and Despretz, for special cases of solu- 
tions of common salt and sea- water. The subject was taken 
up systematically by Gerlach,^ and at the same time by Kre- 
mers ; ■* to the latter we owe a large series of observations. 
Marignac also made investigations on this subject in 1870. 

It may be said, generally, that the expansion of salt- 
solutions is the more uniform the more concentrated the 
solutions. While the volume- curve of water is much 
curved, that of a salt-solution more and more approaches a 

' Fhil. Mag. (5) 16, p. 121 [1883] ; 18, p. 179 [1S84]. 
2 Ibid. (5) 16, p. 131 [1883]. 

^ Spec. Oewichte der SaUlOsungen, Freiberg, 1859. 
* Fogg. 100 to 120 [1857-62]. 
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straight line. In consequence of this, solutions of salts 
expand to a greater extent at low temperatures than water ; 
and as most salt-solutions show only a slightly greater 
volume-increase (and some show a smaller increase) than 
water up to 100°, the difference between the expansion-co- 
efficients becomes smaller, and generally changes its sign 
before 100° is reached. There is, then, a temperature 
whereat the expansion-coefficient of a salt-solution is the 
same as that of water. According to M. P. de Heen,' this 
temperature is dependent only on the nature of the salt, 
and not on the concentration of the solution, and the 
following are the temperatures for some salts : — LiCl 30°, 
NH.Cl 35°, NaCl 55°, KCl 50°, MgCl^ 35°, CaCl^ 45°, BaCl^ 
50°, AlCl, 37°, Na^COj 67°, K^CO, 65°, NH^NO, 70°, KNO3 
70°, Na^SO^ 60°, K^SO^ 60°, NaC^HjO^ 80°. The tempera- 
ture increases with increase of atomic weight for similar 
salts, e.g. the alkali chlorides ; in some other cases the 
temperature is the same. 

This fact is very closely related to another which was 
discovered by Kremers at a much earlier date. If the 
volume of water in various salt- solutions is taken as 100, 
the values of the volumes of the solutions follow a charac- 
teristic course : they increase with increasing temperature, 
reach a maximum, and then decrease. The following table 
illustrates this behaviour ; the numbers hold good for three 
equivalents in one litre of water : — 



( 


LiCl 


NaCl 


KCl 


iMgCl, 


IZnCI, 


0° 


105-57 








102-89 


103-27 


19-5 


105-80- 


105-90 


109-10 


108-16 


103-97 


40 


105-79 


106-16 


109-29- 


103-18- 


104-39 


60 


105-64 


106-22- 


109-29 


103-04 


104-72 


80 


105-38 


106-14 


109-18 


102-80 


104-97 


100 


105-05 


105-97 


108-96 


102-45 


105-15 



The numbers in the last column, -^ZnClj, show that the 
behaviour is not universally the same. 

' Physique comparie, Bruxelles, 1883, p. 76. 
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The numbers in this table may be taken as giving the 
volumes which are occupied by 100 c.c. of water, at 
different temperatures, when equal weights of different 
salts are dissolved therein. This volume at first increases 
as temperature rises, then reaches a maximum, and then 
decreases. If the excess over 100 be looked on as the 
volume of the dissolved salt at different temperatures, then 
this volume increases, attains a maximum, and decreases. 
The expansion-coefficient of the dissolved salt is equal 
to zero at the maximum, inasmuch as it changes from 
a positive to a negative value, and the expansion-coefficient 
of the solution, which is made up of the sum of the 
coefficients of water and the salt, agrees with that of water. 
A comparison of the results obtained by de Heen with those 
in the above table' shows a close agreement. Kremers 
also found that the temperature of maximum expansion is 
influenced by the concentration only to a very small extent. 
The characteristic course which is followed by the 
(fictitious) volume of the dissolved salt is distorted to some 
extent in the tables of Kremers by an error of calculation. 
Kremers always puts the volume of the water at the speci- 
fied temperature as 100, and he forgets that the numbers 
do not then refer to equal quantities of the solutions but to 
quantities which are related as the specific gravities of 
water. If the numbers in Kremers' tables are calculated 
rightly, the maximum appears as shifted for the most part 
to somewhat higher temperatures. In order to explain this 
anomaly, it is of course not necessary to assume that the 
salt contained in the solution really contracts with in- 
creasing temperature. As a matter of fact it expands. 
But, at the same time, the contraction which occurs during 
solution becomes greater as temperature rises, and the 
maximum is situated at the point where this begins 
to overcome the expansion which the salt itself undergoes 
by the heat ; for it is not the volume of the dissolved salt 
that is observed, but this minus the contraction that occurs. 
' Pogg. 106, p. 382 [1858]. 
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These relations have not yet been expressed in simple 
laws ; Kremers' investigations • contain a rich collection of 
material for calculation. 

A very extensive and accurate investigation of the 
specific gravities and thermal expansions of solutions of 
calcium chloride and sodium carbonate was published by 
G. J. W. Bremer.^ As the observed regularities are con- 
fined to the special substances which were examined, it is 
enough for our purpose to give a reference to the original 
memoir. 

7. Compressibilities of salt-solutions. — The older observa- 
tions of Colladon and Sturm, and others, on the compressi- 
bilities of salt-solutions were not made from the stoichiome- 
trical standpoint, and they have no special application in 
that direction. Eontgen and Schneider ^ were the first to 
inquire into the subject in order to find stoichiometrical 
relations ; they determined the compressibilities of a 
number of comparable solutions, and obtained the following 
values for compressibility-coefficients. The numbers re- 
present the apparent compressibilities, i.e. the compressi- 
bilities without taking into consideration the change of 
volume of the instrument ; the apparent compressibility of 
water is taken as 1,000. The first table refers to solutions 
containing 1| gram-molecules of each salt per litre ; the 
second refers to •? normal solutions. 







I'o NoRMAii Solutions. 






■ 


H 


nh. 


888 


K 


Na 


I — 


910 


869 


863 


-N03 . 






958 


908 


870 


863 


853 


Br 






960 


910 


869 


862 


851 


CI 






949 


901 


858 


848 


837 


OH 






1000 


972 


793 


777 


770 


SO^ 






920 


741 


655 


— 


— 


CO3 . . 




, 


— 


— 


638 


631 



■ Pogg. 100, p. 394; 105, p. 360; 108, p. 115; 111, p. 60; 114, p. 41 ; 
120, p. 493. 

2 Bee. Trav. Nierland, 7, p. 269 ; and Zeitschr. f. physikal. Chemie, 
3, p. 423 [1888]. ' Wied. Arm. 29, p. 105 [1886]. 
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0-7 NoEMAi Solutions. 





H 


NH, 


Li 


K 


Na 


I 





954 


940 


932 


924 


N03 . . 


981 


954 


934 


930 


922 


Br .... 


981 


953 


934 


930 


923 


CI .... 


974 


945 


928 


919 


917 


OH 


1000 


992 


895 


884 


881 


SO^ 


970 


853 


813 


804 


803 


COa . 


— 


— 


— 


798 


797 



Eontgen and Schneider draw the following conclusion& 
from this table. 

' The substitution of one constituent of the compound in 
solution by another, e.g. I by NO3, Br, CI, OH, SO4, or CO3, 
alters the compressibihty of the solution to an extent which is 
only shghtly dependent on the nature of the other constituent of 
the compound (H, NH4, Li, K, Na). It appears, then, as if each 
constituent of a chemical compound ' exerted a specific effect on 
the compressibility of the solution of that compound, which 
effect is only shghtly modified by replacing the other constituents 
by different substances ; or, in other words, it seems as if the 
components of the dissolved body, and not the compound in 
which these components are contained, had the greatest influence 
on the compressibihty of the solution.' 

Water and ammonia are exceptions. The authors work 
out the possible causes of this : it is sufficient for us to 
notice that the constitution of each of the exceptional solu- 
tions is shown to be different from that of the other solutions 
examined by the fact that the two solutions in question are 
the only ones which are very bad conductors of electricity. 

A research of Schumann^ into the compressibihties 
of aqueous solutions of chlorides does not add to the results 
of Eontgen and Schneider. Schumann found that fairly 
constant products were obtained by multiplying the differ- 
ences between the compressibilities of salt-solutions of 
specified contents (e.g. 10 per cent.) and that of pure water 
by the equivalents of the salts ; the products sometimes, 
however, differed by as much as 20 per cent. This seemed 
to show that the effects of the metallic constituents of the 

' This statement does not hold good for chemical compounds in general, 
but only for salts. ^ yfrig^^ ^„^_ 31^ p^ I4 [1887]. 
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chlorides examined by Schumann had nearly equal values in 
equivalent solutions ; the method of representation adopted 
byEontgen and Schneider is, however, much more in accord- 
ance with the facts. 

8. Freezing-points of salt- solutions. — Observations show 
that the freezing-points of salt-solutions do not follow the 
simple laws which express the facts regarding the freezing- 
points of solutions of indifferent substances. The depres- 
sions of the freezing-points of salt-solutions are greater than 
the depressions which correspond with the molecular weights 
of the salts. 

To bring these deviations within the scope of the ex- 
pression pv ■= K T, which holds for solutions of indififerent 
substances, van 't Hoff added a coefficient i, and wrote the 
equation for salt-solutions &spv = i b t. The values of i 
were found to be always greater than unity. The values 
were approximately equal for similar salts ; this follows 
immediately from the fact, enunciated by de Coppet, that 
the molecular depressions of freezing-point are equal for 
solutions of similar salts. The quantity i, which was at 
first regarded by van 't Hoff as a constant, was found to 
depend on concentration, in the way that i regularly de- 
creased as concentration increased. This changeability is 
very small for salts of the type of potassium chloride, it is 
more marked for salts of the type of barium chloride, and 
it reaches a maximum for salts which consist of polyvalent 
positive and negative ions. 

If attention is confined to solutions of medium concen- 
tration, the depressions of the freezing-points of salt- 
solutions may be regarded, as was shown by Eaoult, as an 
additive property. Eaoult ^ gives the following rules. The 
molecular depression, calculated for one gram-molecular 
weight of salt in 100 grams of water, is the sum of the fol- 
lowing constants : — 

Monovalent negative radicles (CI, OH, NO3, &o) . . .19 
Divalent „ „ (SO^, CrOj, &c.) .... 9 

Monovalent positive „ (K, H, NHj, &c.) . . 16 

Di- or poly-valent „ (Ba, Mg, Al, &o.) . 8 

' Ann. Chim. Phys. (6) 8, p. 321 [1886]. 
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The molecular depression for BaClj, e.g., is 8 + (2 x 19) 
= 46 ; for AICI3 it is 8 + (3 x 19) = 60. 

Although Eaoult's method of calculation can lead only 
to approximate values for the molecular depressions of salt- 
solutions of mean concentration, because of the change- 
abihty of the quantity i, nevertheless the applicability of 
this method shows that this property of salts is the sum of 
the properties of their ions and is conditioned by the nature 
of the compound only in a secondary way. 

The dependence of i on the concentration is apparent 
from the foUowingnumbers, which are given by Arrhenius ' : — 



c 


f 


_._ . ' 1 


c 


t \ 


t 


Sodium Chlokide. 


Lithium Chloeide. 


0-117 
0-194 
0-324 
0-539 


0-424° 
0.-687 
1-135 
1-894 


1-93 
1-87 
1-86 
1-85 


0-099 
0-165 
0-275 
0-458 


0-363° 
0-606 
1-019 
1-729 


1-94 
1-94 
1-95 
2-00 


SiLVEB NiTEATE. 


Potassium Sulpha 


TE. 


0-056 1 0-214 
0-140 ; 0-501 
0-341 1-143 


1-86 
1-81 
1-73 


0-036 
0-091 
0-227 
0-455 


0-184 
0-405 
0-950 
1-755 


2-68 
2-35 
2-21 
2-04 


Sodium Sulphate. 1 


Steontium Chloei 


DE. 


0-0280 
0-0701 
0-117 
0-195 


0-141 
0-326 
0-515 

0-817 


2-66 
2-46 
2-33 
2-21 


0-043 
0-107 
0-214 
0-356 


0-231 
0-523 
1-053 
1-791 


2-84 
2-59 
2-60 
2-66 


Cadmium Iodide. 


Cadmium Sulphai 


'E. 


0-0544 

0-136 

0-342 

0-684 


0-161 
0-320 
0-715 
1-523 


1-57 
1-24 
Ml 


0-042 
0-104 
0-196 
0-489 
0-815 
1-36 


0-108 
0-237 
0-420 
0-938 
1-535 
2-68 


1-37 
1-21 
1-14 
1-02 
0-99 
1-04 


SuLPHUEOus Acid. 


Oxalic Acid. 




0-091 ' 0-259 ' 1-51 
0-159 0-410 1-36 
0-279 0-690 1-31 
0-466 1-16 1-32 
0-820 i 2-01 ! 1-30 


0-069 
0-131 
0-247 


0-211 
0-375 
0-650 


1-62 
1-51 
1-40 



Zeiischr. f. physikal. Chemie, 2, p. 496 [1888]. 
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The eetting-forth of the laws which express the dependence 
of the changes in the values of i on the concentration does 
not concern us here. 

9. Vapour-pressures of solutions of salts. — The earliest 
knowledge of the regularities which hold with regard to the 
vapour-pressures of solutions was gained by the study of 
aqueous solutions of salts, and these solutions still form the 
hest known part of the subject. It is, therefore, sufficient to 
refer to the exposition in Chapter VII. ; the relations which 
exist may be traced from the tables on pp. 191-193. 

The comparison of the results is made difficult by the 
circumstance that the proportion between the depression of 
vapour-pressure and the contents of the solution is by no 
means constant, but sometimes increases and sometimes 
decreases as concentration increases. By comparing the 
measurements of solutions having the smallest contents, 
n = -5, the following results are obtained. 

Salts of the type m' r', where m' is a monovalent metal 
and e' is a monovalent negative ion, in half-normal solu- 
tions, show a depression of vapour-pressure of 10'5 to 12-5 
mm. This gives a value for n equal to from -77 to -91, in 

place of -5, by using the formula ^ ~ -^ ~ - , and putting 
J) — p' = 10"5 to 12*5, and 2? = 760, the number of mole- 
cules of water in a litre being n = -^^- = 55-6. The 

18 

value of i in van 't Hoff's formula, pv = iet, amounts. In 
these cases, to from 1-54 to 1-82. If the substances were 
completely dissociated, i must be equal to 2, and the de- 
pression of vapour-pressure must amount to 13-7 mm. 
The values for the hydrochlorides of the amines, especially 
for tri-ethylamine hydrochloride, are remarkably small. It 
is probable that this is to be attributed to the vaporisation 
of a small quantity of the amine, whereby the vapour- 
pressure is raised, and, therefore, the depression is made to 
appear too small. The hydroxides of lithium and potas- 
sium form exceptions in the opposite direction ; the values 
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of i in these cases are greater than 2. This is the more re- 
markable as sodium hydroxide shows a normal behaviour. 

The compounds of the type m\ e" behave somewhat 
irregularly. As one molecule can separate into three ions, 
the maximum depression of vapour-pressure for ^ normal 
solutions is 20*5 mm. The numbers actually observed vary 
for the most part from 13 to 15, which correspond with 
values for i from 2 to 2'2. 

Compounds of the type m" e'j show much greater regu- 
larities. The depressions vary between 15 and 17 mm. ; 
the corresponding values of i are 2-2 to 2-5. Individual 
exceptions are noticeable ; e.g. the depressions of the vapour- 
pressures of solutions of the halogen compounds of mercury 
and cadmium are very small. It will be shown later ' that 
the other properties of these solutions indicate a very small 
amount of dissociation of the dissolved salts. 

The salts of the type m" r" depress the vapour-pressure 
of water to a remarkably small extent. We find here 
several values less than 6-8 mm., which is the number that 
corresponds with the condition of no dissociation. 

A much better insight into these relations would have 
been obtained had a number of more dilute solutions been 
examined first of all. For the osmotic pressure at 100° in 
a half normal solution, to which the comparisons must be 
confined, amounts to at least 15 atmospheres, and rises to 
30 or 40 atmospheres when the substance in solution is 
dissociated. It is not to be wondered at that considerable 
deviations from the simple law became apparent under the 
circumstances. 

10. Colours of salt-solutions. — The colour of solutions is 
a property which is generally altogether constitutive, but for 
solutions of salts this property is additive. This result might 
be expected from the considerations which led to the sup- 
position that the ions of a salt in solution exist independ- 
ently one of the other ; the fulfilment of chis expectation is, 
in turn, a very strong proof of the accuracy of the supposition. 
' In another part of the Lehrbvch. —Translator. 
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The colours of salt- solutions are essentially the colours 
of the parts of molecules, or ions, contained therein, and all 
salt-solutions which contain a certain ion must exhibit the 
characteristic colour of that ion. Should the expected 
colour not appear, we may conclude that the corresponding 
ion is absent. 

The red colour of dilute solutions of cobalt salts, for in- 
stance, indicates the presence of cobalt-ions. The sulphate, 
nitrate, chloride, &c., have the same colour in solution ; the 
colour is independent of the nature of the negative ions. 
If one of these solutions is boiled with an excess of potas- 
sium cyanide, it is decolorised, and the colourless solution no 
longer shows the reactions of cobalt. The compound potas- 
sium cobalticyanide, K3Co(CN)g has been formed ; the ions 
of this compound are 3K and Co(CN)5 ; free cobalt-ions are 
no longer present. The green colour of a solution of a nickel 
salt is changed, under the same conditions, to yellow, which 
shows that the nickel-ions have entered into combination. 

If the foregoing statement is correct, the intensity of 
the coloration of those salts whose ions are coloured must 
be proportional to the quantity of these ions, supposing 
that the part of the salt which is not separated into ions 
is itself colourless. An experimental examination of this 
question would not present special difficulties, but it has 
not been carried out as yet. 

Special relations are observed when the non-dissociated 
salt is itself coloured. For instance, anhydrous cupric 
chloride, or a solution of this salt in indifferent solvents 
(wherein it is not separated into ions), is coloured intensely 
yellowish brown. Therefore, a solution of this salt, which 
contains many free ions of Cu and CI, but also a certain 
amount of undissociated molecules of CuClj, will show the 
colour which results from mixing the blue of the copper- 
ions with the yellow of copper chloride. Agreeably with 
this conclusion, it is found that very dilute solutions 
of copper chloride — which contain but little undissociated 
salt — are blue, like solutions of other copper salts ; but the 
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more concentrated the solutions become, and therefore the 
greater becomes the number of the non-dissociated molecules, 
the more does the colour incline towards green. Addition 
of hydrochloric acid, or raising the temperature, acts in the 
same way as increasing the concentration ; in both cases, 
the number of copper-ions decreases, and the number of 
the undecomposed molecules of copper chloride increases. 

The colour-changes shown by the indicators which are 
employed in the volumetric estimations of acids and alkalis 
belong to the class of phenomena now under consideration. 
Two conditions must be fulfilled in order that a colouring 
matter shall exhibit such a change : it must have an acidic 
or basic character, and it must not be a strong acid or base. 
The difference of colour shown in acid and alkaline solutions 
indicates that the colour of one of the ions of the substance 
is different from that of the non-dissociated substance. 

Para-nitrophenol is an example of an indicator of acidic 
character. This compound is colourless when solid, or 
when dissolved in alcohol, in which solution no dissociation 
takes place. An aqueous solution, which contains a small 
number of negative ions C5H4.NO2.O, is somewhat coloured; 
but when addition of an alkali, e.g. soda, causes formation 
of the salt CgH^.NOj.ONa, which salt separates almost 
wholly into its ions, the intensely yellow colour of the ion 
C5H4.NO2.O comes suddenly into view, and enables the 
change from the acidic to the neutral or alkaline reaction 
of the solution to be distinguished very sharply. 

The behaviour of the basic indicators, e.g. cyanin, is 
quite similar to that of the acidic indicators. A solution 
of the free base, which is but slightly dissociated therein, 
has the blue colour of the undecomposed compound ; when 
addition of an acid changes the base into a salt, the free ion 
of the salt is colourless. 

These examples show that sometimes it is the free ion, 
and sometimes it is the undecomposed compound, which is 
coloured. This depends upon the fact that the absorption 
in either case takes place in the region of the invisible rays. 
The absorption often remains in the visible spectrum, and 
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only changes its position ; this occurs with all indicators 
which do not change from a colourless to a coloured state, 
but only show a change of colour, e.g. litmus. 

The second condition which must be fulfilled by an 
indicator, viz. that the substance must not be a very strong 
acid or base, depends on the fact that strong acids and 
bases are dissociated almost completely in solution. Per- 
manganates, for instance, do not change colour whether 
their solutions are acidified or made alkaline. Perman- 
ganic acid is such a strong acid that a solution of it consists, 
practically, of the ions H and Mn04. If this is changed 
into a salt, e.g. KMn04, a dilute aqueous solution of this 
salt consists, essentially, of the ions K and Mn O4, and so 
there is no reason why a colour-change should take place. 

Chromic acid, and the chromates or dichromates, furnish 
a somewhat more complicated case. Solutions of the 
chromates are clear yellow; solutions of the dichromates 
are red-yellow. Free chromic acid has the same colour, 
and shows exactly the same absorption-relations,' as the 
dichromates. The chromates must, therefore, contain an 
ion different from that of the dichromates, and of free 
chromic acid. The first part of this statement is self- 
evident ; the ions of potassium chromate, for instance, are 
2K and Cr04, those of potassium dichromate 2K and Cr^O,. 
That a solution of chromium trioxide does not contain the 
ions 2H and Cr04 — if it did, the colour of the solution 
would be yellow — but the ion CrjO,, as may be concluded 
from the colour, and that this solution is a solution of 
dichromic acid, H2Cr20„ was shown by me^ from the 
behaviour of the solution in question towards the electric 
current and on freezing. 

Fiaally it may be mentioned that all these considera- 
tions must hold good for the wave-lengths which lie outside 
of the visible spectrum, as well as for the visible rays. A 
confirmation of this is found in Soret's observation,^ that 

' Settegast, Wied. Ann. 7, p. 242 [1879]. 

' Zeitschr. f. physikal. Chemie, 2, p. 78 [1888]. 

» Compt. rend. 88, p. 710 [1878] . 
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nitric acid and the metallic nitrates show the same absorp- 
tion-bands in the ultra-violet between the 16th and iSth 
cadmium-line, while the ethereal salts of nitric acid do not 
show these bands. This indicates that the bands in ques- 
tion belong to the ion NO3 ; the nitric esters contain the 
same atomic group as the free acid and the metallic nitrates, 
but that they do not contain this group as a free ion is 
shown by the circumstance that none of these esters is a 
conductor of electricity. They cannot, therefore, show the 
absorption which is characteristic of the ion NO3. 

11. Refraction-coefficients of salt-solutions. — Gladstone 
found that the difference between the refraction-equivalents 
of the salts of two different metals with the same acid, in 
aqueous solution, remains the same, whatever is the acid 
in combination with the metals. By refraction-equivalent 

n — 1 



is to be understood the quantity 



d 



m, where n is the 



refraction-coef&cient, d the specific gravity, and m the 
molecular weight, of the compound. The refraction-equi- 
valent of the dissolved salt is obtained by deducting from 
the refraction-equivalent of a solution of the form s + p HjO 
— where s signifies one molecule of the salt — the value which 
corresponds with p HjO. A number of refraction-equivalents 
thus determined are given in the following table : — 





Potassium 


Sodium 


Hydrogen 


Diff. K-Na 


Difl. K-H 
4-0 


Chloride . 


18-44 


15-11 


14-44 


3-3 


Bromide . 


25-34 


21-70 


20-63 


3-6 


4-7 


Iodide 


35-33 


31-59 


31-17 


8-7 


4-2 


Cyanide . 


17-12 


— 


— 


— 


— 


Sulphooyanide 


33 40 


— 


— 


— 


— 


Nitrate . 


21-80 


18-66 


17-24 


3-1 


4-5 


Metaphosphate 


— 


19-48 


18-68 


— 


— 


Hydrate . 


12-82 


9-21 


5-95 


3-6 


6-8 


Alooholate 


27-68 


24-28 


20-89 


3-4 


6-8 


Formate . 


19-93 


16-03 


13-40 


3-9 


6-5 


Acetate . 


27-65 


24-05 


21-20 


3-6 


6-5 


Tartrate . 


57-60 


50-39 


45-18 


3-6 


6-2 


Carbonate 


34-93 


28-55 


— 


2x3-2 


— 


Sulphate . 


30-55 




22-45 


— 


2x4-1 


Bichromate 


79-9 


72-9 


— 


2x3-5 


— 


Hypophosphite 


25-94 


20-93 


— 


2x3-0 
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The table shows that all the sodium salts, e.g., have a mole- 
■cular refraction less by 3'4, in round numbers, than the 
corresponding salts of potassium. The difference between 
the molecular refractions of the salts which have different 
negative constituents is also independent of the metalUc 
■constituent ; the iodides, e.g., show values which are very 
nearly 10 units greater than those of the corresponding 
Ijromides. 

The occurrence of constant differences between the values 
•of specified properties of a series of similar substances, 
which show equal differences of composition, is a proof that 
these properties must be looked on as additive, i.e. as the 
Bums of two values which are independent of one another, 
and each of which belongs to one of the two constituents. 
The molecular refractions of salts belong to this category. 

The foregoing table also shows that the rule ceases to be 
universally appUcable when the acids are brought into the 
■comparison. The strong mineral acids, which show a differ- 
ence compared with their potassium salts of about 4*4, vary 
much from the weak organic acids, for which the difference 
is much larger, the mean being about 6-6. These variations 
are very closely related to the deviations from the simple 
laws of solutions which are exhibited by the substances in 
question. The deviations of the salts and strong acids are 
comparable, as both show large deviations and both give 
values for i which approach the number 2. In opposition 
to this, the weak acids show normal values for i. The 
first substances are largely dissociated, the latter are only 
slightly dissociated ; in the first cases the refraction-values 
of dissociated ions are compared, and in the latter cases the 
values of the dissociated potassium-ions are compared with 
those of the undissociated hydrogen. It follows from the 
variations between the two differences that the refraction- 
•equivalent of hydrogen (calculated by the m- formula) is 
increased by about 2*2 units by the change from the state 
of combination to that of dissociation. 

These relations become very apparent in the measure- 

T 
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ments made by M. Le Blanc ' of the chlorinated acetic acids 
and their sodium salts. The following numbers were 
obtained : — 





Acid 


Sodium Salt 


Diff. 


Acetic acid .... 
Monochloracetio acid 
Diohloraoetic „ 
Trichloracetic „ 
Hydrochloric „ 


21-4 
29-7 
38-7 
47-7 
14-5 


24-5 
32-8 
41-4 
49-6 
15-8 


3-1 
3-1 
2-7 
1-9 
1-3 



While acetic acid and monochloracetic acid, which are only 
slightly dissociated in aqueous solutions, show equal differ- 
ences as against their sodium salts, the differences become 
gradually less for the other acids, the dissociation of which 
gradually increases, until they reach a minimum for hydro- 
chloric acid as compared with sodium chloride. The 
difference 1"3 is smaller than that found by Gladstone, 
which was 2"2 ; but it is to be noted that the measurements 
of Le Blanc were made for the sodium line, while Gladstone's 
determinations were calculated for the line a of the solar 
spectrum. 

12. Magnetic rotations of salts. — The extent to which 
organic compounds rotate the plane of polarisation of a ray 
of light under the magnetic influence is closely related to 
the refraction-powers of these compounds ; and a similar 
connexion between these phenomena is shown by salts and 
their solutions, but in a more marked way. 

In the first place, the specific magnetic rotation of a 
solid salt is different from that of a solution of the same 
salt. Becquerel found the specific rotation of solid sodium 
chloride to be 1-21, and that of a solution of this salt to be 
1"57, which is almost 30 per cent, greater than the value 
for the solid salt, the value for carbon disulphide being 
taken as unity. The conclusion follows that the ions, Na 
and CI, possess a greater magnetic rotation than the com- 
pound NaCl. 



Zeitschr. f. physikal. Chemie, 4, p. 553 [1889]. 
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The rotation of a mixture of different substances is 
made up of the values belonging to the several constituents, 
proportionally to the quantity of each. Perkin found that 
this statement held good also for aqueous solutions of 
indifferent substances. Perkin ^ examined formic acid, 
acetic acid, propionic acid, and alcohol. The molecular 
rotation in each case was so nearly equal to the sum of the 
rotations of the organic substance and water, that the 
supposition of the formation of a compound of these two 
was untenable. The comparison of the rotation of propi- 
onic acid + water, CjHeOj + H^O = CjHjOa, with that of 
glycerin, CjHgOg, is instructive ; the empirical composition 
is the same ; the rotation in the first case is 4-512, and in 
the second case 4-111. 

In a second communication, Perkin^ examined the 
question whether chloral hydrate contains water as such, or 
is trichlorethyUdene glycol, CCl3CH(OH)2. The numbers 
were : — 

Mol. rotation 

Chloral . . 6-590 

Chloral hydrate 7-037 

As the difference is only -447, in place of 1, which is 
the value for the rotation of H^O, the conclusion was drawn 
that chloral hydrate is trichlorethylidene glycol. The 
results obtained with acetic aldehyde were more complicated ; 
the measurements indicated that a partial combination of 
water occurred, but this combination required a consider- 
able time before it was accomplished. 

The results with sulphuric acid were different. The 
molecular rotation of this compound was found to be 2-315 ; 
as the rotation of methyl sulphate was 4-013, each methyl 
group increased the rotation by -849. Other acids gave 
values very similar to that of sulphuric acid, so that 
the behaviour of this acid was normal. After adding 
water to sulphuric acid the following results were ob- 
tained : — 

' Joum. Chem. Soc. Trans. 1886, p. 777. ^ Ibid. 1887, p. 808. 

T 2 
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Mol. rotation 


Difference 


H,RO, 

a,SOi + 2HjO .... 
H^SOj + SHjO 


2-315 
3-188 
4-113 
5-064 


■873 
•925 
•951 



The behaviour in this case differed from that observed with 
other compounds ; the addition of the first molecule of 
water increased the rotation by •873, while the increase for 
the second and for the third molecule approached the normal 
value. These results suggested the formation of a compound 
of the acid with water ; Perkin supposed that this occurred, 
although this supposition was opposed to certain facts. 

Nitric acid behaved somewhat differently.' The rotation 
of the pure acid was 1-18, and that of the aqueous solution 
HNO3 + 2-67 HjO was 3-656 ; the difference gives 2-476 for 
the rotation of the water, instead of 2-67. A decrease, 
therefore, occurred, but it was less than that noticed in the 
case of sulphuric acid. The differences between the rotations 
of nitric acid and its ethereal salts were found to be quite 
the same as those between organic acids and their esters. 

Assuming that the results for sulphuric and nitric acid 
indicate the formation of hydrates of these acids, a similar 
conclusion cannot be drawn from the results for the halo- 
gen acids. The observed results led to the following mag- 
netic rotations : HCl = 2-187, HBr = 4-016, HI = 8-211. 
Aqueous solutions of these acids gave as follows : — 



HCl 


HBr 


HI 


Per cent. 


Mol. rotation 


Per cent. 


Mol. rotation 


Per cent. 


Mol. rotation 


41-7 


4-045 


65-6 


7-669 


670 


17-769 


36-5 


4-215 


56-6 


8061 


65-1 


17-868 


30-9 


4-303 


39-7 


8-415 


62-0 


18-117 


25-6 


4-405 


24-6 


8-547 


56-8 


18-308 


15-6 


4-419 


15-5 


8-519 


42-7 
31-8 
20-8 


18-403 
18-451 
18-428 



Journ. Chem. Soc. Trans. 1889, p. 680. 
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The numbers under per cent, give the percentages of haloid 
acid in the solutions ; those under mol. rotation give the 
calculated rotations of the haloid acids. 

Instead of decreasing, as was the case with the oxyacids 
examined, the molecular rotations of these acids showed 
very considerable increases on addition of water; the 
increase amounted to about 10 units in the case of HI. 
Moreover the numbers did not remain constant, but 
increased regularly as the quantity of water increased. 
The fact that the values observed for a solution of hydro- 
chloric acid in isoamyUc ether were 2-211 and 2-265, in 
place of the calculated number 2-187, showed that the 
numbers in the above table were not to be ascribed to an 
erroneous method of calculation. 

These facts show that water exerts a special effect on 
the acids in question, and that this effect cannot be looked 
on as consisting in a combination of the water with the 
acids. It is only the strong mineral acids which experience 
this effect ; the weak organic acids show no trace of it. 

The results described in the preceding paragraphs lead 
us to seek for the cause of the phenomena in the dissociation 
of the strong mineral acids into their ions, in aqueous 
solutions. The measurements made by Perkin of the 
rotation of hydrochloric acid in isoamylic ether and in 
water, respectively, confirm this conclusion. The agree- 
ment between the values observed for the solution in 
isoamylic oxide, and the value calculated for HCl, points 
to the non-dissociation of hydrochloric acid in this solvent ; 
this is confirmed by the fact that this solution does not 
conduct electricity. 

The molecular rotations of solutions of ammonium salts 
were found to vary very little with dilution. The observed 
numbers, taken as a whole, were distinctly greater than 
those calculated from the sums of the rotations of the con- 
stituents, and the differences were nearly the same as those 
in the cases of aqueous solutions of the free acids. For 
instance : — 
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Observed 


Calculated 


DifE. 


Difl. for 
the aoia.s 


NH,C1- .... 
NH,Br . 


6-10 
10-18 
20-00 


4-30 

6-13 

10-33 


1-80 
4-05 
9-67 


2-22 

4-52 

10-22 



Similar results were obtained for the salts of the substituted 
ammonias. 

From these results Perkin concluded that the acids and 
bases in the solutions in question existed uncombined with 
one another. This conclusion is evidently inadmissible. 
For the solutions have neither the smell nor any other 
property of the free bases or acids, and the heat which is 
produced when these are brought together shows that some 
reaction, at any rate, has occurred between the acids and the 
bases. It is much better to interpret the observed behaviour 
as indicating that the solutions of ammonium salts contain 
ammonium and halogen in a state of dissociation, and 
those of the halogen acids contain hydrogen and halogen, 
and that in both cases the molecular rotations of the disso- 
ciated halogens come into play. 

This supposition receives marked support from a series 
of observations made by Perkin, but interpreted wrongly 
by him. The rotation of sulphuric acid is decreased by 
solution in water, i.e. by separation into its ions : the decrease 
amounts to -3 in concentrated solutions of the composition 
H2SO4 + 3 HjO, and probably to about 1-0 in dilute solu- 
tions. The calculated rotation of ammonium sulphate is 
5'96 ; this is obtained by adding the rotation of pure 
sulphuric acid, 2-32, to twice the rotation of ammonia, 
1"82 X 2 ; the observed rotation of ammonium sulphate is 
4-98, which is • 98 less than the calculated value. This differ- 
ence agrees with the difference between the rotations of 
non-dissociated ' and dissociated sulphuric acid, and the 



' Undiluted sulphuric acid is not dissociated, and it is not a conductor 
of electricity ; the same holds for all other acids. 
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agreement is the more remarkable as the deviation is in 
the opposite direction in this case. 

The results with nitric acid and ammonium nitrate are 
similar. Nitric acid, when as nearly as possible free from 
water, has the rotation 1-18 ; with 2-7 H^O the rotation of 
the acid is "99 ; in this case, also, the rotation of the ions 
is less than that of the undecomposed acid. In the same 
way the rotation of ammonium nitrate, 2 "32, is less than 
the calculated, viz. 3'0. It may then be concluded that 
somewhat dilute solutions of nitric acid would give an 
extremely small molecular rotation for the acid, probably 
about equal to -5. 

Unfortunately Perkin has not yet examined the ammo- 
nium salts of weak acids. There can be no doubt that such 
salts as ammonium formate &c., when in aqueous solution, 
would show molecular rotations which would not be the 
sums of the rotations of the components of the salts. But 
the rotations must be the sums of those of the components 
if Perkin's view is correct. It would be easy, then, to make 
a crucial experiment which should decide between the two 
theories. Inasmuch as Perkin is almost the only chemist who 
is in a position to measure the values of magnetic rotations, 
it is much to be wished that he would carry out this simple 
investigation. 

No extensive investigation has been made into the 
values of the magnetic rotations of other salt-solutions. 
Prom what has been done, the supposition may fairly be 
made that the property in question will be found to be an 
additive one, in the sense already explained. The determi- 
nation of the constants for the different ions has an especial 
interest, inasmuch as relations will probably be found 
between these and the periodic arrangement of the 
elements. 

13. Optical rotatory powers of salt-solutions. — The capa- 
bility which certain liquid substances possess of rotating 
the plane of polarisation of light, depends upon an altogether 
special condition or constitution of these substances, and it 
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must therefore be looked upon aa a constitutive property. 
The investigation of organic compounds which possess this, 
property has not brought to light any trace of an additive 
character in the property in question. The power of ro- 
tating the plane of polarisation depends upon the presence 
in the molecule of the compound of a so-called asymmetric 
carbon atom, and the intensity of the rotation is connected, 
in a very complicated way, with the radicles which are in 
combination with this asymmetric carbon atom. The 
following values, for instance, have been obtained for the 
molecular rotatory powers of certain compounds : — 



Methyl ester of diaoetyltartario acid 


. -14-3° 


Ethyl 


. +1-0 


Propyl 


. +6-5 


Isobutyl „ 


. + 10-3 



The molecular rotations of aqueous salt- solutions stand 
in striking opposition to the foregoing statement. The 
compounds of strong bases with weak acids, and those of 
strong acids with weak bases, follow the simple law that 
the molecular rotatory powers of these salts in somewliat dilute 
solutions are independent of the nature of the inactive parts of 
the salts. 

This statement was established by A. C. Oudemans,' 
who found especially that solutions of equal concentrations 
of salts of the mono-acid alkaloids have equal rotatory 
powers independently of the acids in combination with the 
alkaloids, and independently of whether the acids are 
present in excess or not. The salts of di-acid alkaloids 
showed certain variations, according to the strengths of the 
acids present ; but these variations disappeared when the 
acids were present in excess. 

Similar results held good for the strong acids. The 
rotations observed for the potassium, sodium, and ammo- 
nium salts of podocarpic acid were 4- 134°, 133°, and 

' Beibllitter, 9, p. 365 ; from Versl. B. Aka . Wet. Amsterdam (3), 3, 
p. 408 [1885]. 
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130°, respectively ; the following values were found for the 
salts of quinic acid : — 



K 


Na 


NH. 


Ba 


Sr 


Ca 


Mg 


48-6° 


48-9° 


47-9'' 


46-8° 


48-7° 


48-4° 


47.90 



The statement was confirmed by measurements made by 
Hoppe-Seyler for the salts of cholic acid — K= 28°, Na 
= 29° — and by Landolt for the tartrates and camphor- 
ates. The camphorates gave K = 20°, Na = 21°, NH^ = 
20° ; the acid tartrates gave Li = 28-5°, NH^ = 28-5°, 
Na = 27-5°, K = 28-3°; the numbers observed for the 
neutral tartrates were Li^ = 38-6°, (NH^)^ = 42-9°, Na^ = 
39-9°, K, = 43°, Mg = 41-2°, NH,.Na = 41-2°, NH,.K = 
42-6°, Na.K = 41-6°, &c. 

Schneider ^ gave the following numbers for the maximum 
.dilutions of solutions of salts of malic acid : — 





K 


Na 


Li 


NH, 


Acid salts 

Neutral salts .... 


10-7° 
15-4 


11° 
17-5 


11-9° 
18-6 


10-3° 
15 



More recent measurements made by W. Hartmann ^ for 
camphorates agreed even better than these. I give the 
numbers for maximum dilutions : — 





Li, 


Mg 


(NHJ, 


Ca 


Na, K, 


Ba 


Neutral salts . 


37-5° 


39-5° 


38-4° 


89-1° 


36° 


36-1° 


36-5° 



When it is remembered what large differences are made in 
the optical rotatory powers of active substances by the 
smallest change in their molecular constitution — e.g. the 
substitution of hydrogen in tartaric acid by an alkyl radicle,, 
or acetyl, raises the rotatory power enormously — the con- 
clusion cannot be avoided, that the two constituents of a. 



' Annalen, 207, p. 286 [1881]. 



' Berichte, 21, p. 221 [1888]. 
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salt exert a much smaller effect on one another, or that the 
reaction between them is much less, than in such organic 
compounds as esters, &c., which are otherwise similar to 
the salts. 

The molecular rotations of the free acids differ very 
much from those of the salts. This is explained by the 
fact that the properties of solutions of most of the optically 
active acids show that these acids undergo dissociation 
only to a small extent. WhUe the rotatory power of a 
solution of a neutral tartrate depends on the free ion 
C2Hj(0H)2(C02)2, the rotatory power of a solution of free 
tartaric acid depends chiefly on the undecomposed acid 
C2H2(OH)2(C02H)2, and the rotation of this molecule is 
very different from that of the ion. But the ^ number of 
free ions in the solution of the free acid increases as dilution 
increases ; therefore, the molecular rotation of tartaric acid 
in aqueous solutions must approach that of the tartrates 
as the solution becomes more dilute. Arndtsen ' measured 
the rotatory powers of solutions of tartaric acid ; I have 
calculated the results to molecular rotations : — 



Quantity of tar- 
taric acid in 
100 parts of the 
solution 


[m] 

D 


Quantity of tar- 
taric acid in 
100 parts of the 
solution. 


D 


90 


4-88° 


40 


14-66 


80 


6-84 


30 


16-60 


70 


8-79 


20 


18-56 


60 


10-74 


10 


20-52 


50 


12-70 







The molecular rotatory power of the tartrates is equal to 
about 42 ; so that a 10 per cent, solution of tartaric acid 
is still far removed from this value. 

A similar state of matters holds good for the other acids 
and their salts. An optically active acid which is largely 
dissociated in the free state should show the same molecular 
rotation as its salts, when in somewhat dUute aqueous 

> Pogg. 108, p. 312 [1858]. 
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solution. Compounds of this character have not been 
•examined as yet. Such compounds wUl probably be easily 
found among the acid sulphuric esters of the optically active 
alcohols, such as amyl hydrogen sulphate. 

There is another point concerning the solutions of 
■tartaric acid which has hitherto been obscure, but which 
may now. be explained. Concentrated solutions of 40 to 50 
per cent, show an anomalous rotatory dispersion; they rotate 
the rays of mean wave-length — belonging to the green portion 
•of the spectrum — to the greatest extent, and the rays of 
greater wave-length as well as those of smaller wave-length 
to a less extent. Biot,^ who made this observation, was able 
to reproduce a similar phenomenon bymixing dextro-rotatory 
and Isevo-rotatory liquids. It is not improbable that the 
anomaly is caused by the different active substances present 
in a solution of tartaric acid, viz. the unchanged acid and 
the free ions, which possess very different rotatory powers. 
This explanation is in keeping with the fact that the anomaly 
disappears in solutions of tartrates in which the number of 
free ions is so great as to overpower the influence of the 
small quantity of undecomposed salt. 

14. Surface-teusions of salt-solutions. — Of all the proper- 
ties of salt-solutions, the first to which an additive character 
was attributed was the surface-tension.^ This was done at 
first, it is true, erroneously ; for Valson ^ at a later time 
traced this back to the circumstance that the capillary 
ascents of equivalent solutions are inversely proportional 
to their specific gravities, so that the surface-tensions of 
these solutions must be equal. At a later time, Quincke * 
established the validity of a relation of this kind for a 
number of different chlorides, but this result was called in 
question by Volkmann. 

Eontgen and Schneider ' examined the surface-tensions 

' Ann. Chim. Phys. (3) 56, p. 405 [1862]. 

2 Valson, Ann. CUm. Phys. (4) 20, p. 361 [1870]. 

3 Compt. rend. 74, p. 103 [1872]. ' Pogg. 160, pp. 337, 560 [1877]. 
^ Wied. Ann. 29, p. 202 [1886]. 
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of several salt-solutions with the object of finding stoichio- 
metrical relations. The following table contains the results, 
in terms of an arbitrary unit : — 



— 


H 


Li 


Na 


K 


NH. 




7 NoEMiL Solutions. 






I 





112-3 


112-6 


112-5 


112-3 


NO, ... . 


110-6 


112-8 


112-9 


112-6 


112-6 


Br' ... . 


110-9 


112-9 


113-0 


112-8 


112-9 


CI .... 


111-1 


113-2 


113-2 


113-2 


113-1 


OH ... . 


111-5 


113-3 


113-4 


113-5 


108-7 


SO^ . . . . 


111-6 


114-2 


114-1 


114-1 


114-0 


CO3 . . . . 


— 


— 


116-6 


115-4 


— 




L-5 NoEMi 


LL SOLOTIONS. 






I 





113-2 


113-8 


113-6 


113-1 


NO3 . . . . 


109-8 


114-2 


114-3 


113-9 


113-9 


Br .... 


110-4 


114-4 


114-7 


114-7 


114-3 


CI .... 


110-9 


115-0 


115-1 


114-8 


114-5 


OH ... . 


111-5 


115-2 


115-9 


115-5 


106-8 


SO, ... . 


112-5 


117-6 


— 


— 


116-9 


CO3 . . . . 


— 


— 


117-5 


118-2 


— 



These numbers approach each other nearly, but they are 
not quite identical. But the additive character of the 
property of surface-tension is very manifest ; the order is 
almost always the same, both in the horizontal and the 
vertical series, and only the very small values of the corre- 
sponding differences make these appear less constant. 
Aqueous ammonia is the only exception (NH^.OH) ; this 
compound seems not to come in the proper position in the 
series. But this compound is certainly much less disso- 
ciated than any of the others, so that its molecular condition 
is not comparable with that of the other solutions. This 
apparent exception is therefore a remarkable confirmation 
of the general relations which have been developed in the 
preceding paragraphs. 

The surface-tension of an aqueous salt-solution may, 
then, be regarded as, on the whole, an additive property. 

15. Other properties. — A comprehensive investigation of 
the viscosity of inorganic salts has been conducted recently 
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by J. Wagner.' The results show that the viscosity of 
dilute salt-solutions is essentially an additive property ; this 
conclusion had been arrived at by Hannay,^ from results 
which were inadequate, and in some cases erroneous. The 
conclusion is only a first approximation ; this is shown by the 
following values for the viscosity-constants of various salts, 
determined with half-normal solutions, and referred to 
equivalent quantities of the salt. 





Sulphate 


Nitrate 


Chloride 


Aluminium .... 


1-378 





_ 


Barium 










— 


1-042 


1-115 


Beryllium 










1-351 


— 


— 


Lead . 










— 


1-077 


— 


Calcium 










— 


1-117 


1-155 


Cadmium 










1-387 


1-157 


i-iye 


Potassium 










1-090 


0-956 


0-967 


Cobalt . 










1-849 


1-149 


1-206 


Copper . 










1-349 


1-166 


1-209 


Lithium 










1-291 


— 


1-130 


Magnesium 










1-344 


1-170 


1-192 


Manganese 










1-851 


1-184 


1-206 


Sodium 










1-221 


1-052 


1-099 


Nickel . 










1-350 


1-175 


1-196 


Silver . 










— 


1-045 


— 


Strontium 








— 


1-100 


1-137 


Zinc 








1-355 


1-170 


1-209 



The difference between sulphates and nitrates is fairly 
constant, amounting to from 130 to 150. Nitrates and 
chlorides approach one another ; the latter generally have 
values about 30 to 50 greater than the former. The 
differences between the salts of two metals generally agree, 
at least in their sign. The value of the difference is 
approximately constant for nitrates and chlorides, but it is 
much larger for the sulphates. This depends on the in- 
fluence which is exerted on the viscosity by the molecular 
condition of the salts, besides that exerted by their com- 
position. It can be shown that the condition of solutions 
of chlorides is much more comparable with that of nitrates 
than of sulphates. 

' Zeitschr. /. physikal. Chemie, 5, p. 31 [1890]. 
2 Proc. B. S. 28, p. 279 [1879]. 
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The differences which are observed when the viscosities 
of strong and weak acids are compared with those of their 
sodium salts are very similar to the differences which 
Gladstone observed when he compared the molecular 
refractions of such compounds. The following table makes 
this clear ' : — 





Pree acid 


Nasalt 


DM. 


Hydrochloric aoid 


1-070 


1-099 


29 


Hydrobromio „ . 








1-038 


1-062 


24 


Chloric 










1-053 


1-089 


36 


Nitric 










1-022 


1-052 


30 


Perchloric 










1-002 


1-035 


33 


Phosphoric 










1-285 


1-476 


191 


Arsenic 










1-271 


1-494 


223 


Formic 










1-036 


1-197 


161 


Acetic 










1-127 


1-400 


273 


Propionic 










1-210 


1-528 


318 


Butyric 










1-279 


1-670 


391 


Isobutyric 








1-281 


1-699 


418 


Lactic 






1-261 


1-493 


232 



It is evident that the acids which were examined fall 
into two weU- characterised groups : the strong mineral acids, 
whose sodium salts have only slightly greater viscosities than 
the acids themselves ; and the weak mineral acids and 
organic acids, whose sodium salts have much greater 
viscosities than the acids. 

Finally, the thermal capacity of salt-solutions is also 
an additive property. Marignac ^ examined this property 
with special reference to the existence of a constant differ- 
ence for analogous salts, and he showed that this way of 
representing the results applied to about one half of the 
salts which were examined. The following considerations 
show why the whole of the salts did not come within the 
scheme. 

While all the properties hitherto discussed refer to the 
existing condition of the solutions examined, the specific 
heat refers to the change of this condition. If we imagine 



' E. Eeyber, Zeiischr. f. physikal. Chemie, 8, p. 744 [1888]. 
' Ann. Chim. Phys. (5) 8, p. 410 [1876J. 
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a completely dissociated solution, the condition of whicli 
remains the same when the temperature is changed, then 
the specific heat of this solution is dependent only on the 
nature and number of the ions, and it may be represented 
as the sum of the values for these ions. It is different 
when, as generally happens, only a part of the salt is dis- 
sociated. A change of temperature now causes a change 
in the amount of dissociation, and heat is used or produced. 
These thermal changes are altogether of a constitutive 
character, and are dependent on the special condition of 
the substance ; inasmuch as they form a part of the total 
value of the specific heat, the additive character of this is 
effaced. 

This way of looking at the matter shows, incidentally, 
that the numerical values of the specific or molecular heats 
are specially suited for the examination of the processes 
which are indicated above. 

16. Conclusion. — A general survey of the considerations 
brought together in this chapter shows that the properties of 
salt-solutions, taken as a whole, are of an additive character. 
Arrhenius was the first to show that the theoretical signi- 
ficance of this general law lies in recognising that this 
independence of the properties of the ions, which are the 
constituents of the salts, points to a corresponding independ- 
ence of the chemical relations of these ions. The appear- 
ance of these additive properties leads, therefore, to the 
same conclusion as was pointed to by the deviations from 
the coUigative character of the properties of solutions in 
general shown by salt-solutions, and shown especially in 
their osmotic pressures and the conditions of their freezing 
and evaporation, and serves as an additional support to 
this conclusion. 

On the other hand, the universality of the additive 
character of the properties of salt-solutions may serve as a 
guide in the study of other properties of salt-solutions which 
have not been examined hitherto. All the properties which 
have an additive or constitutive character when they belong 
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to indifferent^substances may be expected to be additive in 
their nature when they belong to salt-solutions ; and all 
properties which are coUigative in the cases of non-electro- 
lytic solutions will show regular deviations, corresponding 
with van't Hoff's factor i, in the cases of salt-solutions. The 
general characters of the laws which shall express proper- 
ties of salt-solutions that have not been examined as yet 
may be predicted by applying these statements. 



289 



CHAPTER X 

SIMULTANEOUS ACTION OF SEVEBAL SOLVENTS 

1. Division of a substance between two immiscible sol- 
vents. — There is a well-known and much-used laboratory-ex- 
periment, wherein a substance is removed from solution by 
shaking the solution with another liquid which does not mix 
with the original solvent, but withdraws the dissolved sub- 
stance. Alkaloids are removed from aqueous solutions in 
this way by shaking with chloroform, and iodine or bromine 
by shaking with carbon disulphide. The fact that the 
operation must be repeated in order to remove the substance 
completely shows that the process is not one of absolute, 
but only of partial, separation : the laws of such cases have 
been worked out by Berthelot and Jungfleisch.' 

When a specified solution, e.g. succinic acid in water, is 
shaken for some time with a liquid which is not miscible 
with the solution, e.g. ether, the dissolved substance divides 
itself between the two solvents so that the contents of one 
solution bear a definite proportion to the contents of the 
other. Berthelot and Jungfleisch apply the term partition- 
coefficient to the proportion between the quantities dissolved 
in equal volumes of the two liquids. 

The following table illustrates this statement : — 



Water 


Ether 


Quantity ia solution in 


Partition- 
coeflQcient 


Water 


Ether 


70 CO. 
49 „ 

28 „ 


30 c.c. 
49 „ 
55-5 „ 


42-4 
43-8 
47-4 


7-1 
7-4 
7-9 


6-0 
6-0 
6-0 



Ann. Chim. Phys. (4) 26, p. 396 [1872]. 
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The numbers which give the contents of the solutions 
represent c.c. of baryta water required to neutraHse 100 c.c. 
of each solution. 

The partition-coefficient depends on the temperature 
and the dilution. In the case of succinic acid, water, and 
ether, it becomes smaller as temperature decreases and 
dilution increases ; the latter part of this statement is 
illustrated by the following numbers, which give the grams 
of succinic acid per 100 c.c. = p (temp. = 15°) : — 



"Water 


Ether 


Partition-coefficient 


p = -486 


■073 


6^6 


•420 


•067 


6-3 


■365 


•061 


6-0 


•236 


•041 


5^7 


■121 


■022 


5^4 


■070 


■013 


5-2 


■024 


■0046 


5-2 



The partition-coefficient may be represented approxim- 
ately asC = 5-l-f3^; it approaches a limiting value 
equal to 5'1 for maximum dilution. 

While benzoic acid shows a partition-coefficient which, 
like that of succinic acid, decreases with dilution, the 
relation is in the opposite direction in the cases of oxalic^ 
malic, tartaric, and acetic acid. I give only the interpola- 
tion-formulae : — 



Benzoic acid 
Oxalic „ 
Malic „ 
Tartaric „ 



C= 63 +100p 
C= 10^5 - 3-3 jp 
C= 49 - 5^6i) 
C = 133 - 8i) 



The partition-coefficient of ammonia increases rapidly. 
Similar relations were established for iodine and bromine 
in carbon disulphide and water. 

Berthelot sought in vain for a numerical connexion 
between the partition-coefficient and the relative solubility 
of the dissolved substance. He found that, generally, the 
solvent which dissolved the substance to the greater extent, 
also withdrew more of it from the solution ; but the 
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numerical value of the two proportions did not agree. For 
instance, 10 c.c. carbon disulphide dissolved 1-85 gram 
iodine at 15°, and 10 c.c. water dissolved -014 gram iodine ; 
the ratio of the solubilities was therefore 1 : 132, while 
the partition-coefficient was 1 : 410. In the case of 
■succinic acid, ether, and water, the two numbers were 
10-4 and 6-8. 

Berthelot himself raised the objection that the ratio 
■of the solubilities was determined for ether free from 
water, and for water free from ether, while the partition- 
coefficient was referred to ether saturated with water, 
and to water saturated with ether. The experiment 
was therefore performed again, by shaking together ether, 
water, and excess of succinic acid, with the result that 
10 c.c. of the ethereal solution was found to contain -103 
gram, and 10 c.c. of the watery liquid -609 gram, of 
succinic acid. The ratio, 6-0, is smaller than 6-9, which 
is the value of the partition-coefficient calculated by the 
interpolation-formula ; Berthelot therefore regarded a con- 
nexion between the two quantities as out of the question. 
Nevertheless, it is easy to see that the ratio of solubilities 
and the partition-coefficient must be identical for saturated 
solutions. For if it be supposed that the quantity of suc- 
■cinic acid added to a mixture of ether and water is exactly 
that which the mixture can dissolve, then, when the liquids 
have separated, each will be a saturated solution of succinic 
acid, and at the same time both solutions will be in equi- 
librium, for neither will be able to withdraw succinic acid 
from the other ; the proportion between the contents of the 
solutions will therefore be that of the solubilities and also 
that of the partition. 

Berthelot puts forward a further consideration designed 
to show the impossibility of deducing a priori the identity 
in question. The partition-coefficient of bromine between 
water and carbon disulphide has a finite value at each 
moment, while the solubility of bromine in carbon disul- 
phide, and also the solubility-ratio in reference to water, is 

u 2 
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unlimited. Thia anomaly disappears when the definition 
of the partition-coefficient, which is referred, for the sake 
of convenience, to equal volumes of the solutions, is replaced 
by the more rational method of referring this ratio to equal 
quantities of the solvents. If the partition-coefficient is 
taken to be the proportion between the quantities of the 
substance dissolved in equal quantities of the two solvents, 
then, for the case that the dissolved substance is soluble 
without limit in one of the solvents, the partition-coefficient 
for a saturated solution, i.e. for a solution containing an 
infinite quantity of the substance, will also be without 
limit. 

Berthelot also noticed certain relations between the 
partition-coefficients and the chemical characters of the 
dissolved substances, but these relations rested on too few 
examples to make them of especial significance ; moreover, 
they nearly agreed with those relations which hold good 
between chemical composition and solubility. 

Finally, a statement which has many important appli- 
cations was enunciated and established, viz. that in dilute 
solutions containing several substances, the partition-coeffi- 
cients are as they would be ivere each substance present by 
itself. 

2 . Deductions. — Some noteworthy conclusions are arrived 
at by applying van 't Hoff's conception of the analogy 
between solutions and gases to the simultaneous solubility 
of substances in two immiscible solvents. If, for example, 
we shake a solution of succinic acid in ether, with water, 
the water behaves towards the solution as towards a gas. 
As in the case of gas-absorption, so here, a certain quantity 
of the dissolved substance is taken out, and the equilibrium 
which results is conditioned by exactly the same law as 
conditions the absorption of gases ; the ratio of the concen- 
trations in both parts of the heterogeneous system must be 
the same. 

That this connexion is vaHd only within certain limits 
in the cases examined by Berthelot and Jungfleisch, depends 
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on the fact that the organic acids examined by them 
change their molecular state, in aqueous solutions, as 
dilution changes, so that the simple relation in question 
cannot hold good. 

Let us suppose that a third liquid, c, is added to each 
of the two liquids a and b, that c is not miscihle with either 
A or B, but that it can take up the dissolved substance. 
Then the liquid c must come into equilibrium with both of 
the solutions, and the three partition-coefficients, between 
A and B, A and c, and c and b, are no longer independent of 
one another. But when equilibrium is established between 
c Eind A on the one side, and between c and a on the other 
side, the concentration in a and in b must be such that 
these two solutions also are in equilibrium, as otherwise a 
perpetual motion would be possible. We may suppose the 
place of the third liquid to be taken by a space containing a 
gas. Hence it follows that the partition-coefficient of a gas 
dissolved in two immiscible liquids must be equal to the 
proportion of the absorption-coefficients of the gas in the 
two liquids. 

A number of similar considerations may be developed in 
the direction indicated in the preceding sentences. But as 
no experimental investigations have been made in this 
domain as yet, I content myself with suggesting such in- 
vestigations by the demonstration made above. 

3. Solution-pressures. — The laws which hold good when 
one of the liquids is somewhat soluble in the other, are similar 
to those which are operative when the liquid evaporates. 
Just as a liquid continues to evaporate into an empty space 
until a certain pressure is established, which pressure corre- 
sponds with a certain concentration, so the equilibrium of one 
liquid in contact with another is attained at a certain concen- 
tration of the second liquid, which concentration is conditioned 
by a definite osmotic pressure. This osmotic pressure, which 
is altogether analogous to the vapour -pressure, has been 
called the solution-pressure by W. Nernst,' who was the first 

' Zeitschr. f. physikal Chemie, 4, p. 150 [1889] ; 6, p. 16 [1890]. 
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to apply the analogy in question to draw more far-reaching 
conclusions. 

As the vapour -pressure of a volatile substance is de- 
creased by the solution therein of another substance, in 
proportion to the number of molecules, so must the solu- 
bility of a liquid, a, in another liquid, b, be decreased by 
solution of another substance in a. If Z be the solubility of 
A, i.e. the quantity of a in the unit-volume of b, and I' be 
the solubility when another substance is dissolved in a, then 
the equation 

I- I' ^ n 
V ~ N 

must hold good, where n = the number of molecules of the 
dissolved substance, and n = the number of molecules of 
the solvent. This conclusion has been verified by Nernst in 
the following way {loc. cit.). 

In each experiment 5 c.c. of valeric acid were shaken 
with 10 c.c. of water ; so much of each was dissolved as to 
produce a solution which was "541 normal. Different sub- 
stances were then dissolved in the valeric acid, with the 
result that the solubility decreased to an extent which was 
directly proportional to the quantity, and inversely propor- 
tional to the molecular weight, of the substance added. The 
numbers obtained are given in the following table :— 





T 


V 


l-V M 
V ' X 


M 


Calculated 


Benzene 


•182 


9^90 


25-2 


78 


75 


)t 


■431 


9-39 


20-9 


78 


89 


Chloroform . 


■150 


10^17 


24^2 


119^5 


118 


Menthol 


•U& 


10^11 


23^6 


156 


161 


Camphor 


•160 


lO^lS 


27^9 


152 


132 


>> 


■970 


9^81 


29-7 


152 


123 


Xylol . 


•376 


9^76 


20-9 


106 


122 


Stearic acid . 


•165 


10-34 


23-4 
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The numbers under x are the quantities of the substances, 
added to 5 c.c. of valeric acid ; those under I' are the solu- 
bilities, i.e. the number of c.c. of decinormal potash solutiott 
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required to neutralise 2 c.c. of the solutions ; the solubility 
of pure valeric acid in the same units was 10-48. The 

hypothesis requires that the value of -^ — . -, where m 

6 X 

is the molecular weight of the dissolved substance, should 
remain constant. The value of this quantity is calculated as 
follows. We have at the outset 

l-V _n^ 

I N 

X 4*13 

now m = — , andN = — --, where 4-13 is the -weight of 
M 102 

valeric acid remaining at the end of the experiment, and 

102 is the molecular weight of this acid. By substituting 

these values in the equation, we have 

l — V X 102 l — l'u „, _ 
The quantity "~ - . — must be constant and equal to 24-5 ; 

I X 

the corresponding column of experimental results shows that 
the values vary irregularly about the theoretical value. 

The column last but one contaias the actual molecular 
weights of the dissolved substances, and the last column 
gives the molecular weights calculated by the formula m = 

24-5 = — =; . Although considerable differences are ap- 

L ~— t 

parent in individual cases, nevertheless the agreement is 
sufficient to estabhsh the validity of the supposition upon 
which the method is based. As the calculated molecular 
weights are proportional to the difference I — I', and this 
difference represents 1*1 c.c. in the most favourable cases, 
it is evident that a small error in the titration causes 
a percentage error at least ten times greater in the differ- 
ence on which the calculation is based. 

Nernst showed, in the same communication, that the 
same relation holds for ether and water, and also for 
phenol and water. We have here then another colligative 
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property, and, therefore, a new method for determining 
molecular weights. 

4. Further applications. — The estimation of the quantity 
of the liquid a which has heen dissolved may be determined 
by any quantitative process. As we deal in all cases with 
differences of solubility, it is evident that differential methods 
are most suitable. 

A special instance of the differential method has been 
worked out by Nernst (loc. cit.), by using the freezing-point 
as a measure of the quantity of the substance in solution. 
If excess of ether is shaken with water, and the whole 
is cooled, the freezing of the ether saturated with water 
may be determined with great accuracy, as ether must 
separate along with the separating ice, because the solu- 
tion was saturated and therefore the concentration cannot 
change. If a substance which is insoluble in water is 
added to the ether, the solution-pressure will be decreased in 
reference to the water, and therefore the freezing-point 
will be raised. The equation again holds good 

t — t'_n 

~t' ¥ 

where t is the freezing-point of water saturated with 
pure ether, and t' is the freezing-point of water saturated 
with the ethereal solution. 

The equation, however, is not quite accurate. It would 
be accurate if the solubility of ether in water were indepen- 
dent of the temperature. But this is not the case, and, 
therefore, the temperature- difference t — t' expresses not 
only the effect of the dissolved substance on the solubiKty of 
the ether in water, but also the effect of the changeable 
solubility of the ether. The necessary correction is obtained 
from the corresponding calculation of a cyclical process, 
and the corrected equation takes the form 

t- 



t' M V SX) 



t' 

where \ is the heat of fusion of water, I is the heat of 
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solution of ether, and s is the quantity of water which 
separates from the ether between the two temperatures. 
The individual numbers are given in Nernst's memoir. 
The following table contains some results obtained by this 
method : — 





X 


t-t' 


Corr. 


M 


Calculated 


Benzene 


2-04 


•078 


-080 


78 


78 








5-88 


-208 


-219 


,1 


82 


») 






13-20 


-445 


•496 




82 


Naphthalene 






3-42 


-080 


-082 


128 


128 


ft 






6-60 


-149 


-155 




130 








10-50 


•232 


-246 




131 


Iodine . 






4-76 


•060 


-061 


254 


239 


„ 






11-30 


•120 


-124 


»i 


280 



The numbers under t ~ t! are the increases of the freezing- 
point produced by the addition of the quantities of the 
dissolved substances given under x, calculated for 100 
grams of ether ; the corresponding differences corrected by 
the equation already stated are given under the heading 
'corr.' The SctStel molecular weights ,sbf. the dissolved 
substances are given under ' calculated.' The agreement is 
satisfactory. The temperature-difference can be estimated 
very accurately, notwithstanding its small value, because 
no marked .change of concentration occurs during the 
separation of the ice and therefore no change of tempera- 
ture is produced. 

Nernst obtained equally good results by the use of 
ethylic acetate and water. 

Finally, Nernst remarks that the boiling-method of 
Beckmann (p. 180) may be applied when two liquids are 
employed simultaneously. But this modification of Beck- 
mann's method can scarcely be of practical value. 

5. Separation of solutions. — Some liquids which mix in 
all proportions at a specified temperature separate into two 
heterogeneous portions when the temperature is changed. 
In such cases, two solutions of the liquids are formed; one 
of the liquids predominates in one solution, and the other 
in the other solution. These phenomena are a necessary 
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consequence of the considerations regarding the mutual 
solubiHties of hquids which have already been dealt with 
(p. 40). 

The result of this separation is the formation of two 
saturated solutions. As the condition of saturation does 
not depend on the relative parts of the mixture, since the 
equilibrium of saturation is obviously not destroyed by 
removing arbitrary portions of either layer after separation 
of the two layers, it must be concluded that the composi- 
tion of the original mixture has no influence on the com- 
position of the two layers after separation, provided that 




so too JIS 
Fig. 35 



120 140 1» ISO 179 



enough of one substance is present, in proportion to the 
other, to ensure separation. 

On the other hand, the temperature whereat the separa- 
tion occurs is dependent on the proportion between the 
liquids in the mixture. This is shown in the behaviour of 
phenol towards water, which is represented in the curve 
a a a, of fig. 3, p. 42, which figure is reproduced here (fig. 
35). Inasmuch as a liquid which contains less than 7 per 
cent, or more than 76 per cent, of phenol, remains, even at 
0°, below the point of saturation of water with phenol, or 
that of phenol with water, such a liquid cannot be sepa- 
rated into two layers by cooling it to this temperature. 
But if the quantity of phenol is between 7 and 76 per cent., 
then, if solution has taken place at a higher temperature. 
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separation must occur at a lower temperature. The tem- 
perature whereat separation occurs will be the lower the 
nearer the percentage of phenol approaches one of the 
limits 7 and 76. 

The more the mutual solubility of the liquids changes 
with changes of temperature the more will the composition 
of the separated layers also vary. This conclusion is 
not opposed to that which was arrived at already, to the 
effect that the composition of the layers must be invariable. 
For that conclusion has reference to a condition of equih- 
brium at a specified temperature, whereas we are now 
considering equilibrium at different temperatures. For 
instance, if a solution which has separated into two layers 
at 30°, is brought to 20° without agitating the hquid, the 
two layers have a different composition from those of a 
solution wherein separation begins only at 20° ; the two 
layers of the first solution are no longer in solution-equili- 
brium at 20°. If the two layers of a liquid which separates 
at 30° are violently shaken together at 20°, the equihbrium 
belonging to this temperature is produced, and the two 
layers must now have the same composition as those of the 
solution wherein separation began at 20°- 

This conclusion was confirmed, to some extent, by the 
experiments of Duclaux.' This investigator observed the 
influence of temperature, but he does not appear to have 
considered the method of avoiding this influence referred 
to above. Duclaux worked with mixtures of benzene and 
acetic acid ; these were found to dissolve in all proportions 
at 15°, and the solution separated at lower temperatures 
into two layers which had the following compositions : — 



Acetic acid 


Benzene 


Volume of the 


Acetic acid in the 


Upper layer 


Under layer 


Upper layer 


Under layer 


10 c.c. 
10 „ 
15 ,., 


15 c.c 
10 „ 
10 „ 


20-1 c.c. 
9-9 „ 
5 


4-9 o.c. 
101 „ 
20 „ 


33-3 
33-6 
350 


62-8 
63-5 
62-5 



Ann. Chim. Phys. (5) 7, p. 267 [1876]. 
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The relative volumes of the layers changed at 1"20, never- 
theless the composition of each layer remained almost 
unchanged ; it would have remained quite unchanged had 
equilibrium of the solution been established at a constant 
temperature. An investigation in this direction is de- 
sirable, although the result may be foreseen with cer- 
tainty. 

6. Ternary mixtures. — While there are but few pairs of 
liquids which exhibit the passage from partial to complete 
mutual solubility, described in the preceding paragraph, at 
convenient temperatures, an unlimited number of ternary 
mixtures may be arranged to possess this property. The 
following is the general rule for finding such a grouping 
together of liquids : — 

Let there he two liquids which dissolve one another only 
partially, then a homogeneous solution may always he produced 
by adding a third liquid which mixes in all proportions with 
each of the original pair. 

The validity of this rule may be deduced from general 
considerations, as well as from experimental evidence, 
although no special investigation has been made to test the 
rule. It may also be said that the smaller the mutual 
solubility of the two liquids the greater is the quantity of 
the common solvent which is required to produce a homo- 
geneous mixture. 

As we are dealing with three substances the conditions 
of equilibrium are naturally more complicated. If we start 
with two immiscible liquids, a and b, and bring them into 
solution by addition of a common solvent, l, a separation 
into two layers will occur, in one direction or the other, by 
changing the temperature. Both layers will contain the 
three liquids ; one will consist chiefly of a and l, with a 
smaller quantity of b, and the other will consist chiefly of 
B and L with a smaller quantity of a. 

The phenomena which occur in mixtures of this kind 
have been very little studied as yet. The only investi- 
gator who has examined this subject, so far as I know, is 
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E. Duclaux.' The results of his investigations are as 
follows : — 

When two liquids, e.g. amylic alcohol and water, are 
brought into solution by addition of a common solvent, e.g. 
ethylic alcohol, and separation into layers is caused by a 
change of temperature, the two portions consist of the 
immiscible liquids, a and b ; the common solvent is able to 
divide itself between the two, and it is present, therefore, 
in nearly the same quantity in each layer. 

If 15 c.c. amylic alcohol at 20° are mixed with 40 c.c. ethyl 
alcohol at 50° and 12-9 c.c. water, a clear solution is obtained 
which separates into two layers of 28 and 40 c.c. respectively, 
when the temperature is lowered by -l". A separation is also 
effected by adding a drop of water or a drop of amylic alcohol ; 
the solution is sensitive to an excess of either liquid. 

Duclaux analysed the two layers by finding the surface- 
tension of the liquid, by a drop-measurer, after having 
added water sufficient to bring the liquid to 5° araometer 
strength. A preliminary experiment with synthetically 
prepared liquids had given the relation between the number 
of drops and the percentage of amylic alcohol. In this 
way he obtained the following table : — 











Amyl alcohol 


Ethyl aloohol ! 


Amy! 
aloohol 


Ethyl 
alcohol 


Water 


Batio of 
layers 
























Upper 


Under 


Upper 


Under 


100 


100 


125 


5-8 


33 p. ot. 


14-8 p.ot. 


30-6 p. ct. 


33p.ct. 


100 


110 


152 


2-5 


33-8 


15-6 


30-3 


30-9 


100 


133 


220 


0-67 


30'6 


15-2 


29 


29-2 


100 


150 


260 


0-40 


31-0 


14'4 


29 


29 


100 


166 


292- 


0-18 


33-0 


14-8 


29 


29 


100 


200 


400 


oai 


35-0 


12-0 


26 


28 



The composition of the liquids, after the third series, 
was made so that addition of a drop of water caused separa- 
tion into layers. The mixture evidently behaved nearly in 
the same way as a binary mixture ; the proportion between 
amylic alcohol and water (from the difference) remained 

■ Arm. Chim. Phys. (5) 2, p. 264 [1876]. 



302 



SOLUTIONS 



nearly constant for all the mixtures, and almost the 
same quantity of ethylic alcohol was present in both layers. 
Similar results were obtained where the separation of the 
layers was effected by addition of a drop of amylic alcohol. 
The following series of results was obtained by using 
acetic acid as the common solvent : — 



Amyl 
alcoliol 

100 
100 
100 


Acetic 
acid 


Water 


Eatio 


Amyl alcohol 


Acetic acid 


Upper 


TJnder 


Upper 


Under 


66 
100 
140 


95 
174 
288 


4-3 

0-61 

0-12 


40 

38-2 

41 


14 

15-8 

14 


25 

25-2 

26-0 


26-9 
26-8 
26-8 



, ' The-Eegtdatiwts noticed already hold good here also. 

The mixtures described above separate into layers when 
they are cooled. There are others which become cloudy, 
and separate, when they are warmed. This happens with 
liquids which contain ether ; for instance, with a mixture 
of five volumes of alcohol at 86° with 10 volumes of ether 
and 6 of water ; or with a mixture of 10 c.c. of ether with 
5 c.c. of acetic acid and 6"7 c.c. of water. In the last 
mixture, the acetic acid is found in nearly equal quantities 
in the two layers, thus : — 



Ether 


AceLic acid 


Water 


Ratio 


Acetic acid 


Upper 


Under 


100 
100 
100 


36 
40 
44 


50 
60 
72 


1-9 

1 

0-65 


19 

19-5 

20-5 


19-6 
20-5 
20-4 



The ratio of ether and water was not determined. 

The relations are not always so simple. If a very small 
quantity of water is added to a solution of benzene and 
acetic acid, the solution becomes cloudy and separates into 
two layers, which are very similar in composition to those 
produced by lowering the temperature of the binary 
solution ; this ia made clear by the following results : — 
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Benzene 


Acetic acid 


Water 


Ratio 


Acetic acid 


Upper 


Under 


100 c.c. 
100 „ 
100 „ 
100 „ 
100 „ 


50 c.c. 

66 „ 
100 „ 
150 „ 
250 „ 


1-5 c.c. 
1-8 „ 
2-0 „ 
2-7 „ 
3-3 „ 


42- 
5 

1-25 
0-28 
0-05 


31-2 
35'9 
35-6 
30-8 
32-5 


68-6 
60-9 
631 
68-5 
71-9 



The numbers under ' ratio ' give the proportion of the 
volume of the upper to that of the under layer ; the num- 
bers in the two last columns, which give the quantities of 
acetic acid in the upper and under layers, show that these 
vary only slightly, but that the quantities in the two layers 
are not the same. We have evidently to do here with a 
limiting case in which the mutual solubilities of the liquids 
A and B — in this instance, water and benzene — are very 
Bmall, and where, therefore, the power of the common 
solvent, acetic acid, to combine with each, is very different. 
For while the mutual solubility of acetic acid and benzene is 
unlimited only at temperatures above 15°, but is limited at 
lower temperatures, acetic acid and water mix with the 
greatest ease, and the mixing is attended with contraction 
and the production of much heat. In accordance with this, 
the portion of acetic acid in the water is greater than that 
in the benzene, and indeed it is very much greater in pro- 
portion to the quantity of water present. 

7. Influence of temperature. — Duclaux used the mixtures 
described above as maximum and minimum thermoscopes. 
These mixtures are very sensitive towards changes of 
temperature : a change of temperature of less than -1° 
generally suffices to cause cloudiness of the liquid and 
separation into two layers. The separation, when once it 
has been effected, remains if the temperature is restored to 
that at which a homogeneous solution would be formed. If 
the liquid is coloured with a substance which is soluble in 
Tvater, this colouring matter passes almost completely into 
the lower layer and so makes the separation visible. 
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The compositions of the layers produced when equili- 
brium -was- established depend on the temperature, but the 
dependence is not very marked, Duclaux ' found the 
following numbers for the mixture of water, amylic alcohol, 
and ethylic alcohol : — 



Amyl 
alcohol 


Ethyl 
alcohol 


Water 


Temp. 


Eatio of 
layers 


Amyl alcohol 


Upper 


Under 


100 
100 
100 
100 
100 


133 
133 
133 
133 
133 


246 
219 
191 
164 
133 


30° 

20 

10 



-14 


0-44 

0-67 

1-2 

1-5 

1-8 


29-3 
30-6 
31-3 
31-6 
34-4 


16-1 
15-2 
14-2 
13-5 
10-3 



The quantities of water were arranged so that the separa- 
tions took place at the temperatures given in the table. The 
ratios of the amyl alcohol in the two layers do not differ 
much. 

8. Applications. — Duclaux did not consider the condi- 
tions which primarily determine the compositions of the 
layers. A survey of these conditions leads to the conclu- 
sion, which was arrived at by Konowaloff (p. 47), that two 
solutions in equilibrium must have the same vapour-pres- 
sure, and this must hold good for each constituent. The 
liquids must therefore separate in such a manner as to 
fulfil this condition. Now, all the vapour-pressures change 
in the same direction, with change of temperature, and in 
only slightly different proportions ; therefore, small differ- 
ences of composition will correspond with considerable 
differences of temperature, as was found by Duclaux to be 
the case. 

If the vapour-pressure of one portion is changed by 
the addition of some substance, the temperature whereat 
separation occurs will be considerably altered. If the 
substance added passes wholly into one of the layers, when 
separation is effected, certain general conclusions may be 

' Ann. Chim. Phys. (5) 3, p. 275 [1876]. 
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arrived at concerning the effect of the added substance. 
For instance, if a salt is added to the mixture of amylic 
alcohol, ethylic alcohol, and water, the salt will remain, 
practically, in the aqueous portion ; the vapour-pressure of 
the water in this portion will be decreased thereby, and 
equilibrium will be established only by the passage of a 
corresponding quantity of water from the other layer into 
the first layer. Corresponding with this change in the 
proportion of the water there is quite another temperature 
whereat the Kquid can become homogeneous, and the con- 
siderations put forward above show that this change of 
temperature must be relatively great. 

This way of regarding the subject allows further con- 
clusions to be drawn. The experiments of Duclaux seem 
to indicate that the change of the temperature of separation 
may be taken, as a first approximation, to be proportional 
to the change of composition, and this again may be taken 
as proportional to the relative change of vapour-pressure; 
hence, the temperature at which layers are formed is subject 
to the same laws as the vapour-pressure, so far as regards 
the addition of a salt. 

We should, then, expect that the temperature- changes 
required to produce separation into layers would be propor- 
tional to the quantities of salt added, and would be equal 
for equimolecular solutions of similar salts. Some experi- 
ments, which I have caused to be carried out in this 
direction, have confirmed this expectation, so that, here 
again, we have a new method for determining molecular 
weights. This method has an advantage in that very 
small quantities of a salt cause very large changes in the 
temperature of separation ; but the circumstance, that only 
in a few cases does the whole of the salt which is added 
remain in the aqueous layer, militates against the general 
application of this method : for if the salt passes into the 
other layer, the supposition on which the method is based 
is not fulfilled, and the regularities which were mentioned 
do not occur. 
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9. Further considerations. — The method used above of 
dealing with the equilibrium of two layers in contact may 
be adapted to every other process whereby one of the 
constituents of the mixture can be withdrawn. If such 
layers contain water, they must form ice at the same 
temperature, and the osmotic pressure of all the consti- 
tuents present in both layers must have the same value. 
This circumstance affords important help in drawing 
conclusions, from experimental researches, regarding other 
properties of such mixtures. 

Considerations of this kind enable us to express the 
conditions of equilibrium, but they do not give any insight 
into the mechanism of the processes. We must look for 
this in the surface of separation of the two immiscible 
liquids, and in the surface-tension which is present there. 

An interior pressure of considerable magnitude prevails 
at the surface of every liquid, and, therefore, a certain 
amount of work must be done before a molecule can pass 
away from the liquid. If the liquid is surrounded by an 
empty space, this work attains its maximum value, and it 
is recognised in the form of heat of vaporisation. If, 
however, the first liquid, a, is surrounded by another liquid, 
B, then a molecule situated on the separating surface of a 
will experience an attraction into the second liquid, which 
attraction works in opposition to the interior pressure ; the 
same thing will hold good for the molecules of b which are 
situated on the surface of separation. A process will thus 
take place analogous to the formation of vapour. The 
molecules which have the largest kinetic energy will leave 
the liquid a, as these are in a position to perform the 
necessary amount of work, and will enter the liquid b ; and 
a similar process will take place with the liquid b in 
reference to a. If the amount of work which must be done 
to effect the interchange of molecules is very considerable, 
only a few molecules will be able to accomplish this 
work ; the two liquids will be only partially soluble in one 
another. 
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Very varied relations may persist when the temperature 
is raised. As the number of molecules passing from one 
liquid into the other is a function of the interior pressure 
of both A and b, and is also a function of the mutual action 
of both liquids, it is possible for the function in question to 
be conditioned so that the mutual solubility of the liquids 
decreases, although the interior pressure of both liquids 
decreases with increasing temperature. Nevertheless, when 
the interior pressure becomes continuously less by the 
constant increase of the kinetic energy of the molecules 
accompanying the rise of temperature, the number of 
molecules passing from one liquid to the other — i.e. the 
solubility of one liquid in the other — must always finally 
increase. Hence, the two liquids must become more like 
one another, the amount of work required for the passage 
of molecules from one to the other must become less, and 
the surface-tension at the separating surface must decrease 
until it becomes equal to zero, where complete miscibility 
must result. 

These processes are evidently very similar to the passage 
of a liquid into the state of vapour ; the temperature of com- 
plete miscibility corresponds with the critical temperature. 

The work which accompanies the passage of molecules 
from one liquid into the other changes its sign at tempera- 
tures above that of complete miscibiUty ; at such tempera- 
tures work may be gained by the transference : for the 
energy gained by the mutual action of the heterogeneous 
liquids will overpower that used in the separation of the 
molecules of the same kind. Hence results the tendency 
to diffusion— the tendency, that is, of both liquids to occupy 
the largest space possible. In the cases of gases, the last 
condition alone is determinative, because the interior 
pressure of gases is very small. Boltzmann ^ has shown 
that work is gained by the mutual diffusion of two gases ; 
if the addition of heat from outside is prevented, the system 
wUl be cooled by this process. 

' Sitmngsber. Wien. Ahad. 78, p. 733 [1878]. 
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Hence it follows that two thermal processes occur, of 
opposite signs, when two liquids are mixed. Heat is pro- 
duced by the positive work which accompanies the mutual 
action of the heterogeneous molecules, and heat is used in 
the separation and spreading out of the homogeneous mole- 
cules ; the sum of these may be positive or negative. The 
first part seems to be the greater in most cases, and hence 
two liquids usually become warmer when they are mixed. 
But cases are known where the opposite occurs, and, indeed, 
where the sign changes according to the proportion of the 
two parts (p. 38). The statements already made show that 
the explanation of this presents no difficulty. 

If we have two liquids at such a temperature that they 
dissolve only partially, then the addition of a third liquid, 
which is miscible with both the others in all proportions, 
acts like a rise of temperature. The work which is required 
for the transference of the molecules will now be less, for a 
part of the work will be done in the reactions of the liquids 
with the common solvent, and this action, as has been 
explained, may allow an excess of work to remain. The 
two liquids, a and b, will dissolve more freely in one 
another, and, if enough of the third liquid is added, they 
will dissolve in all proportions. 

Although there are no experimental data bearing on 
this point, yet it may be said with certainty that the 
surface-tension at the common surface of a and b must at 
the same time decrease gradually until it becomes equal to 
zero at the moment of complete miscibility. 

10. Concluding remarks. — A ^;eneral survey uf the rela- 
tions and laws of solutiouK whitli are presented in thisljotik 
shows that these form one of the most important parts of 
physical chemistry. 

The laws of solutions resemble the simple and import- 
ant laws of gases, which were discovered about a century 
ago, and which have exerted a very great influence on the 
formation of chemical conceptions, in so far that many of 
the laws of solutions are coUifjative in their character — like 
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the law of Gay-Lussac concerning the volumes in which 
gases combine chemically — and they therefore lead to the 
same conclusions regarding the molecular constitution of 
matter as have followed from Gay-Lussac's law interpreted 
by the theory of Avogadro. 

The extent of the domain included under solutions is, 
however, much larger than that dealt with under gases, 
and the relations observed in the former department are 
more complicated than those in the latter. Hence it hap- 
pened that almost a century passed between the discoveries 
of the regularities which hold good in the two spheres, 
although these regularities are altogether similar. 

The greater complexity of the subject of solutions makes 
advances in this department more difficult, but at the same 
time it gives greater importance to the results, for all 
those questions which could be answered formerly only from 
a knowledge of the substance concerned when in the 
gaseous state may now be answered from a study of the 
properties of a solution of the substance. While there are 
innumerable substances which are not known in the state of 
gases, there are but few which cannot be brought into solu- 
tion. The silicates are almost the only widely distributed 
and very important substances which occur in nature that 
cannot be subjected to this method of investigation. 

A knowledge of the laws of solutions is also most import- 
ant inasmuch as almost all the chemical processes which 
occur in nature, whether in animal or vegetable organisms, 
or in the non-living surface of the earth, and also those pro- 
i-essi-s whirl) are carried out in tlae laboratory, take place 
het^\■eeJl suhstauces in si)lutif)u. For instance, a sound jud^'- 
uieut regarding pliysiologioal processes, or an explanation of 
the noLable phenomena of resorption and secretion, is im- 
possible without this knowledge ; and the same statement 
holds for the greater number of the scientifically and tech- 
nically important reactions. Looked at in this way, solutions 
are more important than gases ; for the latter seldom react 
together at ordinary temperatures, whereas solutions 
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present the best conditions for the occurrence of chemical 
processes. 

The discovery of the laws of solutions is full of signi- 
ficance for the advance of physical chemistry, for these 
laws are important helps in the investigation of the next 
problem, which is the laws of pure liquids. The coUigative 
laws which hold good for gases and dilute solutions always 
maintain their character, because the molecules of gases 
and of dilute solutions are so far removed from one 
another, that neither the mutual actions nor the special 
natures, but only the numbers, of the molecules, come into 
play. But the individual characters of the molecules become 
of more importance when gases are compressed, or solutions 
are concentrated, and these, which appear at first as small 
deviations from the colligative laws, dominate more and 
more, until at last, in pure liquids, resulting from the 
continued compression of gases (below their critical tempe- 
ratures), or from the disappearance of the solvent, they 
completely overpower the colligative laws. 

The hope may be expressed that the possibility of re- 
presenting and studying all these intermediate states, which 
can be accomplished easily and fully in the examination 
of solutions, will be of considerable help in making easier 
the study of the laws of pure liquids. 
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were separated into parts, 189, 
214, 246 

properties of, 246-288 

vapour-pressures of, 187, 

190 
Salt-solutions, changes of volume 

attending chemical reactions of, 

256 

— chemical properties of, 248 

— colours of, 268 

— compressibilities, 263 

— freezing-points of, 265 

— magnetic rotations of, 274 

— optical rotatory powers of, 

279 

— properties of, are additive, 247 

— refraction-coefiioients of, 272 

— specific gravities and specific 
volumes of, 249 

— surface-tensions of, 2 



SDR 

Salt-solutions, thermal capacities 
of, 286 

— thermal expansions of, 260 

— vapour-pressures of, 267 

— viscosities of, 284 
Separation of solutions, 297-308 
Solids, solutions of, in gases, 8 

in liquids, 55-93 

connexion between, and 

nature of solvent and of dissolved 

body, 79 

influence of melting on, 77 

influence of pressure on, 61 

influence of temperature 

on, 64, 68, 72 

in mixtures of liquids, 90 

Solubility-curves, compound, 74 
Solubilities of a substance in 
-Several solvents acting together, 

289-308 
Solution, analogy between state of, 

and gaseous state, 114, 292 
Solution-pressure, 56, 293 
Solutions, freezing-points of, 199- 

245 (see Freezing-points of solu- 
tions) 

— homogeneousness of, 148 

— of gases in gases, 1 
in liquids, 9, 10, 21, 24, 31 

— of liquids in gases, 5 
in liquids, 5 

— of salts, 246-288 (see Salt-solu- 
tions) 

— of solids in gases, 8 
in liquids, 55-93 

— separation of, 297-308 

— supersaturated, 56 

formation of crystals from, 60 

— vapour-pressures of, 156 &c. 
(see Vapour-pressures of solu- 
tions) 

— volume-relations of, 82, 249, 252, 
256, 258 

Solvents, division of a substance 

between three, 300 
two immiscible, 

289 

— simultaneous action of several, 
289-308 

Specific gravities and specific vo- 
lumes of salt-solutions, 249 
Sulphur, molecular weight of, in 

solution, 182 
Supersaturated solutions, 56 

formation of crystals from, 60 

Surface tensions of salt-solutions, 
283 
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SOLUTIONS 



Tempeeatdke, influence of, on 
diffusion, 136 

on osmotic pressures, 112 

on solubilities of solids in 

liquids, 64, 68, 72 

on vapour-pressures of 

solutions, 158, 163, 164, 168 

Thermal capacities of salt-solu- 
tions, 286 

Thermal expansions of salt-solu- 
tions, 260 

Thorium sulphate, solubility of, 75 



Van der WAAi'stheory of behaviour 

of mixed gases, 7 
Van't Hofi's coefficient i, 265 

— explanation of analogy between 
gaseous state and state of solu- 
tion, 115, 292 

homogeneousness of solu- 
tions, 150 

— theory of connexion between 
depressions of freezing-points 



and vapour-pressures of solu- 
tions, 221 

Van't Hoff's theory of solutions on 
basis of osmotic pressures, 101 

Vapour-pressures of amalgams, 198 

— of solutions, application of, to 
find molecular weights, 173 

connexion between, and 

concentration, 157, 159, 161, 168 

connexion between, and 

freezing-points, 214, 217 

connexion between, and na- 
ture of dissolved substance, 169 

connexion between, and 

osmotic phenomena, 183 

connexion between, and 

temperature, 158, 163, 164, 168 

solutions of salts, 182, 190, 267 

of volatile liquids, 194 

methods of measuring, 157, 

161, 163, 165, 166, 175, 177, 178 

molecular depressions of, 

159, 161, 171 

Viscosities of salt-solutions, 284 
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ABBEY and OVERTON.— The: Eng- 
lish Church in the Eighteenth 
Century. By Charles J. Abbey 

and John H. Overton. Cr. 8vo. 7^. (>d. 

A^^Orr.— Hellenica. A Collection 

of Essays on Greek Poetry, Philosophy, 
History, and Religion. Edited by Evelyn 
Abbott, M.A., LL.D., Fellow and Tutor 
of Balliol College, Oxford. Svo. i6s. 

ABBOTT (Evelyn, M.A., LL.D.)— 

Works by. 
A Skeleton Outline of Greek 
History. Chronologically Ar- 
ranged. Crown Svo. 2s. 6d. 

A History of Greece. In Two 

Parts. 
Part I. — From the Earliest Times to the 

Ionian Revolt. Crown Svo. 10s. 6d. 
Part II. Vol. I.— 500-445 B.C. [/tt the Press. 
Vol. II.— [^« I^reparation\ 



A GLAND anrlRANSOME.—A Hand- 
book in Outline of the Politi- 
cal History of England to 
1890. Chronologically Arranged. 
By A. H. Dyke Acland, M.P., and 
Cyril Ransome, iVl.A. Crown Svo. 6s. 

4 cro.v.— Modern Cookery. By 

Eliza Acton. With 150 Woodcuts. 
Fcp. Svo. 4f. 6d. 

A. K. H. B.—The Essays and Con- 
tributions OF. Crown Svo. 

Autumn Holidays of a Country Parson. 

Ss. 6d. 
Chang-ed Aspects of Unchanged Truths. 

3j. 6d. 
Commonplace Philosopher. 3^-. 6d. 
Counsel and Csmfort from a City Pulpit. 

y. 6d. 
Critical Essays of a Country Parson. 

y. 6d. 

\Continued on next page. 



A CATALOGUE OF BO 



A.K.h.b.—The Essays and Con- 

TRIB UTIONS OF— continued. 
East Coast Days and Memories. 3^. dd. 
Graver Thoughts of a Country Parson. 

Three Series. 3^. bd. each. 
Landscapes, Churches, and Moralities. 

3J-. 6rf. 
Leisure Hours in Town, y 6d. 
Lessons of Middle Age. 3^. dd. 
Our Little Life. Two Series. 3J-. dd. each. 
Our Homely Comedy and Tragedy. 3^-. dd. 
Present Day Thoughts. 3s. bd. 
Recreations of a Country Parson. Three 

Series. 3J. dd. each. 
Seaside Musings. 3^. dd. 
Sunday Afternoons in the Parish Church 

of a Scottish University City. y. dd. 
*To Meet the Day' through the Christian 

year : being a Text of Scripture, with an 

Original Meditation and a Short Selection 

in Verse for Every Day. 4J-. dii. 

American Whist, Illustiated: con- 
taining the Laws and Principles of the 
Game, the Analysis of the New Play and 
American Leads, and a Series of Hands 
in Diagram, and combining Whist Uni- 
versal and American Whist. By G. W. 
P. Fcp. 8vo. ds. dd. 

AMOS.— A Primer of the English 
Constitution and Government. 

By Sheldon' Amos. Crown 8vo. ds. 

Annual Register (The). A Review 

of Public Events at Home and Abroad, 
for the year 1890. 8vo. 18s. 
*»* Volumes of the ' Annual Register' for the 
years 1863-1889 can still be had. 

ANSTEY {F.)— WORKS BY. 
The Black Poodle, and other 

Stories. Crown 8vo. 2s. bds. ; 2s. dd. cl. 

Voces Populi. Reprinted from 

Punch. With 20 Illustrations by J. 
Bernard Partridge. Fcp.'4to. <^s. 

ARISTOTLE.— The WORKS OF. 

The Politics : G. Bekker's Greek 

Text of Books I. III. IV. (VII.), with an 
English Translation by W. E. Bolland, 
M.A. ; and short Introductory Essays by 
A. Lang, M.A. Crown 8vo. ys. dd. 

The Politics : Introductory Essays. 
By Andrew Lang. (From Bolland and 
Lang's 'Politics'.) Crown 8vo. 2s. dd. 

The Ethics: Greek Text, Illustrated 
with Essays and Notes. By Sir Alexan- 
der Grant, Bart., M.A., LL.D. 2 vols. 
8vo. 32^. 

The Nicomachean Ethics: Newly 

Translated into English. By Robert 
Williams, Barrister-at-Law. Crown 
8vo. 7s. dd. 



ARMSTRONG {G. F. Savage-)— 
WORKS BY. 
Poems : Lyrical and Dramatic. Fcp. 

8vo. ds. 

King Saul. (The Tragedy of Israel, 

Part I.) Fcp. 8vo. 5J-. 

King David. (The Tragedy of 

Israel, Part II.) Fcp. 8vo. 6s. 

King Solomon. (The Tragedy of 

Israel, Part III.) Fcp. 8vo. ds. 

Ugone : A Tragedy. Fcp. Svo. 6j-. 

A Garland from Greece ; Poems. 

Fcp. 8vo. gj. 
Stories of Wicklow ; Poems. 

Fcp. 8vo. gj. 

Mephistopheles in Broadcloth : 

a Satire. Fcp. Svo. 4J. 

The Life and Letters of Edmund 
J. Armstrong. Fcp. Svo. ts. dd. 

ARMSTRONG {E. J.)— WORKS BY. 
Poetical Works. Fcp. 8vo. 5s. 
Essays and Sketches. Fcp. 8vo. 

Ss. 

ARNOLD (Sir Edwin, K.C.I.E.)— 
WORKS BY. 

The Light of the World; or, 

the Great Consummation. A Poem. 
Crown Svo. Ts. dd. net. 

Seas and Lands. With numerous 

Illustrations. Svo. 

ARNOLD {Dr. T.)— WORKS BY. 
Introductory Lectures on Mo- 
dern History. Zvo.-]s.6d. 
Sermons Preached mostly in 
the Chapel of Rugby School. 

6 vols. Cr. 8vo. %os., or separately 5^. ea. 

MiscellaneousWorks. 8vo. is.Gd. 

ASHLEY. — English EconomicHis- 
tory and Theory. By W. J. 

AsHi.EY, M.A. Part I. The Middle 
Ages. 5s. 

Atelier (The) du Lys; or, An Art 

Student in the Reign of Terror. By the 
Author of ' Mademoiselle Mori '. Crown 
Svo. 2 J. dd, 

BY THE SAME AUTHOR. 

Mademoiselle Mori : a Tale of 

Modern Rome. Crovim Svo. 2s. dd. 

That Child. Illustrated by Gordon 

Browne. Crown Svo. 2s. dd. 

[Cont'nuicd on next page. 
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Atelier (The) du "L-yz— Works by 

THE A UTHOR OF— continued. 
Under a Cloud. Cr. 8vo. 2s. 6d. 
The Fiddler of Lugau. With 

Illustrations by W. Ralston. Crown 
8vo. 2s. 6({. 

A Child of the Revolution. 

With Illustrations by C. J. Staniland. 
Crown 8vo. 2s. 6d. 

Hester's Venture : a Novel. Cr. 

8vp. 2s. 6d. 

In the Olden Time : a Tale of the 

Peasant War in Germany. Cr. 8vo. 2s. dd. 

BACON.— The Works and Life 

OF. 

Complete Works. Edited by R. 
L. Ellis, J. Hvf.duing, and D. D. 
Heath. 7 vols. Svo. £i 13s. 6d. 

Letters and Life, including all 
his Occasional Works. iSdited 

by J. Spedding. 7 vols. Svo. £/\. 4s. 

The Essays ; with Annotations. 
By Richard Whately, D.D., Svo. 
los. 6d. 

The Essays ; with Introduction, 

Notes, and Index. By E. A. Abbot i, 
D.D. 2 vols. fcp. Svo. price 6s. Text 
and Index only, vvitliout Introduction 
and Notes, in r vol. Fcp. Svo. 2s. bd. 

The BADMINTON LIBRARY, 

Edited by the Duke of Beaufort, K.G., 
assisted Ijy Alfred E. T. Watson. 

Hunting. By the Duke of Beau- 
fort, K.G., and .MowBKAY MORRIS. 
With 53 Illus. by J. .Sturgess, J. Charlton, 
and A. M. Biddulph. Cr. Svo. los. (:d. 

Fishing. By H. Cholmondeley- 

Pennell. 
Vol. I. Salmon, Trout, and Grayling. 

With 158 Illustrations. Cr. Svo. 10s. td. 
Vol. II. Pike and other Coarse Fish. 

With 132 Illustrations. Cr. Svo. \os. 6d. 

Racing and Steeplechasing. By 

the Earl of Suffolk and Berkshire, 
W. G. Craven, &c. With 56 Illustra- 
tions by J. Sturgess. Cr. Svo. los. (>d. 

Shooting. By Lord Walsingham 
and Sir Ralph Payne-Gallwey, Bart. 

Vol. I. Field and Covert. With 105 
Illustrations. Cr. Svu. \os. dd. 

Vol.11. Moor and Marsh. With 65 Illus- 
trations. Cr. Svo. lOJ. bd. 

Cycling. By Viscount Bury 

(Earl of Albemarle), K.C.M.G., and G. 
Lacy Hillier. With 19 Plates and 70 
Woodcuts, &c., by Viscount Bury, Joseph 
Pennell, &c. Crown Svo. los. hd. 



The BADMINTON LIBRARY— 

continued. 

Athletics and Football. By 

Montague Shearman. With 6 full- 
page Illustrations and 45 Woodcuts, &c., by 
Stanley Berkeley, and from Photographs 
by G. Mitchell. Crown Svo. \os. bd. 

Boating. By W. B. Woodgate. 

With lofuU-page Illustrations and 39 wood- 
cuts, &c., in the Text. Cr. Svo. 10s. bd. 

Cricket. By A. G. Steel and the 

Hon. R. H. Lyttelton, With 1 1 full-page 
Illustrations and 52 Woodcuts. &c., in the 
Text, by Lucien Davis. Cr. Svo. los. td. 

Driving. By the Duke of Beau- 
fort. With II Plates and 54 WoodciUs, 
&c., by J. Sturgess and G. D. Giles. 
Crown Svo. 10/. 6rf. 

Fencing, Boxing, and Wrest- 
ling. By Walter H. Pollock, 
F. C. Grove, C. Prevost, E. B. Mi- 
chell, and Walter Armstrong. With 
18 Plates and 24 Woodcuts, &c. Crown 
Svo. los. bd. 

Golf. By Horace Hutchinson, the 
Rt. Hon. A.J. Balfour, M.P., Andrew 
I.ang, Sir W. G. Simps n, Bart., &c. 
With 19 Plates and 69 Woodcuts, &c. 
Crown Svo. \os. bd. 

Tennis, Lawn Tennis, Rackets, 
and Fives. By J. M. and C. G. 

Heathcote, E. O. Pleydell-Bou- 
VERIF, and A. C. AiNGER. With 12 
Plates and 67 Woodcuts, &c. Crown 
Svo. lOJ. bd. 

Riding and Polo. By Captain 

Robert Weir, Riding Master, R.H.G., 
and J. Moray Brown. With Contri- 
butions by the Duke of Beaufort, K.G., 
the Earl of Suffolk and Berkshire, the Earl 
of Onslow, E. L. Anderson, and Alfred 
E. T. Watson. With i8 Plates and 41 
Woodcuts, &c. Crown Svo. \os. bd. 

BA GEHOT ( Walter).— WORKS BY. 

Biographical Studies. 8vo. 12^-. 

Economic Studies. 8vo. 105. 6d. 

Literary Studies. 2 vols. 8vo. 28.?. 

The Postulates of English Po- 
litical Economy. Cr. 8vo. 2s. 6d. 

A Practical Plan for Assimilat- 
ing the English and American 
Money as a Step towards a 
Universal Money. Cr. 8vo. 
2S. 6d. 
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BAGWELL. — \v&\3Si6L under the 
Tudors, with a Succinct Account of 

the Earlier History. By RICHARD BAG- 
WELL, M.A. (3 vols.) Vols. I. and II. 
From the first invasion of the Northmen 
to the year 1578. 8vo. 32J. Vol. III. 
1578-1603. 8vo. iSj. 

BAIN {Alexandw).— Works BY. 

Mental and Moral Science. Cr. 

8vo. \os. dd. 

Senses and the Intellect. 8vo. 15^^. 
Emotions and the Will. 8vo. 15^. 
Logic, Deductive, and Inductive. 

Part I. Deduction, 4J-. Part II. In- 
duction, 6j. dd. 

Practical Essays. Cr. 8vo. 2s. 
BAK£R.— By the Western Sea : a 

Summer IdvU. By James Baker, 
F.R.G.S. Author of ' John Westacott ' 
Crown 8vo. 3J. 6d. 

BAKER (Sir S. W.).— WORKS BY. 

Eight Years in Ceylon. With 6 

Illustrations. Crown 8vo. 3J-. 6d. 

The Rifle and the Hound in 
Ceylon. With 6 Illustrations. 
Crown 8vo. y. 6d. 

BALL (The Rt. Hon. J. T.).— WORKS 
BY. 

The Reformed Church of Ire- 
land. (1537-1889). 8vo. ']s. 6d. 

Historical Review of the Legis- 
lative Systems Operative in 
Ireland, from the Invasion of 
Henry the Second to the Union (1172- 
1800). 8vo. ts. 

BEAOONSFIELD {The Earl of).— 
WORKS BY. 

Novels and Tales. The Hughen- 

den Edition. With 2 Portraits and II 
Vignettes. 1 1 vols. Crown 8vo. 42^, 

Endymion. I Henrietta Temple. 

Lothiar. ' Contarini, Fleming, &c. 

Coningsby. i Alroy, Ixion, &c. 

Tancred. Sybil. The Young- Duke, &c. 

Venetia. Vivian Grey. 

Novels and Tales. Cheap Edition. 

Complete in 1 1 vols. Crown 8vo. is. 
each, boards ; is. 6d. each, cloth. 

BECKER {Professor).— WORKS. BY. 

Gallus ; or, Roman Scenes in the 
Time of Augustus. Post 8vo. 7s. 6rf. 

Charicles ; or, Illustrations of the 

Private Life of the Ancient Greeks. Post 
8vo. 7s. bd. 



BELL {Mrs. Hugh).— WORKS BY. 
Will o' the Wisp : a Story. Illus- 
trated byE. L. Shute. CrownSvo. 3^-. dd. 
Chamber Comedies : a Collection 

of Plays and Monologues for the Drawing 
Room. Crown 8vo. ds. 

BLAKE.— Tabl&B for the Conver- 
sion of 5 per Cent. Interest 
from tV to 7 per Cent. By J. 

Blake, of the London Joint Stock Bank, 
Limited. 8vo. 12^. dd. 

Book (The) of Wedding Days. 

Arranged on the Plan of a Birthday Book. 
With 96 Illustrated Borders, Frontispiece, 
and Title-page by Walter Crane ; and 
Quotations for each Day. Compiled and 
Arranged by K. E. J. Reid, May Ross, 
and Mabel Bamfield. 410. 21s. 

BRASSEY (Lady).— WORKS BY. 
A Voyage in the ' Sunbeam,' our 
Home on the Ocean for 
Eleven Months. 

Libraiy Edition. With 8 Maps and 

Charts, and 118 Illustrations, 8vo. 215. 
Cabinet Edition. With Map and 66 

Illustrations, Crown 8vo. 7s. dd. 
'Silver Library' Edition. With 66 

Illustrations. Crown Svo. 3s. dd. 
Popular Edition. With 60 Illustrations, 

4to. dd. sewed, 15. cloth. 
School Edition. With 37 Illustrations, 

Fcp. 25. cloth, or 35. white parchment. 

Sunshine and Storm in the East. 

Library Edition. With 2 Maps and 
114 Illustrations, 8vo. 2li. 

Cabinet Edition. With 2 Maps and 
114 Illustrations, Crown 8vo. 7s. dd. 

Popular Edition. With 103 Illustra- 
tions, 4to. dd. sewed, is. cloth. 

In the Trades, the Tropics, and 
the ' Roaring Forties '. 

Cabinet Edition. With Map and 220 
Illustrations, Crown Svo. 7s. dd. 

Popular Edition. With 183 Illustra- 
tions, 4to. dd. sewed, is. cloth. 

The Last Voyage to India and 
Australia in the 'Sunbeam'. 

With Charts and Maps, and 40 Illustrations 
in Monotone (20 full-page), and nearly 200 
Illustrations in the Text from Drawings 
by R. T. Pritchett. Svo. 21s. 

Three Voyages in the 'Sun- 
beam'. Popular Edition. With 

346 Illustrations, 410. 2s. dd. 

BRAY.— The Philosophy of Ne- 
cessity ; or, Law in Mind as in 
Matter. By Charles Bray. Crown 
Svo. 5s. 
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BRIGHT.— A History of England. 

By the Rev. J. Franck Bright, D.D., 
Master of University College, Oxford. 
4 vols. Crown 8vo. 

Period I. — Mediseval Monarchy: The De- 
parture of the Romans to Richard III. 
From A.D. 449 to 1485. 4s. dd. 

Period II. — Personal Monarchy: Henty VII. 
to James II. From 1485 to 1688. 55. 

Period III. — Constitutional Monarchy ; 
WiUiart and Mary to -William IV. From 
1689 to 1837. 7s. ()d. 

Period IV. — The Growth of Democracy : 
Victoria. From 1837 to 1880. 6s. 

BROKE.— With Sack and Stock 
in Alaska. By George Broke, 

A.C., F.R.G.S. With 2 Maps. Crown 
Svo. 5J. 

BRYDEN.—Klooi and Karroo: 

Sport, Legend, and Natural History in 
Cape Colony. By H. A. Bryden. With 
17 Illustrations. Svo. los. 6d. 

BUCKLE.— History of Civilisation 
in England and France, 
Spain and Scotland. By Henry 
Thomas Buckle. 3 vols. Cr. Svo. 24s. 

BULL (Thomas). — WORKS BY. 

Hints to Mothers on the 
Management of their Health 

during the Period of Pregnancy. Fcp. Svo. 
IS. 6d. 

The Maternal Management of 
Children in Health and Dis- 
ease. Fcp. Svo. IS. (id. 

BUTLER (Samuel).- WORKS BY. 
Op. I. Erewhon. Crown Svo. $s. 
Op. 2. The Fair Haven. A Work 

in defence of the Miraculous Element in 
our Lord's Ministry. Crown Svo. 7s. 6d. 

Op. 3. Life and Habit. An Essay 

after a Completer View of Evolution. 
Crown Svo. ys. 6d. 

Op. 4. Evolution, Old and New. 

Crown Svo. los. 6d. 

Op. 5. Unconscious Memory. 

Crown Svo. 7s. 6rf. 

Op. 6. Alps and Sanctuaries of 
Piedmont and the Canton 
Ticino. Illustrated. Pott 410. 
loj'. 6d. 

Op. 7. Selections from Ops. i-6. 

With Remarks on Mr. G. J. Romanes' 
' Mental Evolution in Animals '. Cr. Svo. 
7i. 6rf. 



BUTLER (Samuel).— Works BY.— 
continued. 

Op. 8. Luck, or Cunning, as the 
Main Means of Organic 
Modification ? Cr. Svo. is. 6d. 

Op. 9. Ex VotO. An Account of 

the .Sacro Monte or New Jerusalem at 
Varallo-Sesia. los. 6rf. 

Holbein's' La Danse'. A Note on 

a Drawing called ' La Danse '. 3s. 

CARLYLE.- Thomas Carlyle : a 

History of His Life. By J. A. Froude. 
1795-1835, 2 vols. Crown Svo. 7s. 
1834-1881, 2 vols. Crown Svo. 7s. 

CASE. — Physical Realism : being 

an Analytical Philosophy from the Physical 
Objects of Science to the Physical Data 
of Sense. By THOMAS Case, M.A., 
Fellowand Senior Tutor, C.C.C. Svo. 15s. 

CHETWYND. — Racing Remini- 
scences and Experiences of 
the Turf. By Sir George Chet- 

WYND, Bart. 2 vols. Svo. 21J. 

CHILD.— Church and State under 
the Tudors. By Gilbert W. 

Child, M.A., Exeter 'College, Oxford. 
Svo. 15s. 

Ci/7Si70LJ/.— Handbook of Com- 
mercial Geography. By G. G. 

Chisholm, B. Sc. With 29 Maps. Svo. 
16s. 

OHURCH.—Sir Richard Church, 
C.B., G.C.H. Commander-in- 
Chief of the Greeks in the War of Inde- 
pendence : a Memoir. By Stanley 
Lane-Poole. With 2 Plans. Svo. 5s. 

CLIVE. -Poems. By V. (Mrs. 
Archer Clive), Author of ' Paul 
FerroU '. Including the IX. Poems. 
Fcp. Svo. 6s. 

GLODD.— The Story of Creation : 

' a Plain Account of Evolution. By Ed- 
ward Clodd. With 77 Illustrations. 
Crown Svo. 3s. 6d. 

CLUTTERBUOK— The Skipper in 
Arctic Seas. By W. J. Clutter- 
buck, one of the Authors of 'Three in 
Norway'. With 39 Illustrations. Cr. 
Svo. los. 6d. 

GOLENSO.— The Pentateuch and 
Book of Joshua Critically 
Examined. By J. W. Colenso, 

D.D., late Bishop of Natal. Cr. Svo. 6s. 
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COLMORE.—K Living Epitaph. 

By G. CoLMORE, Author of 'A Con- 
spiracy of Silence,' &c. Crown 8vo. 65. 

COil/IW.— Atherstone Priory: a 

Tale. By L. N. CoMYN. Cr. 8vo. 2s. 6d. 

CONINGTON {John).— Works by. 
The iEneid of Virgil. Translated 

into English Verse. Crown 8vo. 6s. 

The Poems of Virgil. Translated 

into English Prose. Crown 8vo. (>s. 

COX. — A General History of 

Greece, from the Earliest Period 

to the Death of Alexander the Great ; 
with a sketch of the subsequent History 
to the Present Time. By the Rev. Sir 
G. W. Cox, Bart., M.A. With ii Maps 
and Plans. Crown Svo. 75. 6d. 

CRAKE {Rev. A. D.).— WORKS BY. 
Historical Tales. Crown Svo. 5 

vols. 2s. 6d. each. 

Edwy the Fair; or, The First Chronicle of 
^scendune. 

Alfgar the Dane; or, the Second Chronicle 
of j^scendune. 

The Rival Heirs : being the Third and 
Last Chronicle of ^scendune. 

The House of Walderne. A Tale of the 
Cloister and the Forest in the Days of 
the Barons' Wars. 

Brian Fitz-Count A Story of.Wallingford 
Castle and Dorchester Abbey. 

History of the Church under 
the Roman Empire, A.D. 
30-476. Crown Svo, Ts. 6d. 

CREIO ETON. — History of the 
Papacy during the Reforma- 
tion. By Mandell Creighton, 

D.D., LL.D., Bishop of Peterborough. 
Svo. Vols. I. and II., 1378-1464, 32s. ; 
Vols. III. and IV., 1464-15 18, 24s. 

CRUMP {A.).— Works by. 

A Short Enquiry into the For- 
mation of Political Opinion, 

from the reign of the Great Families to 
the Advent of Democracy. 8vo. ys. 6d. 

An I nvestigation into the Causes 
of the Great Fall in Prices 

which took place coincidently with the 
Demonetisation of Silver by Germany. 
8vo. 6s. 



CUDWORTH.— An Introduction 
to Cudworth's Treatise con- 
cerning Eternal and Immu- 
table Morality. With Life of 

Cudworth, and a few Critical Notes. By 
W. R. Scott, First Senior Moderator in 
Logics and Ethics, Trinity College, Dub- 
lin. Crown Svo. 3s. 

GURZON.— Russia, in Central Asia 
in 1889, and the Anglo- 
Russian Question. By the Hon. 
George N. Curzon, M.P. Svo. 21s. 

DANTE. — La Commedia di Dante. 

A New Text, carefully Revised with 
the aid of the most recent Editions and 
Collations. Small Svo. 6s. 

*^* Fifty Copies (of which Forty-five 
are for Sale) have been printed on 
Japanese paper, £1 is. net. 

DA VIDSON{W. L.).— WORKS BY. 
The Logic of Definition Ex- 
plained and Applied. Cr. Svo. 6^. 
Leading and Important English 
■Words Explained and Ex- 
emplified. Fcp. Svo. 3J-. 6d. 

DELAND {Mrs.).— WORKS BY. 
John Ward, Preacher : a Story. 

Crown Svo. 2s. boards, 2S. (>d. cloth. 

Sidney : a Novel. Crown Svo. 6^. 
The Old Garden, and other Verses. 

Fcp. Svo. ^s. 

Florida Days. With 12 Full-page 

Plates (2 Etched and 4 in Colours), and 
about 50 Illustrations in the Text, by 
Louis K. Harlow. Svo. 21s. 

DELA SA USSA YE.— A Manual of 
the Science of Religion. By 

Professor Chantepie de la Saussaye. 
Translated by Mrs. CoLYER Fergusson 
(nee Max MtiLLER). Revised by the 
Author. 

DE REDCLIFFE.— The Life of the 
Right Hon. Stratford Can- 
ning: Viscount Stratford De 
Redcliffe. By Stanley Lane- 
Poole. 
Cabinet Edition, abridged, with 3 Portraits, 
I vol. Crown Svo. 7s. 6d. 

DE SALTS {Mrs.).— WoRKS BY. 
Savouries a la Mode. Fcp. Svo. 

IS. 6rf. boards. 

Entrees a la Mode. Fcp. Svo. 

IS. 6rf. boards. 

[Continued on next page. 



PUBLISHED B Y MESSKS. LONGMANS, GREEN, & CO. 



DE SALIS{Mrs.).— WORKS BY.—cont. 

Soups and Dressed Fish a la 

Mode. Fcp. 8vo. I J. dd. boards. 

Oysters a la Mode. Fcp. 8vo. 

II. 6rf. boards. 

Sweets and Supper Dishes a la 

Mode. Fcp. 8vo. i.f. 6rf. boards. 

Dressed Vegetables a la Mode. 

Fcp. 8vo. IS. 6rf. boards. 

Dressed Game and Poultry a 

la Mode. Fcp. Bvo. -is. 6d. bds. 

Drinks a la Mode. Fcp. Bvo. is. 

dd. boards. 

Puddings and Pastry a la Mode. 

Fcp. Bvo. IS. 6d. boards. 

Cakes and Confections a la 
Mode. Fcp. Bvo. i.f. 6d. boards. 

Tempting Dishes for Small 
Incomes. Fcp. Bvo. i.f. 6d. 

Floral Decorations. Suggestions 

and Descriptions. Fcap. 8vo. is. td. 

Wrinkles and Notions for every 
Household. Crown Bvo. 2s. 6d. 

DE TOCQUEVILLE.— Democracy 
in America. By Alexis de 

ToCQUEViLLK. Translated by Henry 
Reeve, C.B. 2 vols. Crown 8vo. i6i. 

DOWELL.—A History of Taxa- 
tion and Taxes in England 

from the Earliest Times to the Year 1885. 
By Stephen Dowell. (4 vols. 8vo.) 
Vols. I. and II. The History of Taxation, 
21s. Vols. HI. and IV. The History of 
Taxes, 21s. 

DOYLE {A. Conan).— WORKS BY. 
Micah Clarke. A tale of Mon- 
mouth's Rebellion. With Frontispiece 
and Vignette. Crown 8vo. 3s. 6rf. 

The Captain of the Polestar; 

and other Tales. Crown 8vo. 6s. 

DRANE.— The History of St. 
Dominic, Founder of the Friar 
Preachers. By Augusta Theodora 
Drane. With 32 Illustrations. 8vo. 151. 

Dublin University Press Series 
(The) : a Series of Works under- 
taken by the Provost and Senior Fellows 
of Trinity College, Dublin. 
Abbott's (T. K.) Codex Rescriptus Dub- 
linensis of St. Matthew. 4to. 21J. 

Evangeliorum Versio Aiite- 

hieronymiana ex Codice Usseriano 
(Dublinensi). 2 vols. Crown Svo. 2ii. 



Dublin University Press Series 
(The). — continued. 

Allman's (G. J.) Greek Geometry from 
Thales to Euclid. Svo. los. td. 

Burnside (W. S.) and Panton's (A. W.) 
Theory of Equations. 8vo. 12s. 6rf. 

Casey's (John) Sequel to Euclid's Ele- 
ments. Crown 8vo. 3s. td. 

Analytical Geometry of the 

Conic Sections. Crown Svo. "js. 6d. 

Davies' (J. F.) Eumenides of jEschylus. 

With Metrical English Translation. Svo. 
^s. 

Dublin Translations into Greek and 
Latin Verse. Edited by R. Y. Tyrrell. 
Svo. 6s. 

Graves' (R. P.) Life of Sir William 
Hamilton. 3 vols. 15s. each. 

Griffin (R. W.) on Parabola, Ellipse, 
and Hyperbola. Crown Svo. 6s. 

Hobart's (W. K.) Medical Language of 
St. Luke. Svo. 1 6s. 

Leslie's (T. E. Cliffe) Essays in Politi- 
cal Economy. Svo. los. 6rf. 

Macalister's (A.) Zoology and Mor- 
phology of Vertebrata. Svo. los. 6d. 

MacCuUagh's (James) Mathematical 
and other Tracts. Svo. 15s. 

Maguire's (T.) Parmenides of Plato, 
Text, with Introduction, Analysis, &c. 
Svo. 7s. 6d. 

Monck's (W. H. S.) Introduction to 
Logic. Crown Svo. 5s. 

Roberts' (R. A.) Examples on the Ana- 
lytic Geometry of Plane Conies. Cr. 

Svo. 5s. 

Southey's (R.) Correspondence vyith 
Caroline Bowles. Edited by E. Dow- 
den. Svo. 14s. 

Stubbs' (J. W.) History of the University 
of Dublin, from its Foundation to the End 
of the Eighteenth Century. Svo. 12s. 6d. 

Thomhill's (W. J.) The.(Eneid of Virgil, 

freely translated into English Blank 
Verse. Crown Svo. 7s. 6d. 

Tyrrell's (R. Y.) Cicero's Correspon- 
dence. Vols. I. II. III. Svo. each 12s. 

The Acharnians of Aristo- 
phanes, translated into English Verse. 
Crown Svo. is. 

Webb's (T. E.) Goethe's Faust, Trans- 
lation and Notes. Svo. 12s. 6rf. 

. The Veil of Isis : a Series of 

Essays on Idealism. Svo. los. dd. 

Wilkins' (G.) The Growth of the Ho- 
meric Poems. Svo. 6s. 



A CA TALOGUE OF BOOKS IN GENERAL LITER A TURE 



Epochs of Modern History. 

Edited by C. Colbeck, M.A. 19 vols. 
Fcp. 8vo. with Maps, 2s. 6d. each. 

Church's (Very Rev. R. W.) The Be- 
ginning of the Middle Ages. With 3 
Maps. 

Johnson's (Rev. A. H.) The Normans in 
Europe. With 3 Maps. 

Cox's (Rev. Sir G. W.) The Crusades. 

With a Map. 

Stubbs' (Right Rev. W.) The Early 
Plantagenets. With 2 Maps. 

Warburton's (Rev. W.) Edward the 
Third. With 3 Maps. 

Gairdner's (J.) The Houses of Lancaster 
and York ; vrith the Conquest and 
Loss of France. With 5 Maps. 

Moberly's (Rev. C. E.) The Early Tu- 
dors. 

Seebohm's (F.) The Era of the Protes- 
tant Revolution. With 4 Maps. 

Creighton's (Rev. M.) The Age of 
Elizabeth. With 5 Maps. 

Gardiner's (S. R.)The First Two Stuarts 
and the Puritan Revolution (1603- 
1660). With 4 Maps. 

The Thirty Years' War (1618- 

1648). With a Map. 

Airy's (O.) The EngUsh Restoration and 
Louis XIV. (1648-1678). 

Hale's (Rev. E.) The Fall of the Stuarts ; 
and Western Europe (1678- 1697). 

With It Maps and Plans. 

Morris's (E. E.) The Age of Anne. 

With 7 Maps and Plans. 

The Early Hanoverians. With 

9 Maps and Plans. 

Longman's (F. W. ) Frederick the Great 

and the Seven Years' War. With 2 

Maps. 
Ludlow's (J. M.) The War of American 

Independence (1775-1783). With4Maps. 
Gardiner's (Mrs. S. R.) The French 

Revolution (1789-179S). With 7 Maps. 

McCarthy's (Justin) The Epoch of Re- 
form (1830-1850). 

Epochs of Church History. Ed- \ 

ited by Mandell Creighton, D.D., j 
Bishop of Peterborough. Fcp. 8vo. 25. I 
6d. each. ! 

Tucker's (Rev. H. W.) The English : 
Church in other Lands. 1 

Perry's (Rev. G. G.) The History of 
the Reforination in England. 

Brodrick's (Hon. G. C) A History of 
the University of Oxford. ^ 



Epochs of Church History. — (ont. 
MuUinger's (J. B.) A History of the 
University of Cambridge. 

Plummer's (A.) The Church of the Early 
Fathers. 

Carr's (Rev. A.) The Church and the 
Roman Empire. 

Wakeman's (H. O.) The Church and the 
Puritans (1570-16(60.) 

Overton's (Rev. J. H.) The Evangelical 
Revival in the Eighteenth Century. 

Tozer's (Rev. H. F.) The Church and 
the Eastern Empire. 

Stephen's (Rev. W. R. W.) Hildebrand 
and his Times. 

Hunt's (Rev. W.) The English Church 
in the Middle Ages. 

Balzani's (U.) The Popes and the Ho- 
henstaufen. 

Gwatkin's (H. M.) The Arian Contro- 
versy. 

Ward's (A. W.) The Counter-Reforma- 
tion. 

Poole's (R. L.) Wydiffe and Early 
Movements of Reform. 

Epochs of Ancient History. 

Edited by the Rev. Sir G. W. Cox, 
Bart., M.A., and by C. Sankey, M.A. 
10 volumes, Fcp. Svo. with Maps, 2S. bd. 
each. 
Beesly's (A. H.) The Gracchi, Marius, 
and Sulla. With 2 Maps. 

Capes' (Rev. W. W.) The Early Ro- 
man Empire. From the Assassination of 
Julius C^sar to the Assassination of Domi- 
tian. With 2 Maps. 

The Roman Empire of the 

Second Century, or the Age of the 
Antonines. With 2 Maps. 

Cox's (Rev. Sir G. W.) The Athenian 
Empire from the Flight of Xerxes to 
the Fall of Athens. With 5 Maps. 

The Greeks and the Persians. 

With 4 Maps. 

Curteis's (A. M.) The Rise of the Mace- 
donian Empire. With 8 Maps. 

Ihne's (W.) Rome to its Capture by the 
Gauls. With a Map. 

Merivale's (Very Rev. C.) The Roman 
Triumvirates. With a Map. 

Sankey's (C.) The Spartan and 
Theban Supremacies. With 5 Maps. 

Smith's (R. B.) Rome and Carthage, 
the Punic Wars. With 9 Maps and 
Plans. 
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Epochs of American History. 

Edited by Dr. Albert Bushnell Hart, 
Assistant Professor of History in Harvard 
College. 

Thwaites's (R. G.) The Colonies (1492- 
1763). Fcp. 8vo. 3s. td. {Ready. 

Hart's (A. B.) Formation of the Union 
(1763-1829). Fcp. 8vo. [In preparation. 

Wilson's (W.) Division and Re-union 
(1829-1889). Fcp. 8vo. [In preparation. 

Epochs of English History. 

Complete in One V»lume, with 27 Tables 
and Pedigrees, and 23 Maps. Fcp. Svo. 

*,* For details of Parts see Longmans & Co.'s 
Catalogue of School Books. 

EWALD {miiirich).— Works by. 

The Antiquities of Israel. Trans- 
lated from the German by H. S. Solly, 
M.A. Svo. 125. dd. 

The History of Israel. Trans- 
lated from the German. 8 vols. Svo. 
Vols. I. and II. 24s. V0I5. III. and IV. 
2IS. Vol. V. i8s. Vol. VI. i6s. Vol. 
VII. 215. Vol. VIII., with Index to the 
Complete Work, 1S5. 

FARNELL.—Gvt^€^ Lyric Poetry : 

a Complete Collection of the Surviving 
Passages from the Greek Song- Writers. 
Arranged with Prefatory Articles, Intro- 
ductory Matter, and Commentary. By 
George S. Farnell, M.A. With 5 
Plates. Svo. i6j. 

FARRAR{Ven. Arcluhacon). — WORKS 
BY. 

Darkness and Dawn : a Story of 

the Early Christians. 2 vols. Svo. 

[In the Press. 

Language and Languages. A 

Revised Edition of Chapters on Language 
and Families of Speech. Crown Svo. 65. 

FIRTH.— HeAion Making: a Story 

of New Zealand Savageism and Civilisa- 
tion. By J. C. Firth, Author of ' Luck' 
and ' Our Kin across the Sea ' Crown 
Svo. 6s. 

FITZWYGRAM. — Horses and 
Stables. By Major-General Sir 
F. Fitzwygram, Bart. With 19 pages 
of Illustrations. Svo. 55. 

FORD. — The Theory and Practice 
of Archery. By the late Horace 

Ford. New Edition, thoroughly Re- 
vised and Re-written by W. Butt, M.A. 
With a Preface by C. J. Longman, M. A., 
F.S.A. Svo. 14s. 



FOUARD.—The^ Christ the Son of 

God : a Life of our Lord and Sa- 
viour Jesus Christ. By the Abb^ Con- 
stant FouARD. Translated from the 
Fifth Edition, with the Author's sanction, 
by George F. X. Griffith. ' With an 
Introduction by Cardinal Manning. 2 
vols. Crown Svo. 145. 

FOX. — The Early History of 
Charles James Fox. By the 

Right Hon. Sir G. O. Trevelyan, Bart. 
Library Edition, Svo. l8i. 
Cabinet Edition, Crown Svo. 65. 

FRANCIS.— A Book on Angling; 

or. Treatise on the Art of Fishing in 
every branch ; including full Illustrated 
List of Salmon Flies. By Francis 
Francis. With Portrait and Coloured 
Tlates. Crown Svo. 15s. 

FRFEMAN.—The Historical Geo- 
graphy of Europe. By E. A. 

Freeman. With 65 Maps. 2 vols. Svo. 
3ii. 6d. 

FROUDE (James A.).— WORKS BY. 
The History of England, from 

the Fall of Wolsey to the Defeat of the 
Spanish Armada. 12 vols. Crown Svo. 
3s. 6(/. each. 

Short Studies on Great Sub- 
jects. Cabinet Edition, 4 vols. 

Crown Svo. 24s. Cheap Edition, 4 vols. 
Crown Svo. 35. 6d. each. 

Caesar : a Sketch. Crown Svo. 3^. 

6d. 

The English in Ireland in the 
Eighteenth Century. 3 vols. 

Crown Svo. i8s. 

Oceana; or, England and her 
Colonies. With 9 Illustrations. 

Crown Svo. zs. boards, 2S. 6d. cloth. 

The English in the West Indies ; 

or, the Bow of Ulysses. With 9 Illus- 
trations. Crown Svo. 2s. boards, 2S. 6d. 
cloth. 

The Two Chiefs of Dunboy; 

an Irish Romance of the Last Century. 
Crown Svo. 35. 6d. 

Thomas Carlyle, a History of his 

Life. 1795101835. 2 vols. Crown Svo. 
7s. 1834101881. 2 vols. Crown Svo. 7J. 

GALL WET. — Letters to Young 
Shooters. (First Series.) On 
the Choice and Use of a Gun. By Sir 
Ralph Payne-Gallwey, Bart. With 
Illustrations. Crown Svo. 7s. 6d. 
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GARDINER {Samuel Rawson).— 
Works by. 

History of England, from the 

Accession of James I. to the Outbreak 
of the Civil War, 1603-1642. 10 vols. 
Crown 8vo. price 6s. each. 

A History of the Great Civil 
War, 1642-1649. (3 vols.) Vol. 

I. 1 642- 1 644. With 24 Maps. 8vo. 2is. 
(out of print). Vol. II. i644-i64'/. 
With 21 Maps. 8vo. 24s. Vol. III. 
1647-1649 {in the press). 

The Student's History of Eng- 
land. Illustrated under the 

superintendence of St. John Hope, 
Secretary to the Society of Antiquaries. 
Vol. I. B.C. 55 — A. D.I 509, with 173 
Illustrations. Crown 8vo. 4s. Vol, II. 
1 509- 1 689, witlj 96 Illustrations. Crown 1 
8vo. 4s. Vol. III. (1689-1865). Crown ; 
Svo. 4s. 

The work will be published in Three : 
Volumes, and also in One Volume \ 
complete. 

aiBERNE.— WORKS BY. 

Ralph Hardcastle's Will. By 

Agnes Giberne. With Frontispiece. 
Crown 8vo. 5s. 

Nigel Browning. Crown Svo. 5^. 
Miss Devereux, Spinster. A 

Novel. 2 vols. Crown 8vo. 175. 

GOETHE.— ¥aMSt. A New Transla- 
tion chiefly in Blank Verse ; with Intro- 
duction and Notes. By James Adey 
Birds. Crown 8vo. 6s. 

Faust. The Second Part. A New 
Translation in Verse. By James Adey 
Birds. Crown Svo. 6s. 

GREEN.— The. Works of Thomas 
Hill Green. Edited by R. L. 

Nettleship. (3 vols.) Vols. I. and II. 
— Philosophical Works. Svo. l6s. each. 
Vol. III. — Miscellanies. With Index to 
the three Volumes and Memoir. Svo. 21s. 

The Witness of God and Faith : 

Two Lay Sermons. By T. H. Green. 
Fcp. Svo. 2S. 

GREVILLE.—A Journal of the 
Reigns of King George IV., 
King William IV., and Queen 
Victoria. By C. C. F. Greville. 

Edited by H. Reeve. 8 vols. Crown 
Svo. 6s. each. 



GWILT. — Kn Encyclopaedia of 
Architecture. By Joseph Gwilt, 

F.S.A. Illustrated with more than 17CO 
Engravings on Wood. Svo. 52s. 6rf. 

HAGGARD.— l^iie and its Author: 

an Essay in Verse. By Ella Haggard. 
With a Memoir by H. RiDER HAGGARD, 
and Portrait, Fcp. Svo. t^s. 6d. 

HAGGARD (H. Ruhr).— WORKS BY. 

She. With 3s Illustrations by M. 
Greiffenhagen and C. H. M. Kerr. 
Crown Svo. 3s. 6d. 

Allan Quatermain. With 31 Illus- 
trations by C. H. M. Kerr. Crown Svo. 
3s. 6d. 

Maiwa's Revenge ; or, The War 

of the Little Hand. Crown Svo. is. 
boards; is. 6d. cloth. 

Colonel Quaritch, V.C. A Novel. 

Crown Svo. 3s. 6d. 

Cleopatra : being an Account of 

the Fall and Vengeance of Harmacbis, 
the Royal Egyptian. With 29 Full-page 
Illustrations by M. Greiffenhagen and 
R. Caton Woodville. Crown Svo. 3s. 6d. 

Beatrice. A Novel. Cr. Svo. 6s. 
Eric Brighteyes. With 1 7 Plates 

and 34 Illustrations in the Text by 
Lancelot Speed. Crown Svo. 6s. 

HAGGARD and LANG.— The 
World's Desire. By H. Rider 

Haggard and Andrew Lang. Crown 
Svo. 6s. 

HALLIWELL-PHILLIPPS. —A 
Calendar of the Halliwell- 
Phillipps' collection of Shake- 
spearean Rarities formerly 
preserved at HoUingbury 
Copse, Brighton. Second 

Edition. Enlarged by Ernest E. 
Baker, F.S.A. Svo. los. 6rf. 

HARRISON.— Myths of the Odys- 
sey in Art and Literature. 

Illustrated with Outline Drawings. By 
Jane E. Harrison. Svo. iSs. 

HARRISON.— The Contemporary 
History of the French Revo- 
lution, compiled from the 'Annual 
Register '. By F. Bayford Harrison. 
Crown Svo. 3s. 6rf. 
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UARTE {Bret).— WORKS BY. 
In the Carquinez Woods. Fcp. 

8vo. IS. boards ; Is. dd. cloth. 

On the Frontier. i6mo. is. 
By Shore and Sedge. i6mo. \s. 
HARTWIG {Dr.).— Works by. 
The Sea and its Living Wonders. 

With 1 2 Plates and 303 Woodcuts. 8vo. 
I OS. 6d. 

The Tropical World. With 8 

Plates and 172 Woodcuts. 8vo. los. 6rf. 

The Polar World. With 3 Maps, 

8 Plates and 85 Woodcuts. 8vo. los. 6d. 

The Subterranean World. With 

3 Maps and 80 Woodcuts. 8vo. los. 6rf. 

The Aerial World. With Map, 

8 Plates and 60 Woodcuts. 8vo. los. 6d. 

HA VKLOCK. — Memoirs of Sir 
Henry Havelock, K.C.B. By 

John Clark Marshman. Crown 8vo. 
3s. bd. 

HEARX {W. Edward).— Works BY. 
The Government of England : 

its Structure and its Development. 8vo. 
1 6s. 

The Aryan Household : its Struc- 
ture and its Development. An Introduc- 
tion to Comparative Jurisprudence. 8vo. 
1 6s. 

HISTORIC TOWNS. Edited by 

E. A. Freeman, D.C.L., and Rev. 
William Hunt, M.A. With Maps and 
Plans. Crown 8vo. 3s. 6d. each. 

Bristol. By Rev. W. Hunt. 
Carlisle. ByRev.MANDELLCRBioH- 

TON. 

Cinque Ports. By Montagu 
Burrows. 

Colchester. By Rev. E. L. Cutts. 

Exeter. By E. A. Freeman. 

London. By Rev. W. J. Loftib. 

Oxford. By Rev. C. W. Boasb. 

Winchester. By Rev. G. W. Kit- 
chin, D.D, 

New York. By Theodore Roose- 
velt. 

Boston (U.S.). By Henby Cabot 
Lodge. 

York. By Rev. James Raine. 

[/h Preparation. 



HODGSON {Shadwm-th H.).— WORKS 
BY. 

Time and Space : a Metaphysical 

Essay. Svo. i6s. 

The Theory of Practice : an 

Ethical Enquiry. 2 vols. 8vo. 24s. 

The Philosophy of Reflection : 

2 vols. 8vo. 2 IS. 

Outcast Essays and Verse 
Translations. Essays : The 

Genius of De Quincey — De Quincey as 
Political Economist — The Supernatural 
in English Poetry ; with Note on the 
True Symbol of Christian Union — Eng- 
lish Verse. Verse Translations : Nineteen 
Passages from Lucretius, Horace, Homer, 
&c. Crown Svo. 8s. 6d. 

HOWITT.— Visits to Remarkable 

Places, Old Halls, Battle-Fields, 

Scenes, illustrative of Striking Passages 
in English History and Poetry. By 
William Howitt. With 80 Illustra- 
tions. Crown Svo. 3s. 6d. 

HULLAH {John).— WORKS BY. 

Course of Lectures on the His- 
tory of Modern Music. 8vo. 

8s. bd. 

Course of Lectures on the Tran- 
sition Period of Musical His- 
tory. Svo. I ox. dd. 

^:w.E;.--ThePhilosophicalWorks 
of David Hume. Edited by T. 
H. Green and T. H. Grose. 4 vols. 
Svo. 56s. Or Separately, Essays, 2 vols. 
28s. Treatise of Human Nature. 2 vols. 
28s. 

HUTCHINSON { Horace).— WORKS 
BY. 

Cricketing Saws and Stories. 

With rectilinear Illustrations by the 
Author. i6mo. is. 

Creatures of Circumstance : A 

Novel. 3 vols. Crown Svo. 25s. 6d. 

Famous Golf Links. By Horace 
G. Hutchinson, ANDREvif Lang, H. S. 
C. Everard, T. Rutherford Clark, 
&c. With numerous Illustrations by F. 
P. Hopkins, T. Hodges, H. S. King, 
and from Photographs. Crown Svo. 6s. 

HUTH.— The Marriage of Near 
Kin, considered with respect to 

the Law of Nations, the Result of Ex- 
perience, and the Teachings of Biology. 
By Alfred H. Huth. Royal Svo. 21s. 
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INGELOW {Jean).— WORKS BY. 
Poetical Works. Vols. I. and II. 

Fcp. 8vo. I2S. Vol. III. Fcp. 8vo. 55. 

Lyrical and other Poems. Se- 
lected from the Writings of Jean 
Ingelow. Fcp. 8vo. 2.S. 6d. cloth plain ; 
35. cloth gilt. 

Very Young and Quite Another 
Story : Two Stories. Cr. 8vo. 6s. 

JAMESON (Mrs.).— WORKS BY. 

Sacred and Legendary Art. With 

19 Etchings and 187 Woodcuts. 2 vols. 
8vo. 20s. net. 

Legends of the Madonna. The 

Virgin Mary as represented in Sacred 
and Legendary Art. With 27 Etchings 
and 165 Woodcuts, i vol. 8vo. ios.net. 

Legendsof the Monastic Orders. 

With 1 1 Etchings and 88 Woodcuts, i 
vol. 8vo. los. net. 

History of Our Lord. His Types 

and Precursors. Completed by Lady 
Eastlake. With 31 Etchings and 281 
Woodcuts. 2 vols. 8vo. 20s. net. 

JEFFEJtIES {Richard).— WoRKS BY. 

Field and Hedgerow : last Essays. 

With Portrait. Crown 8vo. 3s. bd. 

The Story of My Heart: my 

Autobiography. With Portrait and new- 
Preface by C. J. Longman. Crown 
8vo. 3s. 6d. 

JENNINGS.— B.cc\&si3i Anglicana. 

A History of the Church of Christ in 
England, from the Earliest to the Present 
Times. By the Rev. Arthur Charles 
Jennings, M.A. Crown 8vo. 7s. dd. 

JESSOP {G. H.).— WORKS BY. 

Judge Lynch : a Tale of the Cali- 
fornia Vineyards. Crown 8vo. 6s. 

Gerald Ffrench's Friends. Cr. 

8vo. 6s. A collection of Irish-American 
character stories. 

JOHNSON.— The Patentee's Man- 
ual ; a Treatise on the Law and 
Practice of Letters Patent. By J. John- 
son and J. H. JOHNSON. 8vo. 10s. 6d. 

JORDAN {William Leighton).— The 
Standard of Value. By William 
Leighton Jordan. 8vo. 6s. 

JUSTINIAN.— The Institutes of 
Justinian ; Latin Text, chiefly 

that of Huschke, with English Introduc- 
tion. Translation, Notes, and Sum-mary. 
By Thomas C. Sandars, M.A. 8vo. i8s. 



KALISCH {M. M.).— WORKS BY. 

Bible Studies. Part I. The Pro- 
phecies of Balaam. 8vo. los. 6rf. Part 
II. The Book of Jonah. Svo.los. 6d. 

Commentary on the Old Testa- 
ment ; with a New Translation. 
Vol. I. Genesis, 8vo. i8s. or adapted for 
the General Reader, 1 2s. Vol.11. Exodus, 
15s. or adapted for the General Reader, 
I2S. Vol. III. Leviticus, Part I. 15s. or 
adapted for the General Reader, 8s. 
Vol. IV. Leviticus, Part II. 15s. or 
adapted for the General Reader, 8s. 

KANT {Immanuel).— WORKS BY. 

Critique of Practical Reason, 
and other Works on the 
Theory of Ethics. Translated 

by T. K. Abbott, B.D. With Memoir. 
8vo. I2S. 6rf. 

Introduction to Logic, and his 
Essay on the Mistaken Sub- 
tilty of the Four Figures. 

Translated by T. K. Abbott. Notes by 
S. T. Coleridge. 8vo. 6s. 

KENDALL {May).— WORKS BY. 
From a Garret. Crown 8vo. 6^-. 
Dreams to Sell ; Poems. Fcp. 

8vo. 6s. 

' Such is Life ' : a Novel. Crown 

8vo. 6s. 

KENNEDY.— P'\ct\xves in Rhyme. 

By Arthur Clark Kennedy. With 
4 Illustrations by Maurice Greiffen- 
hagen. Crown 8vo. 6s. 

.fi:/LL/C.fi:.— Handbook to Mill's 
System of Logic. By the Rev. 

A. H. KiLLiCK, M.A. Crown 8vo. 3s. 6rf. 

KNIGHT {E. F.).— WORKS BY. 
The Cruise of the 'Alerte' ; the 

Narrative of a Search for Treasure on the 
Desert Island of Trinidad. With 2 Maps 
and 23 Illustrations. Crown 8vo. los. dd. 

Save Me from my Friends: a 

Novel. Crown 8vo. 6s. 
LADD {George T.).— WORKS BY. 
Elements of Physiological Psy- 
chology. 8V0. 21.f. 

Outlines of Physiological Psy- 
chology. A Text-book of Mental 

Science for Academies and Colleges. 

8V0. I2S. 



PUBLISHED BY MESSRS. LONGMANS, GREEN, & CO. 



13 



LANG {Andrew). — WORKS BY. 
Custom and Mjrth: Studies of 

Early Usage and Belief. With 15 Illus- 
trations. Crown 8vo. Js. 6d. 

Books and Bookmen. With 2 

Coloured Plates and 17 Illustrations. Cr. 
8vo. 6s. 6d. 

Grass of Parnassus. A Volume 

of Selected Verses. Fcp. 8vo. 6s. 

Ballads of Books. Edited by 

Andrew Lang. Fcp. 8vo. 6s. 

The Blue Fairy Book. Edited by 

Andrew Lang. With 8 Plates and 130 
Illustrations in the Text by H. J. Ford 
and G. P. Jacomb Hood. Cr. 8vo. 6s. 

The Red Fairy Book. Edited by 

Andrew L.ang. With 4 Plates and 96 
Illustrations in the Text by H. J. Ford 
and Lancelot Speed. Crown Svo. 6s. 

LA VIGERIE.— Cardinal Lavigerie 
and the African Slave Trade. 

8vo. 14s. 

LAYARD.— Poems. By Nina F. 

Layard. Crown Svo. 6s. 

LECKY {W. E. H.).— WORKS BY. 
History of England in the 
Eighteenth Century. Svo.Vols. 

I. & II. 1700-1760. 36s. Vols. III. 
&IV. 1760-1784. 36s.' Vols. V. &VI. 
1784-1793. 36s. Vols. VII. & VIII. 
1793-1800. 36s. 

The History of European Morals 
from Augustus to Charle- 
magne. 2 vols. Crown Svo. 16s. 

History of the Rise and Influ- 
ence of the Spirit of Rational- 
ism in Europe. 2 vols. Crown 

8vo. i6s. 

LEES and OLVTTERBUCK.—B. C. 
1887, A Ramble in British 
Columbia. By J. A. Lees and 
W. J. Clutterbuck. With Map and 
75 Illustrations. Crown Svo. 6j. 

LEGEM.— A History of Austro- 
Hungary. From the Earhest 

Time to the year 18S9. By Louis Leger. 
With a Preface by E. A. Freeman, 
D.C.L. Crown Svo. los. 6d. 

LEWES.— The History of Philo- 
sophy, from Thales to Comte. 
By George Henry Lewes. 2 vols. 
Svo. 32s. 



LIDDELL.— The Memoirs of the 
Tenth Royal Hussars (Prince 
of Wales' Own) : Historical and 

Social. Collected and Arranged by 
Colonel R. S. Liddell, late Command- 
ing Tenth Royal Hussars. With Portraits 
and Coloured Illustration. Imperial Svo. 
63s. 

LLOYD.— The Science of Agricul- 
ture. By F. J. Lloyd. Svo. 12s. 



WORKS 



LONGMAN { Frederick W.).- 
BY. 

Chess Openings. Fcp. Svo. 2s. 6d. 

Frederick the Great and the 
Seven Years' War. Fcp. Svo. 

2s. 6d. 

Longman's Magazine. Published 

Monthly. Price Sixpence. 
Vols, I -16.. Svo. price 5s. each. 

Longmans' New Atlas. Political 

and Physical. For the Use of Schools 
and Private Persons. Consisting of 40 
Quarto and 16 Octavo Maps and Dia- 
grams, and 16 Plates of Views. Edited 
by Geo. G. Chisholm, M.A., B.Sc. 
Imp. 4to. or Imp. Svo. I2s. 6d. 

LOUDON {J. C.).— Works by. 
Encyclopaedia of Gardening. 

With 1000 Woodcuts. Svo. 21s. 

Encyclopaedia of Agriculture; 

tlie Laying-out, Improvement, and 
Management of Landed Property. With 
iioo Woodcuts. Svo. 2 IS. 

Encyclopaedia of Plants; the 

Specific Character, &c., of all Plants found 
in Great Britain. With 12,000 Wood- 
cuts. Svo. 42s. 

LUBBOCK.— The Origin of Civil- 
isation and the Primitive Condi- 
tion of Man. By Sir J. Lubbock, Bart., 
M.P. With 5 Plates and 20 Illustrations 
in the Text. Svo. iSs. 

LYALL.— The Autobiography of a 
Slander. ByEDNALvALL, Author 

of ' Donovan,' &c. Fcp. Svo. is. sewed. 

LYDE.— An Introduction to An- 
cient History : being a Sketch of 

the History of Egypt, Mesopotamia, 
Greece, and Rome. With a Chapter on 
the Development of the Roman Empire 
into the Powers of Modern Europe. By 
Lionel W. Lyde, M.A. With 3 
Coloured Maps. Crown Svo. 3s. 
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MA GA ULA Y (Lord).— WORKS OF. 
Complete Works of Lord Ma- 
caulay : 

Library Edition, 8 vols. 8vo. £s 5i. 
Cabinet Edition, i6 vols. Post 8vo. £4 16s. 

History of England from the 
Accession of James the 
Second : 

Popular Edition, 2 vols. Crown 8vo. 5^. 
Student's Edition, 2 vols. Crown 8vo. 12s. 
People's Edition, 4 vols. Crown 8vo. i5s. 
Cabinet Edition, 8 vols. Post 8vo. 48s. 
Library Edition, 5 vols. 8vo. £^. 

Critical and Historical Essays, 
with Lays of Ancient Rome, 

in I volume : 
Popular Edition, Crown 8vo. 2s. 6d. 
Authorised Edition, Crown Svo. 2s. 6d. or 

3J. 6d. gilt edges. 

Critical and Historical Essays : 

Student's Edition, i vol. Crown Svo. 6s. 
People's Edition, 2 vols. Crown 8vo. 8s. 
Trevelyan Edition, 2 vols. Crown Svo. gs. 
Cabinet Edition, 4 vols. Post Svo. 24J. 
Library Edition, 3 vols. Svo. 36s. 

Essays which may be had separately 
price 6rf. each sewed, is. each cloth : 

Addison and Walpole. 

Frederick the Great. 

Croker's Boswell's Johnson. 

Hallam's Constitutional History. 

Warren Hastings. (3^. sewed, 6d cloth.) 

The Earl of Chatham (Two Essays). 

Ranke and Gladstone. 

Milton and Machiavelli. 

Lord Bacon. 

Lord Clive. 

Lord Byron, and The Comic Dramatists of 
the Restoration. 



The Essay on Warren Hastings annotated 

by S. Hales, is. 6rf. 
The Essay on Lord Clive annotated by H. 

COUKTHOPE BOWEN, M.A., 2S. 6d. 

Speeches : 

People's Edition, Crown Svo. 3s. 6d. 

Lays of Ancient Rome, &c. : 

Illustrated by G. Scharf, Fcp. 4to. los. 6d, 
Bijou Edition, i8mo. 

2s. 6d. gilt top. 
. Popular Edition, 

Fcp. 4to. 6d. sewed, is. cloth. 
Illustrated by J. R. Weguelin, Crown Svo. 

3s. 6d. cloth extra, gilt edges. 
Cabinet Edition, Post Svo. 3s. 6d. 
Annotated Edition, Fcp. Svo. is. sewed, 

IS. 6d. cloth. 



MA CA ULA Y {Lord).— WORKS OF.— 
continued. 
Miscellaneous Writings : 

People's Edition, i vol. Crown Svo. 4s. 6d. 
Library Edition, 2 vols. S.vo. 21J. 

Miscellaneous Writings and 
Speeches : 

Popular Edition, i vol. Crown Svo. 2s. 6d. 

Student's Edition, in 1 vol. Crown Svo. 6s. 

Cabinet Edition, including Indian Penal 
Code, Lays of Ancient Rome, and Mis- 
cellaneous Poems, 4 vols. Post Svo. 24s. 

Selections from the Writings 
of Lord Macaulay. Edited, 

with Occasional Notes, by the Right Hon. 
Sir G. (). Trevelyan, Bart. Cr. Svo. 6s. 



The Life and Letters of Lord 
Macaulay. By the Right Hon. 

Sir G. O. Trevelyan, Bart. : 
Popular Edition, i vol. Crown Svo. 2s. 6rf. 
Student's Edition, i vol. Crown Svo. 6s. 
Cabinet Edition, 2 vols. Post Svo. I2S. 
Library Edition, 2 vols. Svo. 36s. 

MACDONALD (Oeu.).— WORKS BY. 
Unspoken Sermons. Three 

Series. Crown Svo. 3s. 6d. each. 

The Miracles of Our Lord. 

Crown Svo. 3s. 6d. 

A Book of Strife, in the Form 
of the Diary of an Old Soul : 

Poems. i2mo. 6s. 

JIACFARREN.—'Lectureson Har- 
mony. By Sir G. A. Macfarren. 

Svo. I2S. 

MA CKAIL. — SelectEpigramsfrom 
the Greek Anthology. Edited, 

with a Revised Text, Introduction, Trans- 
lation, and Notes, by J. W. Mackail, 
M.A. Svo. i6s. 

MA CLEOD [Henry D.).— WORKS B Y. 
The Elements of Banking. 

Crown Svo. 3s. 6rf. 

The Theory and Practice of 
Banking. Vol. I. Svo. 12s. 

Vol. II. 14s. 

The Theory of Credit. 8vo. 

Vol. I. ^s. 6d. ; Vol. II. Part I. 4s. 6d. ; 
Vol. 11. Part II. los. 6d. 

.WCULLUCK— The Dictionary of 
Commerce and Commercial Navi- 
gation of the late J. R. McCuLLOCH. 
Svo. with II Maps and 30 Charts, 63s. 
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MA C VINE. — Sixty-Three Years' 

Angling, from the Mountain 

Streamlet to the Mighty Tay. By John 
Macvine. Crown 8vo. los. 6rf. 

MALMESBURY.— Memoirs of an 
Ex- Minister. By the Earl of 

Malmesburv. Crown 8vo. 7s. 6rf. 

MANUALS OF CATHOLIC 
PHILOSOPHY {Stony/iursi 

Series) : 

Logic. By Richard F. Clarke, 

S.J. Crown 8vo. 5s. 

First Principles of Knowledge. 

By John Rickaby, S.J. Crown Svo. 5s. 

Moral Philosophy (Ethics and 
Natural Law). By Joseph Rick- 
aby, S.J. Crown Svo. 5s. 

General Metaphysics. By John 

Rickaby, S.J. Crown Svo. 5s. 

Psychology. By Mich.ael Maker, 

S.J. Crown Svo. 5s. 6d. 

Natural Theology. By Bernard 

BoEDDER, S.J. Crown Svo. 6s. 6d. 

A Manual of Political Economy. 

By C. S. Devas, Esq., M.A., Examiner 
in Political Economy in the Royal Uni- 
versity of Ireland. bs.6d. [In preparation. 

MARTINEA U {James).— WORKS BY. 

Hours of Thought on Sacred 
Things. Two Volumes of Ser- 
mons. 2 vols. Crown Svo. 75. 6rf. each. 

Endeavours after the Christian 
Life. Discourses. Cr. Svo. ^s. 6d. 

The Seat of Authority in Re- 
ligion. 8vo. 14J. 

Essays, Reviews, and Ad- 
dresses. 4 vols. Crown Svo. 

7s. td. each. 
I. Personal : Poli- III. Theological: 



tical. 
II. Ecclesiastical : 
Historical. 



Philosophical. 
IV. Academical : 
Religious. 



\ln course of publication. 

MASON.— i:\\e steps of the Sun : 

Daily Readings of Prose. Selected by 
Agnes Mason. i6mo. 3s. 6rf. 

MATTHEWS {Brander).— WORKS 
BY. 
A Family Tree, and other Stories. 

Crown Svo. 65. 

Pen and Ink : Papers on Subjects 

of more or less Importance. Cr. Svo. y. 



MAUNDER'S TREASURIES. 
Biographical Treasury. With 

Supplement brought down to 1889, by 
Rev. Jas. Wood. Fcp. Svo. 6s. 

Treasury of Natural History; 

or, Popular Dictionary of Zoology. Fcp. 
Svo. with 900 Woodcuts, 6s. 

Treasury of Geography, Physical, 

Historical, Descriptive, and Political. 
With 7 Maps and 16 Plates. Fcp. Svo. 9s. 

Scientific and Literary Trea- 
sury. Fcp. Svo. 6s. 

Historical Treasury : Outlines of 

Universal History, Separate Histories of 
all Nations. Fcp. Svo. 6s. 

Treasury of Knowledge and 
Library of Reference. Com- 
prising an English- Dictionary and Gram- 
mar, Universal Gazetteer, Classical 
Dictionary, Chronology, Law Dictionary, 
&c. Fcp. Svo. 6s. 

The Treasury of Bible Know- 
ledge. By the Rev. J. Ayre, M.A. 

With 5 Maps, 15 Plates, and 300 Wood- 
cuts. Fcp. Svo. 6s. 

The Treasury of Botany. 

Edited by J. Lindley, F.R.S., and 
T. Moore, F.L.S. With 274 Woodcuts 
and 20 Steel Plates. 2 vols. Fcp. Svo. 12s. 

MAX MJJLLER (F.).~]VORKS BY. 
Selected Essays on Language,, 
Mythology and Religion. 

2 vols. Crown Svo. i6s. 

Lectures on the Science of Lan- 
guage. 2 vols. Crown Svo. ids. 

The Science of Language* 

Founded on Lectures delivered at the 
Royal Institution in 1S61 and 1S63. 2 
vols. Crown Svo. 2is. 

Three Lectures on the Science 
of Language and its Place in 
General Education, delivered 

at the ().\ford University Extension 
Meeting, 1889. Crown Svo. 3s. 

Hibbert Lectures on the Origin 
and Growth of Religion, as 

illustrated by the Religions of India. 
Crown Svo. 7s. 6rf. 

Introduction to the Science of 
Religion ; Four Lectures delivered 

at the Royal Institution. Crown Svo. 7s. 6rf. 
[Continued on next page. 
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MAX MULLER (F.).— WORKS BY.- 
continued. 

Natural Religion. Th^ Gifford 

Lectures, delivered before the University 
of Glasgow in 1888. Crown 8vo. i,Oi. f>d. 

Physical Religion. The Gifford 

Lectures, delivered before the University 
of Glasgow in 1890. Crown 8vo. 105. 6rf. 

The Science of Thought. 8vo. 

215. 

Three Introductory Lectures on 
the Science of Thought. 8vo. 

2J. 6rf. 

Biographies of Words, and the 
Home of the Aryas. Crown 

8vo. 7s. 6rf. 

A Sanskrit Grammar for Be- 
ginners. New and Abridged 

Edition. By A. A. MacDonell. Cr. 
8vo. 6j. 

MAY. — The Constitutional His- 
tory of England since the Ac- 
cession of George IIL 1760-1870. By 
the Right Hon. Sir Thomas Erskine 
May, K.C.B. 3 vols. Crown 8vo. i8s. 

MEADE {L. r.).— WORKS BY. 

The O'Donnells of Inchfawn. 

With Frontispiece by A. Chasemore. 
Crown 8vo. 6s. 

Daddy's Boy. With Illustrations. 

Crown 8vo. 5s. 

Deb and the Duchess. With 

Illustrations by M. E. Edwards. Crown 
8vo. 5s. 

House of Surprises. With Illus- 
trations by Edith M. Scannell. Cr. 
8vo. 3s. 6d. 

The Beresford Prize. With Illus- 
trations by M. E. Edwards. Crown 
8vo. 5s. 

MEATH{The Earl of).— WORKS BY. 
Social Arrows : Reprinted Articles 

on various Social Subjects. Cr. 8vo. 5s. 

Prosperity or Pauperism ? 

Physical, Industrial, and Technical 
Training. (Edited by the Earl of 
Meath.) 8vo. 5s. 



MELVILLE {G. J. White).— NOVELS 
BY. Crown 8vo. is. each, boards; is. 
td. each, cloth. 



The Gladiators. 
The Interpreter. i 

Good for Nothing. ■ 
The Queen's Maries. | 



Holmby House. 
Kate Coventry. 
Digby Grand. 
General Bounce. 



MENDELSSOHN.— The Letters of 
Felix Mendelssohn. Translated 

by Lady Wallace. 2 vols. Cr. 8vo. xos. 

MERIVALE {The Very Rev. Chas.).— 
Works by. 

History of the Romans under 
the Empire. Cabinet Edition, 

8 vols. Crown Svo. 48s. 

Popular Edition, 8 vols. Crown 8vo. 35. 6rf. 
each. 

The Fallof the Roman Republic : 

a Short History of the Last Century of 
the Commonwealth. i2mo. 7s. bd. 

General History of Rome from 

B.C. 753 to A.D. 476. Cr. Svo. yj. 6d. 

The Roman Triumvirates. With 

Maps. Fcp. Svo. 2S. 6d. 

MILES. — The Correspondence of 
William Augustus Miles on 
the French Revolution, 1789- 
1817. Edited by the Rev. Charles 
Popham Miles, M.A. 2 vols. Svo. 32s. 

J/ZLL.— Analysis of the Pheno- 
mena of the Human Mind. 

By James Mill. 2 vols. Svo. 2Si. 

MILL {John Stuart). — WORKS BY. 
Principles of Political Economy. 

Library Edition, 2 vols. Svo. 30J. 
People's Edition, i vols. Crown Svo. t,s. 

A System of Logic. Cr. 8vo. 5^-. 
On Liberty. Crown Svo. 15. ^d. 
On Representative Government. 

Crown Svo. 2s. 

Utilitarianism. Svo. 5^. 

Examination of Sir William 
Hamilton's Philosophy. Svo. 

i6j. 

Nature, the Utility of Religion, 
and Theism. Three Essays. Svo. 

5i. 
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MOLESWORTH (Mrs ) 
BY. ' 



WORKS 



Marrying and Giving in Mar- 
riage : a Novel. Illustrated. Fcp. 

Svo. 2s. 6d. 

Silverthorns. Illustrated. Crown 

8vo. ,5J. 

The Palace in the Garden. Illus- 
trated. Crown 8vo. 55. 

The Third Miss St. Quentin. 

Crown Svo. 6s. 
Neighbours. Illustrated. Crown 

Svo. 6s. 

The Story of a Spring Morning, 

&c. Illustrated. Crown Svo. 55. 

MOON.— The King's English. By 

G. Washington Moon. Fcp. 8vo. 
3s. 6d. 

MOOEJE.— Dante and his Early 
Biographers. By Edward 

Moore, D.D., Principal of St. Edmund 
Hall, Oxford. Crown Svo. 4s. 6d. 

MULHALL.— History of Prices 
since the Year 1850. By 

Michael G. Mulhall. Cr. Svo. 6s. 

MURDOCK.— The Reconstruction 
of Europe : a Sketch of the 

Diplomatic and Military History of Con- 
tinental Europe, from the Rise to the 
Fall of the Second French Empire. By 
Henry Murdock. Crown Svo. gs. 

MURRAY.— A Dangerous Cats- 
paw: a Story. By David Christie 
Murray and Henry Murray. Crown 
Svo. 2s. 6d. 

MURRAY and HERMAN.— Wild 
Darrie: a Story. By Christie 
Murray and Henry Herman. Crown 
Svo. 2s. boards ; 2s. 6d. cloth. 

NANSEN— The First Crossing of 
Greenland. By Dr. Fridtjof 

Nansen. With 5 Maps, 12 Plates, and 
150 Illustrations in the Text. 2 vols. 
Svo. 36s. 

NAPIER.— The Life of Sir Joseph 
Napier, Bart., Ex-Lord Chan- 
cellor of Ireland. By Alex. 

Charles Ewald, F.S.A. With Por- 
trait. Svo. 15s. 



NAPIER.— The Lectures, Essays, 
and Letters of the Right Hon. 
Sir Joseph Napier, Bart., late 

Lord Chancellor of Ireland. Svo. 12s. 6d. 

NESBIT.— 'Leaves of Life : Verses. 

By E. Nesbit. Crown Svo. 5s. 

NEWMAN.— The Letters and Cor- 
respondence of John Henry 
Newman during his Life in the 

English Church. With a brief Autobio- 
graphical Memoir. Arranged and Edited 
by Anne Mozley. With Portraits. 2 
vols. Svo. 30s. net. 

NEWMAN {Cardinal).— IVORKS BY. 

Apologia pro Vita Sua. Cabinet 

Edition, Crown Svo. 6s. Cheap Edition, 
Crown Svo. 3s. 6d. 

Sermons to Mixed Congrega- 
tions. Crown Svo. 6s. 

Sermons on Various Occasions. 

Crown Svo. 65. 

The Idea of a University defined 
and illustrated. Cabinet Edition, 

Crown Svo. 7s. Cheap Edition, Crown 
Svo. 3s. 6d. 



Historical Sketches. 

Svo. 6s. each. 



3 vols. Cr. 



The Arians of the Fourth Cen- 
tury. Cabinet Edition, Crown 

Svo. 6s. Cheap Edition, Cr. Svo. 3s. 6d. 

Select Treatises of St. Athan- 
asius in Controversy with the 

Arians. Freely Translated. 2 vols. Cr. 
Svo. 15^. 

Discussions and Arguments on 
Various Subjects. Cabinet 

Edition, Crown Svo. 6s. Cheap Edition, 
Crown Svo. 3s. 6rf. 

An Essay on the Development 
of Christian Doctrine. Cabinet 

Edition, Crown Svo. 6s. "Cheap Edition, 
Crown Svo. 3s, 6d. 

Certain Difficulties felt by An- 
glicans in Catholic Teaching 
Considered. Cabinet Edition, 

Vol. I., Crown Svo. 7s. 6d. ; Vol. II., Cr. 
Svo. 5s. 6d. Cheap Edition, 2 vols. Cr. 
Svo. 3s. 6d. each. 

[Cojitinued oil next page. 
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NEWMAN {Ganliwd).— WORKS BY. 
— continued. 
The Via Media of the Anglican 
Church, illustrated in Lectures, 

&c. 2 vols. Crown 8vo. 6i. each. 

Essays, Critical and Historical. 

Ca1)inet Edition, i vols. Cvown Svo. lis. 
Cheap B'dition, 2 vols. Crown Svo. 75. 

Essays on Biblical and on Ec- 
clesiastical Miracles. Cabinet 

Edition, Crown Svo. 65. Cheap Edition, 
Crown Svo. 35. 6rf. 

Tracts, i. Dissertatiunculse. 2. On 
the Text of the Seven Epistles of St. 
Ignatius. 3. Doctrinal Causes of Arian- 
ism. 4. ApoUinarianism. 5. St. Cyril's 
Formula. 6. Ordo de Tempore, 7- 
Douay Version of Scripture. Crown Svo. 
85. 

An Essay in Aid of a Grammar 
of Assent. Cabinet Edition, 

Crown Svo. 7^. 6rf. Cheap Edition, 
Crown Svo. 35. 6rf. 

Present Position of Catholics in 
England. Crown Svo. 7.f. bd. 

Callista : a Tale of the Third Cen- 
tury. Cabinet Edition, Crown Svo. 6s. 
Cheap Edition, Crown Svo. 3s. bd. 

Loss and Gain : a Tale. Cabinet 

Edition, Crown Svo. 6s. Cheap Edition, 
Crown Svo. 3s. 6rf. 

The Dream of Gerontius. i6mo. 

6rf. sewed, is. cloth. 

Verses on Various Occasions. 

Cabinet Edition, Crown Svo. 6s. Cheap 
Edition, Crown Svo. 3s. td. 

*^* For Cardinal Newman's other Works 
see Messrs. Longmans & Co. 's Catalogue 
of Theological Works. 

NORRIS.— Mrs. Fenton : a Sketch. 

By W. E. NORRIS. Crown Svo. 6s. 

NORTON {Charles L.).— WORKS BY. 

Political Americanisms: a Glos- 
sary of Terms and Phrases Current at 
Different Periods in American Politics. 
Fcp. Svo. 25. 6rf. 

A Handbook of Florida. With 

49 Maps and Plans. Fcp. Svo. 5s. 

O'BRIEN— When we were Boys : 

a Novel. By William O'Brien, M.P. 
Cabinet Edition, Cvown Svo. 6s. Cheap 
Edition, Crown Svo. 2s. 6d. 



OLIPHANT {Mrs.).— Novels by. 
Madam. Cr. 8vo. ij-.bds. ; i.f. dd. cl. 
In Trust. Cr. 8vo. -is. bds.; \s. 6d. cl. 
Lady Car: the Sequel of a Life. 

Crown Svo. 2s. 6rf. 

OMAN. — A History of Greece from 
the Earliest Times to the 
Macedonian Conquest. By C. 

W. C. Oman, M.A., F.S.A. With 
Maps and Plans. Crown Svo. 45. 6rf. 

O'REILLY.— Hurstlti^h Dene: a 

Tide. By Mrs. O'Reilly. Illustrated 
by M. Ellen Edwards. Cr. Svo. 5s. 

PA UL. — Principles of the History 
of Language. By Hermann 

Paul. Translated by H. A. Strong 
Svo. IDS. 6d. 

PAYN {James). — NOVELS BY. 
The Luck of the Darrells. Cr. 

Svo. IS. boards ; is. 6d. cloth. 

Thicker than Water. Crown Svo. 

IS. boards ; is. 6d. cloth. 

PERRING {Sir Philip).- WORKS BY. 
Hard Knots in Shakespeare. 

Svo. 7s. 6d. 

The 'Works and Days' of Moses. 

Crown Svo. 3s. 6d. 

PHILLIPPS- WOLLEY.—Snz.^ : a 

Legend of the Lone Mountain. By C. 
Phillipps-Wolley. With 13 Illustra- 
tions by H. G. WiLLlNK. Cr. Svo. 6s. 

POLE.—Th& Theory of the Mo- 
dern Scientific Game of Whist. 

By W. Pole, F.R.S. Fcp. Svo. 2s. 6rf. 

POLLOCK.— The^ Seal of Fate: 

a Novel. By Lady Pollock and W. 
H. Pollock. Crown 8vo. 6s. 

POOLE.— Cookery for the Diabetic. 

By W. H. and Mrs. Poole. With Pre- 
face by Dr. Pavy. Fcp. Svo. 2s. 6rf. 

PRENDERGAST. — Ireland, from 
the Restoration to the Revolu- 
tion, 1 660-1 690. By John P. PREN- 
DERGAST. Svo. 5s. 
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PiJAVA'^P.— Virginie : a Tale of One 

Hundred Years Ago. By Val Prinsep, 
A.R.A. 3 vols. Crown 8vo. 25s. 6d. 

PROCTOR {R. A.).~WORA'S BY. 
Old and New Astronomy. 12 

Parts, 2s. 6d. each. Supplementary Sec- 
tion, IS. Complete in i vol. 4to. 36s. • 
[/7z course of publication. 

The Orbs Around Us ; a Series of 

Essays on the Moon and Planets, Meteors 
and Comets. With Chart and Diagrams. 
Crown 8vo. 5^. 

Other Worlds than Ours ; The 

Plurality of Worlds Studied under the 
Light of Recent Scientific Researches. 
With 14 Illustrations. Crown 8vo. 5s. 

The Moon ; her Motions, Aspects 

Scenery, and Physical Condition. With 
Plates, Charts,Woodcuts, &c. Cr. 8vo. 5s. 

Universe of Stars; Presenting 

Researches into and New Views respect- 
ing the Constitution of the Heavens. 
With 22 Charts and 22 Diagrams. 8vo. 
lOs. 6d. 

Larger Star Atlas for the Library, 

in 12 Circular Maps, with Introduction 
and 2 Index Pages. Folio, 155. or Maps 
only, I2i. 6d. 

The Student's Atlas. In Twelve 

Circular Maps on a Uniform Projection 
and one Scale. 8vo. 55. 

New Star Atlas for the Library, 

the School, and the Observatory, in 12 
Circular Maps. Crown 8vo. 5s. 

Light Science for Leisure Hours. 

Familiar Essays on Scientific Subjects. 
3 vols. Crown 8vo. 5i. each. 

Chance and Luck ; a Discussion of 

the Laws of Luck, Coincidences, Wagers, 
Lotteries, and the Fallacies of Gambling, 
&c. Crown 8vo. 2s. boards ; 2s. 6d. cloth. 

Studies of Venus-Transits. With 

7 Diagrams and 10 Plates. 8vo. 55. 

How to Play Whist : with the 
Laws and Etiquette of Whist. 

Crown 8vo. 3s. 6rf. 

Home Whist: an Easy Guide to 

Correct Play. i6nio. is. 

The Stars in their Seasons. 

An Easy Guide to a Knowledge of the 
Star Groups, in 12 Maps. Roy. 8vo. 55. 



PROCTOR (R. A.).— WORKS BY. 
— continued. 
Star Primer. Showing the Starry 

Sky Week by Week, in 24 Hourly Maps. 
Crown 4to. 2s. 6d. 

The Seasons pictured in 48 Sun- 
Views of the Earth, and 24 

Zodiacal Maps, &c. Demy 4to. 55. 

Strength and Happiness. With 

g Illustrations. Crown 8vo. 5^. 

Strength : How to get Strong and 
keep Strong, with Chapters on Rowing 
and Swimming, Fat, Age, and the Waist. 
With 9 Illustrations. Crown 8vo. 2s. 

Rough Ways Made Smooth. 

Familiar Essays on Scientific Subjects. 
Crown 8vo. 5s. 

Our Place Among Infinities. A 

Series of Essays contrasting our Little 
Abode in Space and Time with the Infi- 
nities around us. Crown 8vo. 5s. 

The Expanse of Heaven. Essays 

on the Wonders of the Firmament. Cr. 
8vo. y. 

The Great Pyramid, Observa- 
tory, Tomb, and Temple. 

With Illustrations. Crown 8vo. 5s. 

Pleasant Ways in Science. Cr. 

8vo. 5s. 

Myths and Marvels of Astro- 
nomy. Crown 8vo. 5^-. 

Nature Studies. By Grant Allen, 
A. Wilson, T. Foster, E. Clodd, and 
R. A. Proctor. Crown 8vo. 5s. 

Leisure Readings. By E. Clodd, 

A. Wilson, T. Foster, A. C. Ranyard, 
and R. A. Proctor. Crown 8vo. 5s. 

Pi? rc^. — The Ancient British 
Church : an Historical Essay. 
By John Pryce, M.A. Crown 8vo. 6s. 

RANSOME.— The Rise of Consti- 
tutional Government in Eng- 
land : being a Series of Twenty 
Lectures on the History of the English 
Constitution delivered to a Popular 
Audience. By Cyril Ransome, M.A. 
Crown 8vo. 6s. 

RAWLINSON.—Tht History of 
Phoenicia. By George Rawlin- 

SON, M.A., Canon of Canterbury, &c. 
With numerous Illustrations. 8vo. 24s. 
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READIlR.—'Echoes of Thought: 

a Medley of Verse. By Emily E. 
Reader. Fcp. 8vo. $s. cloth, gilt top. 

BENDLEandNORMAN.—Tht. Inns 
of Old Southwark, and their 

Associations. By VVii.LIAM Rendle, 
F.R.C.S., and Philip Norman, F.S.A. 
With numerous Illustrations. Roy.Svo. 28i. 

RIBOT^—Th^ Psychology of At- 
tention. ByTn.RiBOT. Crown 

8vo. 3s. 

RICH. — A Dictionary of Roman 
and Greek Antiquities. With 

2000 Woodcuts. By A. Rich. Crown 
Svo. 7s. 6(/. 

RICHARDSON.— national Health. 

Abridged from 'The Health of Nations '. 
A Review of the Works of Sir Edwin 
Chadwick, K.C.B. By Dr. B. W. 
Richardson, Crown, 4s. 6rf. 

RILEY. — Athos ; or, the Mountain 
of the Monks. By Athelstan Riley, 
M.A., F.R.G.S. With Map and 29 
Illustrations. Svo. 21J. 

i?7L^K— Old- Fashioned Roses: 

Poems. By James Whitcomb 
Riley. i2mo. 5s. 

ROBERTS.— Gv^e^ the Language 
of Christ and His Apostles. 

By Alexander Roberts, D.D. 8vo. i8s. 

ROGET.—A History of the 'Old 
Water-Colour' Society (now 

the Royal Society of Painters in Water- 
Colours). With Biographical Notices of 
its Older and all its Deceased Members 
and Associates. By John Lewis Roget, 
M.A. 2 vols. Royal Svo. 42s. 

ROGET.— Thesaurus of English 
Words and Phrases. Classified 

and Arranged so as to facilitate the Ex- 
pression of Ideas. By Peter M. Roget. 
Crown Svo. 105. 6d. 

RONALDS. — The Fly - Fisher's 
Entomology. By Alfred 

Ronalds. With 20 Coloured Plates. 
8vo. 14s. 

ROSSETTI.—h Shadow of Dante : 

being an Essay towards studying Himself, 
his World, nnd his Pilgrimage. By Maria 
Francesca Rossetti. With Illustra- 
tions. Crown Svo. ids. 6d. 



RUSSELL.— A Life of Lord John 
Russell (Earl Russell, K.G.). 

By Spencer Walpole. With 2 Por- 
traits. 2 vols. Svo. 36s. Cabinet Edition, 
2 vols. Crown Svo. 125. 

SEEBOHM (Frederia).— WORKS BY. 
The Oxford Reformers — John 
Colet, Erasmus, and Thomas 
More ; a History of their Fellow- 
Work. Svo. i+s. 

The English Village Commu- 
nity Examined in its Relations to 
the Manorial and Tribal Systems, &c. 13 
Maps and Plates. Svo. i6s. 

The Era of the Protestant 
Revolution. AVith Map. P'op. 

Svo. 2S. 6rf. 

SEWELL.—Stonts and Tales. By 

Elizabeth M. Sewell. Crown Svo. 
Is. 6d. each, cloth plain ; 25. 6rf. each, 
cloth extra, gilt edges : — 



Amy Herbert. 
The Earl's Daughter. 
The Experience of Life. 
AGlimpse of the World. 
Cleve Hall. 
Katharine Ashton. 
Margaret Percival. 



Laneton Parsonage. 

Ursula. 

Gertrude. 

Ivors. 

Home Life. 

After Life. 



SHAKESPEARE. — Bowdler's 
Family Shakespeare, t Vol. 

8vo. With 36 Woodcuts, 14s. or in 6 
vols. Fcp. Svo. 215. 

Outline of the Life of Shake- 
speare. By J. O. H.'iLLIWELL- 
Phillipps. 2 vols. Royal Svo. £1 is. 

A Calendar of the Halliwell- 
Phillipps' Collection of Shake- 
spearean Rarities Formerly 

Preserved at Hollingbury Copse, Brighton. 
Enlarged by Ernest E. Baker, F.S.A. 
Svo. 10s. 6d. 

Shakespeare's True Life. By 

James Walter. With 500 Illustrations. 
Imp. Svo. 21S. 

The Shakespeare Birthday 
Book. By Mary F. Dunbar. 

32mo. IS. 6d. cloth. With Photographs, 
32mo. 5s. Drawing-Room Edition, with 
Photographs, Fcp. Svo. 1.05. 6d. 

SHORT— Sketch of the History 
of the Church of England 

to the Revolution of 16S8. By T. V. 
Short, D.D. Crown Svo. 7s. 6d. 
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Silver Library (The).— Crown 8vo. 

price y. 6d. each volume. 

Eight Years in Ceylon. By Sir S. W. 
Balcer. With 6 Illustrations. 

Rifle and Hound in Ceylon. By Sir S. 

W. Baker. With 6 Illustrations. 

A Voyage in the ' Sunbeam '. With 66 
Illustrations. By Lady Brassey. 

Story of Creation: a Plain Account of 
Evolution. By Edward Clodd. With 
77 Illustrations. 

Micah Clarke. A Tale of Monmouth's 
Rebellion. By A. Conan Doyle. 

Caesar : a Sketch. By James A. Froude. 

Short Studies on Great Subjects. By 

James A. Froude. 4 vols. 

The Two Chiefs of Dunboy: an Irish 
Romance of the Last Century. By James 
A. Froude. 

Thomas Carlyle : a History of his Life. 
By J. A. Froude. 1 795-1835. 2 vols. 
1834-1818. 2 vols. 

Life of the Duke of Wellington. By the 
Rev. G. R. Gleig. With Portrait. 

Allan Quatermain. By H. Rider Haggard. 
With 20 Illustrations. 

Cleopatra. By H. Rider Haggard. With 
29 Full-page Illustrations. 

Colonel Quaritch, V. C. : a Tale of Country 
Life. By H. Rider Haggard. 

She ; A History of Adventure. By H. 
Rider Haggard. 32 Illustrations. 

Visits to Remarkable Places. By Wm. 

Howitt. 80 Illustrations. 

Field and Hedgerow. Last Essays of 
Richard Jeiferies. With Portrait. 

The Story of My Heart : My Autobio- 
graphy. By Richard Jefferies. 

The Elements of Banking. By Henry 
D. Macleod. 

Memoirs of Major-General Sir Henry 
Havelock. By J. Clark Marsbman. 

History of the Romans under the Em- 
pire. By the Very Rev. Charles Merivale. 
8 vols. 

An Essay in Aid of a Grammar of 
Assent. By Cardinal Newman. 

An Essay on the Development of Chris- 
tian Doctrine. By Cardinal Newman. 

Apologia Pro Vita Sua. By Cardinal 

Newman. 
Callista: a Tale of the Third Century. 

By Cardin.i) Newman. 



Silver Library (The). — continued. 
Certain Difficulties felt by Anglicans 
in Catholic Teaching Considered. By 

Cardinal Newman. 2 vols. 

Discussions and Arguments on Various 
Subjects. By Cardinal Newman. 

Essays, Critical, and Historical. By 

Cardinal Newman. 2 vols. ' 

Essays on Biblical and Ecclesiastical 
Miracles. By Cardinal Newman. 

Loss and Gain : a Tale. By Cardinal 
Newman. 

Parochial and Plain Sermons. By 

Cardinal Newman. 8 vols. 

Selection, adapted to the Seasons of 
the Ecclesiastical Year, from the 
'Parochial and Plain Sermons' By 
Cardinal Newman. 

The Arians of the Fourth Century. By 

Cardinal Newman. 

The Idea of a University defined and 
Illustrated. By Cardinal Newman. 

Verses on Various Occasions. By 

Cardinal Newman. 

Familiar History of Birds. By Edward 
Stanley, D.D. 160 Illustrations. 

Out of Doors. Original Articles on Prac- 
tical Natural History. By the Rev. J, G. 
Wood. II Illustrations. 

Petland Revisited. By the Rev. J. G. 
Wood. With 33 Illustrations. 

Strange Dwellings ; a Description of the 
Habitations of Animals. By the Rev. J. 
G. Wood. With 60 Illustrations. 

SMITH {Gregory).— Fra. Angelico, 

and other Short Poems. By Gregory 
Smith. Crown 8vo. 4J. 6d. 

SMITH (R. Bosworth).— Carthage 
and the Carthagenians. By 

R. BoswoRTH Smith, M.A. Maps, 
Plans, &c. Crown 8vo. 6s. 

Sophocles. Translated into English 
Verse. By Robert Whitelaw, M.A., 
Assistant-Master in Rugby School ; late 
Fellow of Trinity College, Cambridge. 
Crown 8vo. 8s. 6d. 

STANLEY.— A Familiar History 
of Birds. By E. Stanley, D.D. 

With 160 Woodcuts. Crown 8vo. 3s. 6d. 
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STEEL {J. H.).— Works by. 
A Treatise on the Diseases of 

the Dog ; being a Manual of 

Canine Pathology. Especially adapted 
for the Use of Veterinary Practitioners 
and Students. 88 Illustrations. 8vo. 
105. td. 

A Treatise on the Diseases of 

the Ox ; being a Manual of 

Bovine Pathol-gy. Especially adapted for 
the use of Veterinary Practitioners and 
Students. 2 Plates and 117 Woodcuts. 
8vo. 15s. 

A Treatise on the Diseases of 
the Sheep ; being a Manual of 

Ovine Pathology. Especially adapted 
for the use of Veterinary Practitioners 
and Students. With Coloured Plate and 
99 Woodcuts. 8vo. 1 25. 

STEPHEN.— B-ssays in Ecclesi- 
astical Biography. By the 

Right Hon. Sir J. Stkphen. Crown 
8vo. 7s. td. 

STEPHENS.— h History of the 
French Revolution. By H. 

Morse Stephens, Balliol College, 
Oxford. 3 vols. Svo. Vol. I. i8s. Ready. 
Vol. II. in the press. 

STEVENSON {Roht. Louis).— WORKS 
BY. 

A Child's Garden of Verses. 

Small Fcp. Svo. 5s. 

The Dynamiter. Fcp. 8vo. is. 

sewed ; is. 6rf. cloth. 

Strange Case of Dr. Jekyll and 
Mr. Hyde. Fcp. 8vo. is. swd. ; 

IS. 6(f. cloth. 

STEVENSON and OSBOURNE.— 
The Wrong Box. By Robert 

Louis Stevenson and Lloyd Os- 
lioiJRNE. Crown Svo. y. 

SrOCA'.— Deductive Logic. By 

St. George Stock. Fcp. Svo. 3s. bd. 

• STONKHENGE'.— The Dog in 
Health and Disease. By 

' Stonehenge '. With 84 Wood En- 
gravings. Square Crown Svo. 7s. 6rf. 

STRONG, LOG EM AN, and 
WHEELER.— IntvoAvLCtion to 
the Study of the History of 
Language. By Herbert A. 

Strong, M.A., LL.D. ; Wili.em S. 
LoGEMAN ; and BENJAMIN Ide 
Wheeler. Svo. los. 6d. 



SULLY {James).— Works BY. 
Outlines of Psychology, with 

Special Reference to the Theory of Edu- 
cation. Svo. I2S. 6d. 



The TeacmW'S'* Handbook of 
Psychology, on the Basis of 

' Outlines of Psychology '- Crown Svo. 
6s. 6rf. 

Supernatural Religion ; an In- 
quiry into the Reality of Divine Reve- 
lation. 3 vols. Svo. 36s. 

Reply (A) to Dr. Lightfoot's 
Essays. By the Author of ' Super- 
natural Religion '. Svo, 6s. 

SWINBURNE.— Picture Logic ; an 

Attempt to Popularise the Science of 
Reasoning. By A. J. SWINBURNE, B. A. 
Post Svo. 5s. 

SYMES {James).- WORKS BY. 
Prelude to Modern History: 

being a Brief Sketch of the World's 
History from the Third to the Niiith 
Century. With 5 Maps. Crown Svo. 
2S. bd. 

A Companion to School His- 
tories of England ; being a 

Series of Short Essays on the most Im- 
portant Movements, Social, Literary, and 
Political, in English History. Crown 
Svo. 2S. 6rf. 

Political Economy : a Short Text- 
Book of Political Economy. With Prob- 
lems for Solution, and Hints for Sup- 
plementary Reading. Crown Svo. 2s. 6rf. 

r^yz,OiZ.— A Student's Manual of 
the History of India, from the 

Earliest Period to the Present Time. By 
Colonel Meadows Taylor, C.S.I. , &c. 
Crown Svo. 7s. 6d. 

THOMPSON {D. Greenleaf).— WORKS 
BY. 

The Problem of Evil : an Intro- 
duction to the Practical Sciences. Svo. 
los. 6d. 

A System of Psychology. 2 vols. 

Svo. 36s. 

The Religious Sentiments of 
the Human Mind. 8vo. ts. 6d. 

Social Progress : an Essay. Svo. 
7s. 6rf. 

[Continued on next page. 
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THOMPSON {D. Greenlmf). — 
Works by .—continued. 

The Philosophy of Fiction in 
Literature: an Essay. Cr.8vo.6j-. 

Three in Norway. By Two of 

Them. With a Map and 59 Illustra- 
tions. Cr. 8vo. IS. boards ; 25. 6rf. cloth. 

TOYNBEE.—'L&z'cwr&s on the In- 
dustrial Revolution of the 
i8th Century in England. 

By the late Arnold Toynbee, Tutor 
of Balliol College, Oxford. Together 
with a Short Memoir by B. JowETT, 
Master of Balliol College, Oxford. 
8vo. I OS. 6rf. 

TEEVELYAN (Sir G. 0., Bart.).— 
Works by. 

The Life and Letters of Lord 
Macaulay. 

Popular Edition, Crown 8vo. 2s. td. 
Student's Edition, Crown Svo. 6s. 
Cabinet Edition, 2 vols. Cr. 8vo. 12s. 
Library Edition, 2 vols. Svo. 36s. 

The Early History of Charles 
James Fox. Library Edition, 
8vo. i8i. Cabinet Edition, Cr. Svo. 6s. 

rROLLOPE{Anthomj).— Novels BY. 
The Warden. Crown Svo. is. 

boards; is. 6rf. cloth. 

Barchester Towers. Crown 8vo. 

IS. boards ; is. M. cloth. 

VIRGIL.— Y'uhli Vergili Maronis 
Bucolica, Georgica, ^Eneis ; 

The Works of Virgil, Latin Text, with 
English Commentary and Index. By 
B. n. Kennedy, D.D. Cr. Svo. los. bd. 

The iEneid of Virgil. Translated 

into English Verse. By John Coning- 
TON, M.A. Crown Svo. 6s. 

The Poems of Virgil. Translated 
into English Prose. By John Coning- 
TON, M.A. Crown 8vo. 6s. 

The Eclogues and Georgics of 
Virgil. Translated from the 
Latin by J. W. Mackail, M.A., Fellow 
of Balliol College, Oxrord. Printed on 
Dutch Hand-made Paper. Royal i6mo. 
Ss. 



WAKEMAN and HASSALL.— 
Essays Introductory to the 
Study of English Constitu- 
tional History. By Resident 

Members of the University of Oxford. 
Edited by Henry Offley Wakeman, 
M.A., and Aethur Hassall, M.A. 
Crown Svo. 6s. 

WALKER.— The^ Correct Card ; or 

How to Play at Whist ; a Whist Cate- 
chism. By Major A. Campbell- 
Walker, F.R.G.S. Fcp. Svo. 2s. 6c/. 

TF^LPOLA'.— History of England 
from the Conclusion of the 
Great War in 1815 to 1858. 

By Spencer Walpole. Library Edition. 
^ vols. Svo. £^ los. Cabinet Edition. 
6 vols. Crown Svo. 6s. each. 

WELLFNGTON—Ufe of the Duke 
of Wellington. By the Rev. G. 

R. Gleig, M.A. Crown Svo. 3s. 6d. 

WELLS. — Recent Economic 
Changes and their Effect on the 

Production and Distribution of Wealth 
and the Well-being of Society. By 
David A. Wells, LL.D., D.C.L., late 
United States Special Commissioner of 
Revenue, &c. Crown Svo. los. 5d. 

WENDT.— Papers on Maritime 
Legislation, with a Translation 

of the German Mercantile Laws relating 
to Maritime Commerce. By Ernest 
EiilL Wendt, D.C.L. Royal Svo. 
£1 IIS. 6d. 

WEYMAN— The House of the 

Wolf: a Romance. By Stanley 
J. Weyman. Crown Svo. 6s. 

WHATELY (E. Jane).— W0RA'S BY. 
English Synonyms. Edited by 

K. Whatei.y, D.D. Fcp. Svo. 3s. 

Life and Correspondence of 
Richard Whately, D.D., late 

Archbishop of Dublin. With Portrait. 
Crown Svo. los. 6d. 

WHATELY (ArchNsJwp). — Works 

BY. 

Elements of Logic. Crown Svo. 

4s. 6d. 

Elements of Rhetoric. Crown 

Svo. 4s. 6d. 

Lessons on Reasoning. Fcp. 

Svo. IS. 6rf. 

Bacon's Essays, with Annotations. 

Svo. -los. 6d. 
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Whist in Diagrams : a Supplement 

to American Whist, Illustrated ; being a 
Series of Hands played through, Illus- 
trating the American leads, the new play, 
the forms of Finesse, and celebrated coups 
of Masters. With Explanation and 
Analysis. By G. W. P. Fcp. 8vo. 6s. td. 

IF/LC0C^& —TheSea Fisherman, 

Comprising the Chief Methods of Hook 
and Line Fishing in the British and other 
Seas, and Remarks on Nets, Boats, and 
Boating. By J. C. Wilcocks. Pro- 
fusely Illustrated. Crown 8vo. 6s. 

W/LLZ6'ff.— Popular Tables for 

giving Information for ascertaining the 
value of Lifehold, Leasehold, and Church 
Property, the Public Funds, &c. By 
Charles M. Willich. Edited by 
H. Bence Jones. Crown 8vo. los. 6i. 

WILLOUGHBY.—E.ast Africa and 
its Big Game. The Narrative 

of a Sporting Trip from Zanzibar to the 
Borders of the Masai. By Capt. Sir 
John C. Willoughby, Bart. Illus- 
trated by G. D. Giles and Mrs. Gordon 
Hake. Royal Svo. 2 is. 

WITT {Prof.).— Works by. Trans- 
lated by Frances Younghusband. 

The Trojan War. Crown Svo. 2s. 

M3rths of Hellas ; or, Greek Tales. 

Crown Svo. 3s. 6rf. 

The Wanderings of Ulysses. 

Crown Svo. 3s. bd. 

The Retreat of the Ten Thou- 
sand ; being the story of Xeno- 

phon's ' Anabasis ' With Illustrations. 
Crown Svo. 3s. 6rf. 

WOLFF {Henry W.).— WORKS BY. 
Rambles in the Black Forest. 

Crown Svo. 7s. 6rf. 

The Watering Places of the 
Vosges. Crown Svo. 4J-. 6d. 

WOOD {Rev. J. G.).— WORKS BY. 

Homes Without Hands ; a De- 
scription of the Habitations of Animals, 
classed according to the Principle of Con- 
struction. With 140 Illustrations. 8vo. 
los. dd. 



WOOD {Rev. J. G.).— WORKS BY.~ 
continued. 
Insects at Home; a Popular 

Account of British Insects, their Struc- 
ture, Habits, and Transformations. With 
700 Illustrations. Svo. los. 6d. 

Insects Abroad ; a Popular Account 

of Foreign Insects, their Structure, 
Habits, and Transformations. With 
600 Illustrations. Svo. los. 6rf. 

Bible Animals ; a Description of 

every Living Creature mentioned in the 
Scriptures. With 112 Illustrations. 8vo. 
I OS. bd. 

Strange Dwellings ; a Description 

of the Habitations of Animals, abridged 
from 'Homes without Hands' With 
60 Illustrations. Crown Svo. 3s. bd. 

Out of Doors ; a Selection of 

Original Articles on Practical Natural 
History. With II Illustrations. Crown 
Svo. 3s. bd. 

Petland Revisited. With 33 

Illustrations. Crown Svo. 3s. bd. 

YOVATT {William).— WORKS BY. 

The Horse. Revised and enlarged. 
Svo. Woodcuts, 7s. bd. 

The Dog. Revised and enlarged. 
Svo. Woodcuts, 6s. 

ZELLER {Dr. E.).— WORKS BY. 
History of Eclecticism in Greek 
Philosophy. Translated by 
Sauah F. Alleyne. Cr. Svo. los. bd. 

The Stoics, Epicureans, and 
Sceptics. Translated by the Rev. 
O. J. Ri'.lCHEL, M.A. Crown Svo. 15s. 

Socrates and the Socratic 
Schools. Translated by the Rev. 
O. J. Reichel, M.A. Cr. Svo. los. bd. 

Plato and the Older Academy. 
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